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AD MAIOREM 

DEI GLORIAM 

GEOMETRIiE SPECIOSiE 

ELEMENTA 
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"De fotepatthuSik radtce binomia ^ ^ refidua, 

SECVNDVM 
De innumerahiltbus mmerofis pro^efsionihus , 
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T)e quafi frofortiondfus , 
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De rationibus iogartthmicis , 
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De frofrus rationum /ogaritbmis ,- 
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JDeinnumerabt/tbus ^uadraturis. 



P E T R I M E N G O L I 

I. V. Ph^ D. Coll. Pair Bonoiv Aichitymn.Mtchanici . 

BONONliE, Typis lo.BapiiflajFcrrcnij 16^9» 

Suftriorum fcwijju , 



% 



4 
VidicOuidius Montalbanus PJiilorophns MoraUs, Mathe-^ 
matieus, & lurifla: 8i vndequaq; Ipeciofa, & digniflima 
luce pubiica inuenic hxc Hemenca, &c. Pro Rcuerendils. 
P. Inquifu. Bonon. 
Vidic D.InuenciusTortus Cler. Reg. S. Pauli, Pcenit. pro 
. IUuftrils.8cReuercndirs.D.D. Hieronymo^ Boncompa- 
gno Archiep.Bonoo. SiPdac. 

ImprimMur. 
Fr, Culielmus FochusInquilitorBonoo. 



REGESTVM. 



abcdefiihik ABCDEFGHIKLMNOPQRSr 
VXYZ. Aa Bb CcDd EeFfGg HhliKk LIMmNa 
OoPpQqRtSsTtVuXxYyZz. AaaBbbCcc. 

Omncsruntdiierniones,practerk,quseftternio,S» c, qu« 
eftfemifol. 






•4 . 



Amplifsimo, & Integerrirao Viro 

D.FERDINANDO RIARIO, 
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Eque Speciofe Geometrie 
pulchritudini, nequc tui 
I Nominis claritati, quid- 
quam appofitum exiftimo, Vir Am- 
plifsimej quod iftud j in illius fronto 
? pracfulgeat . Ipfas fatis amabiles litte- 
rarum cultoribus vifsc funt, vtraquej 
Geometria, Archimedisantiqua,& 
Indiuifibilium noua Bonauenturae 
Cauallerij Pr«ceptoris mei , necnon 
& Viettae Algebra : quarum , rion cx 
confufione , aut . mixtione , fed con- 
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iun6tis perfe<5lionibus, noua qu^-r 
dam;& propria laboris noftri fbecies, 
neminipotcritdifplicerc. Tuaevcro 
fpledor gloriae^Mathematicas quan- 
tafcunque longe prcetergrediturlu- 
cubrationes:& quacunque versum 
prudentia rcgitfortunam^ prseclarif- 
fimos diffundit radios^ tuaque dome- 
fticafincer^ infmuat virturis cxem- 
pla. Inter qu2e,fingulareilIud,adbo- 
nas artcs promouendas , tu^officium 
eft prouidcntiiE5 fua cuiquc ftudia^ 
confilio partiri,munificentia inftrue- 
re,augere fauoribus^ & au<5loritate 
ad Magifterij dccus, &c pcrfedtio- 
nempcrducere.Idquod ego exper- 
tus hucufque fum abadoIefcetia,tu« 



alumnus 



alumnus proteftionis. Nam te fua- 
foreprimumjdeindc (poft Caualle- 
rium defunftum) etiampra^ceptore, 
fcholafticus Mathcmaticusj te Ve- 
xillifcro^profeirorpublicusArithme- 
tices, ante lauream ; 6c poft lauream, 
tc noftri Archigjmnafij modera- 
tore^ ad nouam vfque cathcdra Me- 
chanicarum euc6lus : littcrariamdi- 
gnitatem, & jfbrtunasomnes, tuis de- 
beo bencfici js . Hancitaquemeam 
Geometriam, grati erga te animi 
perpctuum ftatuo monimentun^: 
tuorumque in me munerum aliqua- 
lem cenfum, in illius oblatione re- 
p5do. F(jIiciori longe fucceilu^quam 
cum alijspleruque fcriptoribus con- 



tmgit» 



-tingitj fardis yota numinibusnuncu* 

pareitabellafqu^appenclcrejquaruni 
dij fui ne quidem titulos intelligant. 
Tibi vni, me ipfurn totum , volunta- 
te pariter.,^^Bif ellecSlu dedi tumjcre- 
ditumcpis^deuincio : qui fi forte ftu- 
dijs Geometri» quidquam adiece- 
ro^propofito conueniens |ituIo., no- 
;Uum videlicetj atque fpcciofumLf 
tuam poftulo^& expedlo^noftrorum 
elementorum.,benigna infufceptio- 
nc^ fentcntiam. Vale/ Bononix 
IX. Kal. ianuarias MDCLX. 
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Ledlori Elementario. 



|It>j hunc libruwfi:ripli,Leaor,8e Scho- 

f lar» beneuole : ideoque nihil . alicnjiii^ 

1 rumpfi , prjeterqujm ex ptipribus noucm 

^ ElementisEuclidis.. Vthuiuslibri bencfi- 

> cio vtaris, tradafli'brQuiter,feifaciIiora^ 

quaedam mxheniatj,ringul3 pro: fingulis«lementis,per 

<]Uffi{>oflis,lc>3os quofquc titulospropofitionuni,numero- 

fisexcmplisconfif mare, noftrafque demonftrationcs , ari- 

thmeiicx artis ccrtitudine, prxucnire ■ 

Caput Primum.* 

Priniumell,propTlmodemento: conftrui^io poiefta- 

tum cuiuslibei iiumeri binomq, vel refidui . Eft autem cu- 

iufque numeri prima poteftas,ipfe numcrus:<ecunda vero, 

efteiufdemnumeri perfeipfiim multiplicationis produ- 

Om , que dicitur, quadratus: terlia ,ettprodudus primx 

poMftatls in fecundam,quc d)citur,cubus: quarta, eft pro- 

dudusprimrEpoteftatisinteriiam, qux dicitur,quadro- 

quadratus:quinu,eftprodudus primzpoteftatis m quar- 

tam:&ficdeincepsin infinitum . 

Poteftatcsnumerorum,vfquead decim3m,SC vfquc ad 
potellates denarij, icquens exhibet tabella . 

b ^u- 
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Prima 

2 

i 
4 
5 

6 

7 
8 

9 
lo 



1 
1 



Seeunda 
4 

16 

»5 

49 
<?4 

8i 

loo 
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^umerorum 



l 

9 

lo 



4095 

' IJ525 

466 $6 

117(545^ 
252144 

S3I44I 
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Potefiatet. 



Tertia 
8 
»7 

^4 
125 

543 
512 

72P 

1000 



I 



I 
I 



^uftrta I 

16 

81 

255 

625 

I2p(J 
2401 
4095 
5551 

loooo 



^uinta 

3» 
243 

1024 

3125 

777<y 

15807 

32758 j 

5 9045^ 1 
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Seftima 

128 

2187 

15384 

7812$ 

»79935 

823J43 

2097152 

4782959 

I 0000000 



I ! 
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I 

1 

II 



I 



<^553<^. 

390<S»5 ! 

1579^1^ 
J.754801 

15777215 

43045721 
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Potefiates, 



it 



3 

4 
5 

6 

7 
S 



9 
lo 



. 51» 

1^2144 
I5JJ"5 

4oj53<Jo7 

134217718 

38742048^ 
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Decimd 

1024 

5P04P 

1048 5 7<? 

9y6 5 52 5 

50455 I 75 

282^75249 

1073741814 

3485784401 

loooooooooo 
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Porrd cuin Franctfco VietC£» alijfque pbcuerit Ana- 
JyftiSjiodetffrmiaatuiD qucnique dcterminabilem nume- 
rum,(;iulj|U6pnoranpotcftacem>cuiuipiam limplicis lit- 
ter^ cfaaradiere figaificare: placuic con^equenrcr^iodeter- 
minacas detcrmioabiles eiurdem numeri pocellates aiias, 
eiurdem Ikterse chara^Skere iignificare , numeris dexcror- 
fiim addrtpcis, iodicantibos,quoca quxque (ic poteftas. vc 
exempligratiajcuivindecermmati oumeri determinabilis 
primapotcftasfticritnotacacharai^ere litter^ r; fecuoda 
pocellas, cbara<^ere Ggoificabicur rz j tertia poceftas,cha« 
radcre r^; quarta, /4; qutnta, /5: & (ic dcinceps . cunu 
vero detcrmioatttsiueric liccerx /, valor ceroarius, 3: tuoc 
decerminatuseritcbaraderis ti, valor 9; chara(fieris t$y 
valor 2 7; chara^ris (4, yalor 8ij charaderis r^, valor 
243:iSi(icdeinceps. b 2 Pla- 
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Placuic edam duorum mderemMnacoruai ddieftnfMibi 
lium numerorum pocefliatibus inuiceoi mulciplicatis, pro« 
du(f^os,paricer inde^erminatos &c determihabiles ^uoie» 
ros,ij((iem charaderibus produccntiu fignificare dehceps 
confcriptis, vt ex multiplicatione a pCK r, produ^^Unf ar^ 
&ex multipHcatione ai per r, prpdwjtum 42r,&e^fnul- 
tiplfcatione a per r2, producl^u^ <ir^; . o 

Quibus chara(^eribus £l Vietta,.Hprigoiiio, Beiigrand 
pcncs Cauallerium ,vntatis,conuenienQa.nos adintteni* 
musnomina * Ndm produt^um «r, ex (nlikiplicationc^ 
primarumpoteftacum a, bi r, vocamus, Vniprimam: & 
produ(!tum atr, exmultiplicationefecundaepoteft^tis 4> 
pcr primam r, vocamus, Biprimam: produdumvenbr^r^; 
ex multiplicatione prima? 4, \»er fecandam r, vocinius, 
Vnifecundam: 6i <<5r, produ^umtcrcis 4, per primam ry 
vocamus, Triprimam;. & 4irt&, feconda? 4, per rccun-^ 
danv r, Bifecundam :& ar$y primie^, per certiam r, Vni- 
ccrtiam: item 44r, Quadriprimam: 43^2, Trifecundam: 
42r5 , Bitertiam: ar^ Vniquartam. & fic reLquas 
45r,Quintiprima(ii* 43r4,Triqttartam. 

44r2,Quadri(ecundaai. 42r5,Biquintam. 
asrj^Tritertiam. 4r5, Vnifextani. 

42^4, Biquartam • 47^, Septimiprimam. 

4r5,Vniquintam. 4tfr2, Scxtifecundam. 

a6ry Sextiprimam. ^ySy Qumticerciam . 

45^2, Qumtirccundam. ^^r^, Quadriquarcam . 

44r3;Quadriteniam. ^jr^^Tiiquincam. 

airS, 



4^6 y B^cxtam. a^r^ Noniprimam. i;, 

4r7,Vnbe^ptimam. 48r?,0^auirecundam» 

48r,0(^auiprimam, 47^3 , Septimitertiam. 

47r2,Scptimif^punJam. 45^4, Scxtiquartam. • 

45r3 ,Sexti^tiara. 45^5 , Quintiquintom/- 

45r4,Qifhtiqugitam. 44^^;, Quadrifext^. I/ 

44^5 jQaadflqUintanu ^lHi Triseptimaiti. . 

43r(y, T.r^fQxtam<; " ^, 42r8,Biojaauam.- ;/ 

42r7,Bifeptim14m. ;:' ' 4rp, Vninonam. '. 

4^8, Vnio^iiuartV' -:- 

Quarc fi litterie 4; taxatus fuerit valor; 3 , 8i litterc r, 

valor 2i erit cjiara.aeri& <«? vniprimaf, valw 6y prbau3:us 

multiplicatpnis /3 per 9:erit'derndc charaderis-tf^Valor 

$1 Sccharai^er]s '42)'!biprKn<e,Vi|lor 1 6:iticm charadcris 

r2, valorerit 4^ "dc charaderis arz f^nifecund^sValor 1 2.* 

&ncdeincep$. . :, -^ ; " [" :_;.. 

Itaqucficut Eudidcsin 2.-8. numero/am triangula- 

rem tabulam inftituit proportionalium ab vnitatc , datif- 

queminimis slbumeris, datam intcrfc rationem h^ben- 

tibus: itaeadem raetl]odo,placuit litteratam trianguhrcm 

tabulamdrfponere pl^oporcionaliumcharaifterum,^ data 

vnitate , prop'oGtt(que duobus indetcrminatis decermina« 

b hbus numcris,indercrminatam inter ic rarioncm haben- 

tibus . Pt o chara<^ere autcm vnitatis, Iittcram u coUoca- 

uimus, in vcrtice t riangularis tabula?, & pro indistcrmina- 

tis detcripinabihbus numeris, duaslicccras OyUr, 

Ta- 



Placuic Jeijimti ijfdem Analyftis,ex numeroindcterm''- 
nato, 8j deierminabili (fiue poteftate , fiuecx potcftatibus 
produi2o)6<ei determinato numero, per multi{)lieatio- 
nem faiaamj)roduaum indetcrminatuni pariter atgue ,de- 
tei minabriert, epdem producentis charadere fignificari, 
prsfcriptt) humero multiplicationis. vt ii«ir,triplum pro- 
dudum fdb fecunda poteftate numcri a, & fub prima nu- 
nieri r, vcl triplam biprimam : & i onir}, decuplum pro- 
dudum fub fecinda pbteftace numeri ti, & fub tertia ou- 
meri r; vej dccuplara bitertiam. 6s fic de reliquis . 

Prxcer tabulam proportipnalmm prxdfdam , op^rtet 
aliam tabulam triahgulaKm habcrc inprompcu.,quani> 
Analyftx vocaht, mulciplicium tabulam: in quavnitates in 
vertice ordraantui:, Scjnlateribus; in arca veropumeri, 
quortim vniiquifque inferic{i;is jjafis numerus , tjuorii, fibi, 
quaficomuaffonri,adiacentium fuperioris bilis humero- 
rumett ^gr^cpmi.iftexiprius tabulz patebit leaura; 
quam exponinius eHeofam, a vertice vfque ad decimam- 
bafim. 



Ta- 



pCc\&, jquadruplo produdo fub 
dui > idcft quadrapla tripritna; 
Qacibus abrciffi , SC re^ui , ideft 
iiplo rubprima poceftate ab(cif> 
quadrupla vnitertia;& ex quar- 
iie deinccps, quorum prsftat 
rre, qudm voces legere > quibus 
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1 2 -f I o^ar^ -f 5 ^4-hr 5 . 

|r2 -+ zoairi -i-i54ir4-+<y4r5 





I45r2 H. 3544^3 -+ 3543^4 'I 

fcH-5^45r3-+7o<i4r4-«-5d43r5 " 

» 

■ 

2-j- 9/^a6r$ -+11 545 r4 H. I atf"- ' 

7H-94r8H-rp. 

5 48r2 H- 1 2 047^3 H. 2 1 04tfr4 

■+i2043r7-i-4542r8-+io4r5 "~ 

trtionftrabuntuf per indu^'o- °*f* 

queIittcr«vaIore. " l^ 
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£ftoHttene 4, valor 2.^ 
litterse r, valor 3 . > 
klcoquecharaderis <f-*r, valor j. 
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24r: 12 
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Secunda poteftas i 5 : 25 
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342r; 3^ 

34r2: 54 

r^: 27 



Tertia poteftas a 5: .125 
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Quarta poteftas h, 5 : 52 5 

Keiiduus dicitur numerus, qui duorum inaequalium toh 
nerorum, relinquitur, a maiore, minore fubtrado 3 d qui- 
bus denominatur. vt numerus binarius, tunc reiiduus dice« 

» -- ... ...... - 

d tur 
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lur, cuni a quinario, ternario dempto, rdidus dient $ & h 
quinario arqueternario denominatus . fCharadereni aa- 
tem rcCidui numeri,pIacQit,ex charaderibus totius & ab> 
fcifll dchotari>a qnibus denominatar, lineola , interuenien- 
t ei qu« fignum cft Tubtraiaionis pofterioris chara^ficrisd 
priofe. vt 5 — 3 i valet perinde atque 2. Similiter (i duo 
numeri, a quibusreTiduus dcnominatur , fuerint indeter- 
minati, t maior, a minor,rc(iduus chara<^ere (ignificabitur 
ex vtrifque t — a» • 

Itaque ficut t-^a, prima foijpfius poteftas , fit cx nom i- 
nibus r, a, in prima bafi tabulse nominu^ iacentibus j ita 
fecunda poteftas eiufciem refidui t — a, fit ex nominibus in 
fecunda bafi, altcrnatim additis, & fubtradis, ti — ita 
-t42j tcrria, cx nominibus , in lertia bafi tj — $tia-^ ^tai 
— 43 j quart3,ex nominibus,in quarta bafi t^ — ^t$ a-^6ti- 
ai — 4^3 -+^4: &-reIiqua; deinceps poteftatcs, fiuntfi- 
militcr cx nomimbus,in reliquisdciriceps bafibusfacen- 
tibos. 

Huc paritcr innumerabilia pcrtincnt huiufmodi thcore- 
mata . Si a toro quodam maiorc numero , quifque minor 
numcrus abfcidtis fucrit ; rcfidui fecunda poteftas relin- 
quitur, cx fccunda potcftatetotius j dempto duploprodu- 
do fub toto & abfciflo, idcH, dempta dupla vnipriraa , ad- 
ditafccundapotcftateabfci(fi:terti3 jpoteftas refidui , rc- 
4inquitur, cx tertia poteftate totiusj dcmpto triplo produ- 
Gio fub fecunda potcftaie totius & fob prima abfciffi, idcft 
'dcmptatriplabiprimasadditotriplo produ(^o fubprima 

totius 



totuis&rubfecundaab/ciflEi, idedaddita tripla vniiecun- 
daj dempta certtapoceftateabfcifli : quarca relidui > reiinr 
quicur, ex quarca cociqs; dempto quadruplo produt^o fub 
tercia cocius, & fub prima abrci(fi,ide(l,dempca qaadrupla 
triprimaj addito fcxcuplo produt^o fub (ecundis pocelh- 
tibus totius Si abfciifi , idcft> addita fexcupla bifccunda^j 
dempco quadrup1oprodu«^o fub prima tocius , & Tub ter- 
tia abfciffiyideftdempcaquadruplavnicercia; addica quarca 
abfcilfi . aliaque nmilia > quorum prsftac chara<^eres ocu« 
lis intiieri, quam voces legere • 

*ToteJiates rejidui t-^a, 
Prlma t — 4L 
Secmda t2-^ita-*ai» 
Tertia ti-"$tia-*-staZ'-^as, 
Quma 14 — 4f54-f<f/242— 4r<»3-^rf4. 
^uinta t^ — 5r44-n or342--i 0^245 -t5M4— 45. 
Sexta t6 — 5^54-+ 15^42 — lot^ai h-i 5{244 — 6ta<^ 

-+a6. 
Septima tj — Jt6a -*• iit^ai — SVW "+ S^^S^^ 

— 2 1 f 245 -♦ jta6 — 47. 
OEiaua <3— 8f 74-»- 2 8f(J42-^5 6t) 45 -^70^444— 5 <>/s 45 

-+ 2 8f 24<J — 8r47-f 48. 
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*5 
Sifnilibusexetnpiis potcft confirtiiari^coca con(^rudfo- 

nis poteftatum ars, I binomijs, 6erc(iduis: qu^mpro 

quantitatibusomnifariamjiaprimo noftro demento ple- 

nii^s oftcndim^s . 

Secundum> pro fecundo eft elcmenco:mu]dfariam pro- 
grefSuorum rcgulares collct^iones i in quibus pnecipua^ 
noftriinuentiparseft. Accipiatur quilibec numerus^cu- 
ius abfcindantur ordinatim vnitas , binarius , ternarius , 8C 
deincepsquicunque numeri poflunt abfcindi,vt vcl nume- 
rus>velialtemvnitasrelin(]uatur: &rendui vfque advni» 
tatem,totidcm fbluentur, quoc abfciin, (inguli relidui e re- 
gionc fuorum abfciftbrum . 

Placuic aucem acceptum nnmerum vocare quancica- 
tem totam, & (ignificare littera n eiuique poteftaces vo- 
caretocas; ti, tocam fecundamj t^, coram cerciam^ t^ 
totam quarramj & fic dcinceps. placuit etiam acccptos ab- 
rddos vocarequantitatcsab/ci(ras, & iignificarc littera a: 
item abfciftbrum potcftatcs, vocare abfciflTas j 42, abfcif^ 
fam fccundamj 45, abfcifTam tcrtiamj 44, abfciftamquar- 
tam; & deinceps; refiduos quoquc placuic vocarc,quanti- 
tatcs refiduas, & fignificarc littera r: itemrcnduorumpo- 
teftates , vocare refiduasj rz, reiiduam fecundam; r$ , re- 
fiduam tcrtiam 5 r4,rcfiduam quarramj&dcinccps. de- 
nique fub poteftatibus cuiufque abfcifTae, & fuae rcfidua», 
placuit produdos denominare vt fupra, ar vniprimas, 
42r biprimas> 4r2 vnifecundas, a^r triprimas, 42r2 bi- 

fecun- 
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fecundos, «■; vniteitias> 8i ficdeinceps. 

Sed ecce tabula , in qua cuiufque numeri ab vnitat&> 
vlque primum ad 7. deinde vfque ad i o. pro vnaquallbet 
3bfcifla,rcripta eft e regione refidua, il abfcina lecun- 
da, &vniprim3, Sirefidua fecunda, St abfcifla tertia,Si 
biprima , St vnifecunda , & refidua tertia , & fic deinceps 
vfque ad proportionales in decimabaC tabulz propor- 
tiooaliumiacentes. 
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His paratis,experire, fl vera (ant> qase propoaiaius 
theoremata , fub 5 . a. exempli gratiay tertiuoi • 

]delt> maila ex omoibus rexcuplis ab(ci(fis (ecuo Jis cuio(q; 
tota?>eft aequalisduplar totx tertis , dempta triplatota ie^ 
cunda > addita ipfa tota • 

Wora> quod interpundio coloo 0) Qobis viuuenit ad fb 
gQi&candam xquaittatcm. 
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In praecedenti Tabula tprogreffiuas quantitates «xpan- 

dinius: in-fequcnti colligiinuS} cuiufque nutneri niaflas 

ez'omnibu$eiufc{emappellationis proportionaHbus ,pro 

vnaquaquenumeri abfciifione flipra (ingillatim acceptis: 

vid|^licet niaflam ex Omnibiis abiciflis > quim .iignificamus 

charadere O.a^ &l maflTam cx. omnibus reHduis , O. r; 64 

maflamexomnibusabrciflis/ecundis Oui2; &ma(ram ex 

Ofnnibus vniprinis 0»ar, & maflam ex omnibus refi^uis 

(ecundis, Osii & reUquas deioceps | quaKnu^ praece- 

deos cabula expanditur • 
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Hyperlogarictiaii. 

Duplx Sed^Ottkerx. 

1(2) 1(3). «(4) i(J). • 

1(3) 1(4) i(5> .. 1(0 1(7) 1(8). 

1(4) i(j) i(<f) 1(7)- 1(8) i(P) i(io) 1(1 1> 

Hypolc^^thmu 
Duplst • Serquiatcerje. 

1(3) 1(4). . : «(0 i:(<f). . 

1(4) 1(5) 1(5). 1(7) 1(8) 1(9). 

1(5) 1(5) 1(7) 1(8). 1(9)1(10)1(11)1(1»). 

Sed & duplicatae rationisduplus cft loganchinust nanu 

duplicac«duplaerationis>nempe quadruplae hyperloga- 

rithmi exbinis dupla? rationis hyperlogaritliQiis aggre-> 

gatis fiunr. 

Hypcrlogarichmi quadniplje 
exdupl^e^ . dcduplo! hyperlogarichQiis» 

1(1). 1(2) 1(5). 
1(2) i(j). i(4)i(j)i(<r)i(7). 

HS) 1(4) 1(5). 1(0 i(7)i(8) 1(9) i(io)i(i|> 

Hypologarichmi quadrupla; 

cx duplae, &duplae hypologarichmis. 

H^)' 1(3)1(4). 

1(3) 1(4). .1(1)1(01(7) f(9)> 
.1(4) i(5)'i(4' l(7)K8/i(p)i(cq)i(u)i(c2). 
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: !&imi'tef multif>ficiatse.fut^que ratlonis sequetnukiplex 
depebeodititi-IOjgairichauiSiquiaqUail jequeiDukipH fuQC 
bypeil(^arichtm, Seqoali ^lqtieniultipli func hypologari- 
thmi. ' EciconHerfbfubaauitiplicaC£ depreheasliCiir rub^ 
mukipiex iogaritiiaius . , 

CVm Ksec fcriberem^ mihi cootigic redum tramftem 
^nuenire \ ad perfequenclos omnium numerofarum 
racionumlogaririimos. 'Oport$c autcm ciufdcm abini- 
tio propofjta; /eriei Irav^ionuffl tcnainos adlimere) ali- 
quotcnosa piimo> ^ngulos, biQOs^ernos, quaternos,qui* 
no%,82deinceps. Porrd ex totenis collcj^as quantitates 
voco prologarithmosi &(otenorum (eriem ^voco fcricm 
prologarithmortim . .* • 

Eito aurem ferieiftnguloiij^ Ai fcijes prologarithmo- 
runa cz bims 9: ferics prdJogamhmorum ex ternis C: 
item cx quatcrnis D\ ticincx quints E: 3e deinceps alije, 
Deindc fcrics ordinctur exceflt]um>primi prologartthmi 
feriei 15, flipra pritiium fcriei ;^;&recundi,rupra(ecun- 
dumiSctcttij, fiipraterciumi&fic-deinceps ininfinicum; 
omnium fauiuraiofji excefTuun^ fumma , cd.logarithmus 
rationis dupla: . Him primos ^xccifes , cft hypologari- 
thmus intcr mazioips terminos racioiiis dupla; : fu -n ma ex 
primQ& iecundo»cf^hypok>g9richmus,inccr fubduplos 
ma;uilK>ra(B:ruin^a€x prioic^fecundo &teitio',ctthy< 
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75 
^rithmusprhni vero 82 fecundi excdliiutn rufnma>eft hy^ 

pologariTfaiiius inrer fubduplos maximorum: primi fecun- 

di & cercij ■ Aimma excefluum > eft hypologarithmus inter 

fubtriplos ; & fic deinceps . 

• . ' . ■ Cap, 6, ' 

. Sextum & vltimum, pro Jexto eft elemento : numeroia 
duarum propoiitionum quinti elementi rcdu^io > quarum 
eft vfus infignis in iexto . 

Quatuor hormonice dirpolitarnm quanfttatum > (i pri- 
ma maxima cH omnium^Icgarithmus , rationis primse ad 
fecundam>ad logarithmum rationistertif ad quartam>mi- 
nor cft > qusim vt prima ad tertiamj maior > qu^ vt iecun* 
da ad quartam . 

Smt quantirates numerofas inuicem rationes habentes> 
^ . Iiarmonic^di/pofita; 1(4) 1(5X1(8) i(p) quarum ma- 
xjma I 4). 

Dico logarithmnm rationls 1(4) ad 1(5) adlogari- 
thmum rationis 1(8) ad 1(9), minoreme(re>qudmvt 
I (4) ad I (S'y maiorcm ver6, quim vt i (^ yad 1 '9). idcft 

Dico loganthmum rationis 5 ad 4 ad logarithmum^ 
rarionis 9 ad 8, minorcmc(le>'qu^ni vt 8 ad 4; maiorem 
yer6,qu^mvt 9 ad 5. idcft 

Dico rationem j ad 4 j ad rarionem jp ad 8, fogari- 
thmic^ minotem eflb) qu4m yt 8 ad 45 maiorem ver6 
logarirhmic^, quiim vt ^ ad {. ideft 

Dico racionem j ad ^quadruplicatam^deprdfiorem 

cllc 




75 
eflle rationt p ad ^ oauplicaca : & 5^ ad 4 qotntupli 

tam aldorem efle ratione p ad 8 nonupticatiu 

£t quia amba; rationes 5. ad 4, 8e 9 ad .8, ■ iiinc maiorts 
inxqualitatis: inter quasdepre$oresaltioubasiunc mi* 
nores . Dico 5 ad 4 quadruplicatam minorem ede ra- 
tiotiep ad 9 odupli^ata.'6e 5 ad4iquintuplicatain>ma- 
iorem eHe racione 5: ad $ nonuplicaca . ideft ^ 

Dico poceftatcs quartam 5 ad quartam 4> mfnorem^ 
eflequamvtodau^^ado^uam .6;quintam vero 5 ad 
quintaffl4,fflaiofemqiiam vtnonap^adobnaot IL ideft 
Dico produdos fub poteftatibu8> fub qnarca..^^ ^ 
o^taua 8> fi)in«iiem,<|Ddm fub quarta 4, 62 oi^aiia 9: fed 
fub quinca 5,&tK>Qa S> maiorea3>qadai Tub quinta 4, St 
nona 9» • > 

r 

Qnaita ' 5 > trij • 

Oaaua 8 v 1577721^. 
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Q^atuor arithmQcic^diTpQlicoruin nuQ^roriiiq^ntio 
primi adiecundutn tocuplicaca y-qttocuseft^rimus, maior 
eft ratione tcrtij ad qvartiBn cqt||plicata> quotus eft quar- 
tus : ratio ver5 primi ad iecuQdafn tocuplicaca > quotus eft 
{ecundus^minoreftyquibitertij adquarcum cocuplicatay 
quotuseftccrtius. 

Sincquacuorarichmedc^dffponci numeri 8>5,7, ^ 

Dico rationem 8 ad 5 o^tupkcacam) maiorem e0e ra- 
tione 7 ad 4 q^adoiplicaca .* 6e racionem 3 ^..5 quin- 
cuplicacam> minorem fepcupUcaca 7 ad 4. : ideft 

Dico poceftates oAauam 8 ad o^^auam 5, maiorem 
ef!e>quam quarca.7 ad quartam 4: quincam 8 ad quin- 
tam 5, minorem,<qufim feptiraa 7 ad fepcimam 4. ideft 

Dico produdosiitb pQCeft^ibus^fub odaua 8,& quap* 
ca 4, maiorem cfre>qii^ iiib o^ua 5> & quarca^: Se 
fubquinta 8>&fepcima4> nrinorem> quaim f ub quinca 5 
&feptima7. 

Poteftates. 

0(3:aua 8 1 57772 itf" 

Quarta 4 155' 
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bafibus, quxlibec quan» 
titas fiierit rumma^ 
duarum^ quse 
quotus 
quotus 
fupra lineolam I antejparenthefcs 
infra lincqlam. :| intcrparentbefes. 
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Pecrus Mengolus , Lucx Tefino, adolelccoci 
opcimoS. O. 

Irianptlai 

7, ^froportiona/ium,^ 

mcupklas: earumiju<-f 

queadasfoteftates binormorum , (f fir modum ar. 
tis , explicaui . Eius demonfirationem, prit/enii tra- 
do lihello i (fuam ex me audifti: vt legendo recolas-^ 
adpotiora mathematafufcipienda , tefrapares. Ni- 
hilalienum fumo ; frtierquadam , ex Euclide, 
ini]uinto,(^fexlo: qu*fuis locis aUego,inmargi. 
ne. Vale. 

CEO- 



GEOMETiH^ SPEaOS^ 

;• £L-EMEN,TVM PRJAlvAl..-; 

'^.:\_ vEFifriT/oiiki.' V'.' 



j I tabulatriangu1aris,ex vcrtice, Scbaflbus, 
I &Iateribus,ica<:OfidpiaiiU' ordinataj vtin 
9 vcrtice fit quiEtfani qaanticisj&inpiima 
' ^ bafi,.ftatiin(ubVcn:ict;,fint.dua!{iuSntita- 

MS ; & in {ecttada bafl, f res ; & in tertia, quatuoi; Sl iic ik- 
inceps: in (ingnlis balibu.^ dicentur,'quaniitices exttema;,. 
Prima, & Vitiifia; & his proximx, Secunda, 8i Pcnultiaias 
it«o>Terfia, SiTritultimai Quarca, & C^itultiii«;& 
deJnceps. • 

' ». Vndelatuspritnaratnotnnlumquantitatuni, dice- 
raryPriinum ;& lecuiidaruin, Se<!andum ;& deinceps: vl- 
timarum quoquedicetur, Vltimum) 81 pcaulcimarum,Pe- 
Bultimnm; & &• dcincepS. 

J . Inlingulis qooqiie lateribtis, quantitis , quat in ver- 
t)«e, aut qii» vcitiCJ eR pioiiffla,diceiur PriaM>8c teliqux . 
'- A » dein- 



4 ELEMEKTVM 

ddnceps, Secuodaj Tertia, Quarta , 6c fic iti uifinitum. - 

4. Quancitas > vnde progrcflio continu^ propordooa- 
liutn, ordinatur fn infinitum, dicecur , Rationalis . Qc (igni- 
ficabitur , chara^fiere ». 

5. Etprima confequens h rationali^diceturj Radix>vd 
PoteftaspritDft. Sa fignificabicur > charat^ere cuiufqf. litte' 
raf alphabe^i.. 

d. £t reliquse confequentes> didcntur Pdteflates radl- 
ds,Secuoda> Tertia,&deinceps>iuyta fiium cuiufqueor- 
dincm • Ec fignificabitur vnaqusqile , Cadem littera Cax 
radicis> adfcriptoque ordinis numero. vc radicis 4> fecuR- 
dapoteftas 42,tertia 45,5ificdeinccps. 

7. Rationalis > licec noa)en ordi nis non habeac inter 
poteflates; tameo habebicur pro ordinaca:Sedicecui>>voi- 
tate min&s ordioaca, quam fit prima potcflas.. 

8 . Si tabulae triangularis in vercicc, fueric rationalis j & 
10 prima bafi, duas fuerinc radiccs , prior , in primo I.atcrej 
&pofterior>in vltioio ; & deinceps in primo lacere,fuerinc 
ordihatas poteflaces prioris radicis , & i n vIcinK^ potefl:»- 
ces pofleridtis : iiieriot autem , & io reliquis lateribus /e- 
cundo, tertio > & dcinceps in fingulis , ordinatx cpncino^ 
proportionales , in cadem racione primi laterisj itepnin 
penultimo, tritultimo> & rcliquis ddoceps Iateribus,in fio» 
gulis> ordioat^e fiieriot cooriou^ proportiooale5,in eadeoi • 
rariooe vltimi lateris : & io fingulis bafibus > fuerinc ordt- 
iiaC2e conrinui proporcion^c$,in cadem rarioo^ radicum; 

in &cuQda ba^ tre^quamm c];(reauB fuac kcmdx poce^^ : 

itates 
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ftates radiaim ^ in tertia , quatuor , qaarum extremdE ^nt 
poteftates tertie, & fic dci nce{>s: dicetur Tabula Pcopor- 
tiooalium. Huu/madf tahitUim ordiiuu EucUdes in. 2. 8. 
£loue/uorttm: ' . 

S* In cabub proportionaliumjinter extremas,7na quf - 
libetroedia^adquamrationalis haboeric ratfoneni com- 
poncam ex duabos radonibus, adquaiiJa pdteftates vtra<^ 
rumquc radicuni $ denominabicur ab vcnTquc ordinibusi 
poteitatum,ipridreprim6(p,deinde a pbiieriore; & (!• 
gnificabicttr,ex vtrifq; chara(^ehbus» charaii^ere compo-. 
iito; ex priore pr imum, deinde ex. poi^riore . Vt f i prior 
eftradix 4,poAcriorrjm6dia,adquam a^ rationem habcc 
compontam, ex rarionibus, » ad 4, & m ad r, dicetur , Vni 
prima; & (}gnificabitur,chara<^cre an ad quam ver6 M,ra- 
tionem habet compoHram ex rationibus, u ad 42, & » ad 
rSy dicetur, Bicercia 5 & iigniHcabitur charadere airsiSs 
fic deinceps. 

I o. Si tabufx trrangularis in vertice , fuerit vnitas; Si 
in prima bafi, & in lateribos primo, 3c vlcimo, rucrinc vni- 
taccs ; deinceps vero in bafibus , qu£ verfus vercicem (ibi 
infiftiit^quanfronti cornua,dicetur, Tabula mulciplicium. 

I I • Si duae tabula?, multiplicium, & proportionalium> 
ita coaptentur, vertex, vercici, & lacera, lateribus,& bafcs^ 
baiibus, vt congruant ; idcft , vt quifque numerus mulci- 
plex , congruentem multiplicetproportionalem : produ- 
da , dicetur , Tabula Nominum . S^nificabitur aucenu 
youmquodq; Qomen^ eodemfii» proporttonaUs chara- 
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Saic, poft fuutn immcdiac^ numerunicanrcTiptd. 

iii. Inqulbul<]ueproportioaalitacibuscarumdem>vd 
non earumdem rationum; homologz fiint ptimiim, aote- 
cedentes, anceccdentibus , St confequences, confcquenci- 
bus:deindepcrmutando,antecedentcs fiiis confequcati- 
bus funt bomologaE : faOmologarum quoque zquemtild- 
plices, & ezdem paciies,8: fummz, Sc diferencia:,luat ha> 
mologa:. 

13. Homolog!a,cflrumptiohomologarum,vt8cia 
^ quadam proporcieiulicace, fiaoc homologz. 

14. RatioexzquaIi,dicecur,quaelibetracio,ex ratio- 
nibus compofita. 



T*. 
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41 4r . rx 
-':; •. 43 air »% rl 

44 45r 42rl »1 r^ 

\ atf ' 44r . 43f 2 airi 4r4 r^ 
j^ 45r 44^2 A$rs air^ arf rS 



Tahula Muki^cmm . 



I r 

III 

14 tf 4 I 

I 5 10 10 y 1 

I 5 15 20: i^ tf I 

« • 

TalntU J^optimm . 



r « 



42 a4r r» 

4| 342r 34rx r^ 

44' . 443r tf42ra 44rj- r^ • 

45 544^ 1043^2 loairi 54^4 r5 

4tf tf45r 15^2 %oayi 1542^4 ^4^5 rtf 
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Explicaiiones quarumdam nvtanm. 

Additiongnificabitur,chara(Serecrucls:vtex 4!y8e r^ 
coUeda fumnia, ^ -«• r. 

Subcradio , cfaaradere lineolx : vt ex u dempta ^ it- 
linquit dififercnciam^ t>^ «. 

.€quaIitas,eainterpundione fignificabitur^ qua parte$ 
priucipes pcriodi (bleotdiftingui.vc quod 4>i-r,eft a?qtu- 
lis ipn f, 

4 -4- r : r. 

Ratio figniflcabitur interpundione , qua maximae par- 
tes periodi fubdiftinguuntun fcilicec pundo, & commate; 
vt ratio 4 ad r, fcribendo > 

4 5 r. 
Itaque proportio 4.ad r,(icut4^ad 4r, (ignificabianv 
fcribendo, 

4 $ r : 41 ; at^ : 

Etcompofita ratio cx rationibus. vclut ex k ad 42^ dca» 
ad rj, compofita u ad 42^*5 , fcribendo, 

vbi comma , inter ai , & criicem , vtiliter diftinguic yadGf 
gnificandum, non quanticatum ai,S£u, rummam ai -«'4« 
fcd rationum. :. 

Multiplicataqupqueratio, Ggnificabitur. velut 43 ad 
r^, triplicataratipniS4 adr,rcribendo> 

.43 5 r} : triplicata.4j r. . . 
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Theorm4 frimnm ,Pr^o[kiofnma, 

EX ijicieni racioaibus, ez «qaali >iunc eaKlem rationes. 

Dicoexxquali a; h^^eifici d, ^£i h* '' 

Prttfortm, 
tlfihyi» 

£ih:dil. "'•'■■ •■■\ 

DMiriftratio, 

"•5* 1^5 /: dil . 
aii: c'i l 

4j ^, M. e-yfidyi, 

Cydy -* g\h\ cj/. , 

a-yhy -t. eifi cydy -^£ y h, ;QMpd..€rat.Jdc- 
I monilranduoi . 
Qjiare ex i/fdem racioaibus^exasqaati» iunc cxdehi^ 
rationes. • • 



«1.5. 

dtf.j.6. 
11.5. 






Theor, 2,Trop, 2. 

^ancicates propornonaies/perfaomologiafii-fiine 
proportionalcs* 

^'^'X 'f • . J Nam conuertendo , quantitates 6unt prd-r 
15 -s ( poftionales: item homoiogas hoiiiologis ad- 



Q 



I dendp : item sque mulrip]icando,& dcquepar* 
J ticndo : &permutaado :£i:diDideado:&com> 



itf. 5 . 
18.J 

B po- 
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Explicationes ijHarumdam noiarum. 

Additiongnificabitur,charaderecrucls:vtex 4^S(I r^ 
colleda fumnia> a-^r, 

Subtradio > cfaara^ere lineoU : vt ez h dempta d^ le- 
linquit difi^rcntiam> f ^— s. 

^€quaIitas>eainterpundione fignificabitur> qua partef 
priucipes pcriodi (bleot diftingui.vt quod 4>i-r,eft a^tui- 
!is ipn ty 

a-*riu 

Ratio fignificabicur interpundione , qua maximae par- 
tes periodi rubdiftinguuntur; (cilicet pundo> & commate* 
vt ratio a ad r> fcribendo > 

a*yr, 

Itaque proportio 4ad r>ficut4^ad 4r> fignificabicur> 
{cribendo > 

4$ r :tfi ;4r» '. 

Etcompofita ratio cx rationibus. vclut ex i» ad 4a> dci» 
ad r j> compofita u ad 42^*5 , fcribendo^ 

vbi comma , inter ai , 8e criicem > vtiiiter diftinguit > ad (i» 
gnificandum, non quantitatum ai,S£u, rummam ai ^u» 
fedrationum. l • '. 

m 

Multiplicataqupqueratio, fignificabitur. velut 4| «i 
r 5 > triplicata rationis 4 ad r, fcr ibendo> 

.43 $ r} : triplicaca.4j r. 



ThecrenM fritiutm ,Pr»polmfnmd, 

EX ij^etn racioaibus, ex acqaali >iunc daKlem raciones. 
Hjffoiwft^ 

^if'i}h' .■■•'. 
Dico ex xqtiali 4$ ^> -i-e; /*: c; i> «^t»^; K ' 

Pr^arati», 
#5 /: ^j »• 

£'yh:dil. '"'• ''■ '. 

DeWMflraiU.. • . 

"•5«[^5 /*: <fj/ . 
ti.j. aiiic',1 

a^ hy ^ f ; f:dii. 

C5 </, -+ ^; fc: c;/. ; t 

4j ^, -1. ^;/: <:;«i/, -k^ ; ^* ; Qppdi. «rat . jdc- 
I nionilranduoi . 
Qtiare ex i/fdem raciooibus^ex j;q(iaH> iunc cardeiiu 
rationes. :.-:■■ " 



def.^.6. 

itf.$.6. 

II. 5. 



««Maw«i 



T^r^w. l/Trof. 2. 

QVantitdtes propordonades/perfaomelogiafii-^iAe 
proportionalc«. 

Demonftr» . ' ^ *• 

''^•J J- . j ■ Nam conuertendo , quantitaces 6unc pror 
15' s i portionales: item bomoiogas. hoiiiologis ad- 
itf. 5 . . ( dendo : item xque mulripIicandO}^ dcquepar- 
I g' ! I ticndo : & permucando : £i: dinideodc): & com- 

B po- 



1% 



Q^ I tabul je trrangttlai 
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Theor,-S,Pr(ff 5. 



pnma bafi» fuermt dofie radiccsi & in primo,& vlcimo 
latere, fuerint continu^ proportionalesj & in fingulis latfr* 
ribus^^primo^&erint ordinatstcontinue proportionale^y 
in eadeQiratione>^u«detn^pSi;iapriaio : ciitpropoir: 
tionalium tabula^ Itemfiin (inguji^^lateribus ab yltimo» 
fuerint ordinata? continu^ proportionales , in .eadem ra- 
cione, quaedeinceps 9 in vltimo: eritprpportionalium ta* 
bulib. 

DmottPr» 
Cum Jli binis deinceps bafibus , & in binis dc- 
incep^.Jatenbus si primoj qua^titateseandem ha- 
beant ratiooe^i^ c^ dcinceps, in primo, antece- 
itf . 5* I dentes» in vna} Sc coniequentes, in altera bafi: ha« 
bebunt^ permutando» eamdcm rationem eciam, 
antecedentesj in vno , &confequentes , in aitero 
latere:eritq(iein bafibus^ratio deinceps, eadem, 
quacinprima bafi : eruntque in fingul]& bafibus, 
} CQncittu^proppitionales.ineadcm ratione radi* 
4i h, cum : quare taJbula triangularis,eritproporciona- 
I lium tabula. Quod ^c. 
Similiprorfiisdemonftratioae 9 oftendeturalccrapars 
Theorematis. QMaoi 82c. 
Quare&c. 




Thvr* 



4ef, f. 
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Theor,6,Prop.6. 

INtabuIapropQrtionalium, ratioaalis ad vaamquamq; 
mediam, habet rationem copoficam ex rationibus/ad 
poteftatem^inprimoIatcrCj vnitate miniis ordinatanu> 
qu2lm Ht ipfa media,in baHjab vltimi) Si ad potcftacemj in 
vltimo latere, vnitate miniis ordinatara; qu^m fitip/a mc^ 
dia> in baH^ a prima. 

Bypotk ^ Demonft. '. 
Sit in tabulapropprtionalium, quinca baHs ; in 
qua, iex proportibnales: & (ic vna ex medijsj non 
I prima, quae eft fexcukima, nec j(exca> qu« cft vki- 
1 ma, (ed.quarca,^quae eft tritultima* Etiint, inprt- 
molaterc^ radix 4y & in,y|(imo , radix r :& ab 4, 
fit fecunda poteftas a% , vnitate mini^ ordinata, 
qU£Un critukima; qu«pro&^o inprimoIatei«,eft 
^ff- i* j certia ; & in tmuluma, cftpnma: (iretiam abr, 
I tertia poteftas r^ , vnitate minils ordinata, (uisfq 

dtf ^ \ 9^^^^ > 9"^ profed^6 , io vkimo latcre, eft ^uai^ 
ief. ;.' i ta ; & in qu2|rto , prima : erit quantita$ diriy 
'«/• 9* I bitertia, ad quam,rationalis habet ratioaet^ com* 
I poricam cz ratiooibas, ad|>otc(btitc$ 42 , £< r j>f 
Dico mediam , in qaiota bali, quartam critultimam,eir 
febitertiam ^arj. 

Demonflr, 
dtf. u I Nam quarta, $2 tritukima , in quarto eft , 8c ia 
: J tritukia»o bitQre: io quartp;quidem> «A ^^^ 

l ^mcjtas i 6; ia trituk joio^ cil quorca • Habec cf - 



drf.Z, 



N 



.^ 



#,-• * 



d^.9. 



P' 
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I go rationalis ad tertiam quarti lateris>rationcnu 
compofitatn cx rationibus > ad r^ primam quar- 
ti lateris , 8s prima; qiiarti lateris ad tertiam : fcd 
primaquarti laterisad fecundam > & fecunda ad 
tertiam, funtcontinu^proportionales , vt prims 
primi lateris ad fecundam, & (ecunda ad tertfam: 
ideoqueprima ad tertiam quarti latcri$,e{^ vc pri- 
ma M > ad tertiam primi 42:ergo rationalis ad tero 
tiam quarti latl:ns,ideft , ad quartam tritultimam, 
in quinta baii , rationem habet compofitam ex 
I rationibus,M adrj^Se m ad 42 > eamdem,quani 
S' habctad «ir^ bicertiam. Ergo in quintaba(i> 
quarta tritulcima ^ eft bitertia airs, Quod&c. 
Quai^^&c: 



h. 
h. 



Jm 



«I 



»Mipp«*|#p 



^«i 



\\n I n n 



»m 



Theor.j, Prcp.ji 

QVantitas , ad quam rationalis babet rationem com- 
poHtam ,ex ratiOnibus ad poceftates , in primo^ $t 
vkimolacere cabulx proporcionalium ; eft me£iia:> 
81 eft ih bafi aequeordinata , iatque rumma cft ordinum po- 
ftaumi: Sc eft vmcacii'p1us ordinata , in bafi , ab.vlcim4.9 
quam fic ordo poceftatis, in primo btcre : iccm cft vnicate 
plus ordinata, in bafi, a prima, qudm fic ordo poccftaci8|ia 
vlcimolatcre. 

= Sic qulanticas 4ar 3 , ad'i^uam Wj racibnem habcc com- 
pddcam ,^e;s ratidiiibu^, tt ad #»' ^ m ^rimo hn^ie, & u 

id 



dtf. 8. 

f. b. 

def.B, 

p. 5. 
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«d r$ y in vltimo » tabulx proportionaliutn : quorum po« 
cdlaturo fumma ordinum > iit ordo quinta; bii(is:82 qaa> 
xum potcftatum^vnitate rnaioresordines,eiusquidem ai, 
quae in primo eft laterejiit ordo tritultim<e> & eius r^» quar 
i n vkimo eft latere, flt ordo qaxtxy in bafi. 

Dico air) , efle quartam tritultimam , in quinta ba(i. 

* » 

Dmonflr, 

I Eftenim 42 , tertia in primo latere; & vt 1» 

ad 42 , ita cft, in quarto latcre ,.prima ad tcrtiam? 

fcd cft rj , primain quartolatere : crgo u ad ter- 

tiaminquartolatere, rationem habet compoH- 

tam, cx rationibus , ad 42 , & ad r j ; eamdcmu, 

quam ad airi , Brgo air^ , eft tertia in quar- 

i«f ». I ^^ I^^^fc :ergoeft quarta in tritultimo : ergo in^ 

def. f, I fua bati, eft quarta tritulrima : fed quarta tritulti» 

I manoneft,ni5intcrrcx proportionalcs>quarum 

I & fcxta cft vltima , &quintacftp€nultima,&{ic 

ief, 9, I deinceps : & (cr proportionaks, non nifi in quin- 

ta funt bafi. Ergo 42^3 bitertia , eft & quarta 

tritultima,inquintabali. Qjjpd&c. .: 

I Quare &c. 

Theor. 8. Prop, 8. 

Vmma cuiufque bafis nominum in tabala, eft potcftas 
arqueordinatafummx radicum. 




I 



Hh 
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fljpcth, 
Sit in tabula nominan) ba(is tertia,cuiu$rumma no- 
minum 45 -fSair-*- $arz -^ r$ : fit ^uoque fumma ra* 
dicum 4^r. 

Dico 4j -i- 542r-4- 54r2 ^r| > cfle tertiam potefta* 
tem a^r, 

Oportet autem priiisdeaionftrare, de (umma nominii) 
pi arccdentium baHum , vidclicet, fecundae bafis. 

Dico itaque p/imd 42 -«■ 2<fr -i.r2 > fccundam^ efle^ 
poteftatem 4 ^ r. 

Demonjhr. 
u',a\aiai\r; ar: a-+ri az -t-ar, 
«jr: 4j 4r:rj r2 ; 4 -i-r>4r-f ri. 
uia^ria~*-r} a% -•• ^ar -* rz, 
42 .«■ 24r -+ r2 , eft fecunda poteftas a-t-r, 

Quod&c. 
u; 4t42j 45 ; ar; air : ri^an: ai -*■ zar 

-f r2 j 43 -f 242r -+ 4r2. 
115 /: 425 air: ariarz:ri^r$ :ai-t-2ar-t- 

ri i air -*■ tari -*■ r ^ , 
»5 4 -f r : 4z -f a4r -h r2 5 43 -4: 54ir -+ s^^* 

4ef,6, 1 4j -f 34tr -f 34r2 -f rj , eft tertia poteftaj 
I a-t.r, Quod&c, 
I Quare&c. 



def, 8. 

&f, h, 

3. h. 



ief, 8. 
tf x,b. 



%, b. 



im 



Th 



t(k- 
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SI trium quantitatum, prima maior fuerit, quam fecun- 
da ; tertia autem maior fuerit exceflli ipfamm : excei- 
£is tertia;, fupra excefliim ^tmxfit (caxvAx ; eric cxceilus 
fiimmae ex iecuoda, & tertia, (upra priiAam» 

E A C B D 

Sit prima quantitas AB,maior> quim {ecunda BQqua*' . 
rum exceflus C A : (itq; tertia D, maior, qu^m C A. 

Dico excefltim D , iupra CA > efle exceffiun ftunma:, 
exD>8:BC,fupraBA. 

Adponatur.pcnes CB>& ipfi C A fuperponatur quaoti- 
tas Cb, xqualis ipfi D. 

Quoniam E A, cft exccfiiw EC fupra C A ^ idefV, exce£^ 
fus D, fupra CA: necnon efl excefTus EB^fupM BA;ide((, 
iummx ex D, & 6C> fupra B A:per fe patet^ id quod pro- 
poricumcfVw 

Quare&c. . . - • 

, :_..» • " -^ ■ . ^ ____^___ 

Thcw, I o. Prop. I o. . 

IN«q(iaIfHmradicum,potefhis maioris>vn^ cum aker- 
nis nominibuseiufdem bafis,demptis rcliquis,a;queor- 
tfanatarelinquicur po^cflas diifieitnria?. 



» 






Hy- 
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Siot radices inaEqoales > t maior » « tniaor : quamfai m 
tabub notninxHn y m boH certia > poceftas certia maioris ra- 
dicis /5 > vnil: cumahcmononiinc 5^42 >demptis reliquis 
nominibus itxuy^ a$ > relinquitur qiianciras r;'— 5^2^ 
-+. 3M1 — 4j j fit auccm difierencia radicum r — 4. 

Dica ti — 3f24 -I- 5f4a — 43: , poceflatem tertianLr 
eflc t— 4» 

Oporcetautem prii^s demonSrarey tabafibuspnecC' 
dcntibus > videlicet in (ecundL 

Dico itaquc prim6 tz^^zts^at , tfSs &CQad:ka* 
poteftatem t-^a, 

Dmonfir. 

ief,9, fi^jf.f. fi;4; w;f— 4jra— «4, 
«Jr»,i>. [^. 4j f;f4:4 j42: f — 4Jf4— 4t. 

|f; 4:f2; tat ra^ ai : t%^ ta i ta^-aim 
€x I4.5 j f4 7 cft maior> quam 42. 

fz*<*f4>eftmaior>qu3im ta^at, 
tz-^ta, dempta ta-^at , relinquicor f s — zta 
-i-az, 

Ult — 4:f— 45f2^2f4-|.42. 

i«fn 6, I f 1 ^ 2M ^ 42 iccaodjieft potcftas t^ a,. 

I QuodSic :> 

def.%. iM;f:f2; ts'.ta^t%aid%^tad :tt^ztd>**dti 

^ **M^ tj — 2f24 -+ f42, '. . 

Ii#54:f2; f24: taytaxiAtynixtz^iU^^itti 

I f24 — af41-»-45 . 

f5 4: 



9* h- 

\ 

%, h. 



1. 


i. 


tx 


44 


»J. 


V 


9- 


b. 


z. 


h. 


4^ 


6. 
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t; »: «3 — 1«2« -» M2 , «24— iW ^4J. 

/2 — 1/2« -t W2 , tnaior eft, qiulra /24 -. ^tn 

tia~ni}, niafor ,^uiin 2M2 . 
t} —xtia -^tai , dempai txt ^- awi _4. 43 ,' 
relinqnitnrtj— jn-»-» 3«i— 4j. 

«jt— 4:t2— 2«4-K«i 5»J — 3«24-» JMJ 

—43. 
f3 _ 3(j4 -► 3M2— 43 ; tertiaeftpotcftas-* — 

4. Quod&c. 
QuateSJc. 



c » P*: 
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SiQt radices inasqttales > . t maior > « tninor : quan^ m 
tabukt nominam >iabaii tertta , {>oteftas tertia maioris ra- 
dicis/^yvn^ cuns^&ernonominc jr^z >demptis reliquis 
nominibus itzuySi 45 > relinquitur quantiras rj'-^^,^^ 
-+. 3 Mi — <»J > fit autcm difierentia radicum r— 4. 

Dica f j — jf 24 -h 5f42 — 43: , poteftatem tertianL# 
eflc «•— 4, 

Oportecantem pri^s demonSrarey tnbafibusprcce- 
dcntibus > videlicet tn (ecunc^ 

Dico itaquc primo tx^T-K^-^ 4x' , cflCe ^ctuidafaL» 
poteftatem t^-^a, 

Dmmfir, 
*/''• f«jr.'rjri;45w;f— 4jr2-^«4. 

&i'b,^tf^a; titaiajaii t — 4jf4— 4», 

I r; 4:f2} tai ra^ ai : t%'^ ta ^ ta^—ai, 
ex I4.5 ta r cft maior, quain a%, 

irz*^f4>eftmaior>qu2lm ta^at, 

tz-^ta, dempta f4— 41 , relinquitDr ri — 2M 

-4-42, 
Wyt — 4:f— 45f2 — 2r4-|.42. 

i<e/. 4S. I ri — oM -^ 42 iccundaeft poteftas t^a,. 

I Qubd 62C. . : 1. . , 

def,%. I M ; f : fa $ C3 : &f ; filtf: 4» ; r4i ; rt^ aM«4- ai% 

trx.hA |:| — 2f24 -+ f4a, - ; 

I|#54:f2; f24: f4ff42:42;4|:a*r2M-«'42i 

I f 24 — 2f41 -h 4J , 

1 

r^: 



V 

2. ^. 



X. k 

»J. J. 
9.b. 

i. h. 

ilf.6. 
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t; »: i}—-itia-tM2 , tzd—ztai -» aj. 
n — iiza -+ «1 , nuior eft, quiira tia — ztai 

-*a3. 
>X'<-«' 43 , inaror,^uiin iM2. 
(3 — ajiai -j-Mi , donpta txa ^ awi^ 4j ^' 

relinquitur/j— 304-^ jfdi— 4J. 
"i'— 4:(2— 2»4-+42 5/3 — itza-t. 3iai 

—43. 
(3 — 3ti4-t 3f42— 43 , tettiaeQpoteflas-t.— 

4. Quod&c. 
Quarc&c. 



C » Pfr 



Petrus Mengolus, Adm. R. D. lacobo Veotijroloi 

Schoiatum Piarum Viimmo Ariihmecices 

PtaKeptoti S.D. 

Fos tiii primum ofiendi cbaracterts, g* 
numeros ,ltbenter vidijfe ie figriijicalii, 
ffcum tutiSchoUfrofe&u multiplici- 
bus exemptis confrmafti.lm 'nartales ti- 
ti aute omrua ffatias debeo,<juodmea 
^ualiacunque muenta re/pexeris,(^ in tua SchoU frtt» 
Bum conuerteris, Itaque pro reddttione ^aliaru >nj, 
eamJemremtibi alitjuandog^atamiiterum ^pleniiiS 
tommHmco. Tu ergo libellum hitnc in tuos vfus tta 
eonuertes. Primum ptr ntmerofam indaHtonemj 
txemplorum,duotheorimata confirmabi% practdenlis 
iibeUt,S. (fio. quibusars producendipotejiates a duo- 
rum nominum a^egatis,velrehCiis radicibus demon- 
firaiur. deinde finguU in prtfenti libello propofita , 
necnon aliaplura, ^ua tum indiqo ,tHm ipfe tuopte po- 
tirtsingenioadijcert, Vd^, 

CEa 



GEOMETRIiE SPECIOSiE 

ELEMENTVM SECVNDVM. 
7)EF /^ JT /ON£S. 



1 f Vantitas vtcunqne diuira induaspartesjdt- 
V cetur,Tota,&ilgnificabitur,charai^ere (. 

2 t Et partes Totx,dicentur, Abfcifla, & Refi- 
' dua:Scfignificabiturabrcifla,charai%ie 

(ij«{rcfidua,r. 

' 3. Poteftates totz,dicencur,Totafecunda,tz;Tota 
tcrtia, t} jSc deinceps : &: poceftates abrcilEe dicentur, Ab- 
fcifla lecunda, ><i ; Abrcifla tertia , «5 ; Szdeinceps : itenu 
poteftaces refiduac , dicentur, Refidua fecuoda, ri ; Refi- 
dua tcrtia,r3 ; 8C deinceps. 

4. Si quadam quantitate , diuifa vtcuaquc in partes, 
abkiflani , & refiduam ; concipiarar i rationali , per ipfas 
partes, abrciflam primitm, deinde refiduam,ordinatapro- 
portionaliuin tabula: Sieadem quantitate turfumdiuiia 
vtcttmquej concipiatur ab eadem ntionali^tera propor- 

(iona- 
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tionalium tabula : qaantitates, quarutn in vtri/quc eaxleai 
afpellationcs , & ijdem cbaraderes $ dicentur > inuicenHrf 
Synonytoa? . 

5 . Item rynonymarum^quemuItipIicesydiccoturjSy- 
nonymaj. 

6. Ideoq; (i etiam cabulac nominum fuerint ordinat^ 
quantitates ', quarum eadem funt nomina » dicentur Syno- 
nima?, 

7. Vnitas ad omnes numeros , pro rationali femper 
habcbitur . Vnde conuenienter Hgnificabatur rationaIis> 
charavflere u, ^ , 

%, Cuiufque numeri^fadis omnibus integris abfcif^ 
iionibus, omnium ,'totidemqae fyaonymorum , fumma, 
dicetur , MalTa : & fignificabitur , littera maiufcula C7 > an- 
te fynonymoTum chara^erem fcripta : vt maf& ex omni- 
busabfciffis, 0*a. 8t txMi ex omnibus triplis biprimisj 
O, ^air, 

p. Si cuiufque dumeri, fadis paftibus , fueric ordjna- 
taquaeda.m tabula proportionaIium> vel nominum j6ilo* 
co cuiuslibet proportionalium, concipiatur mafla ruorum 
fynonymorum: cransfbrmabitur tabi^la proportionaUuni 
in aliam,quasdicetur , Tabula Speciofju 

I o. In qpa ordinatx quantitates, diGentur,Species. 

1 1 . Tabula ver6 nominum cransfotmabimr inaliaol, 
quaz dicetur, T^bula Subquadracrix. 

1 2. In qua ordioataf quaotitates , diccntut Subqua* 
dratrices. ,, 

i^.Si 
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'15. Si qu«libet rubquadratrix quandta$> multiplicata 
fucrit per numerum vnitate maiorem ; quim (it ordo Cux 
bafis: produt^a quantitas, dicetur, Quadratrix. 

14. Quod fi > velut ex rubquadracricibus > icaexqua- 
dratricibus> tabula fuerit ordinata > dicetur Tabula Qiia- 
dratrix. ^ ' 

1 5 . Si duorum namerorum du2^ CpccioCx tabular fue- 
rint ordmatx : nia(l2>quarum in vtriufque funt ea^dem ap- 
pellationcs , & ijdem chara^resi dicentur inuicem Ho- 
inonymap. - 

1 6. Itcm homonymarum maiTarum ^quemultiplices, 
dicenturjHomonyma^. - 

.17. Ideoque eciam in duabus fiibqdadratricibus taba- 
liS) aut in duabus quadratricibus> miSx, dicentur, Homo- 
oyma!. 

1 8. Si trcs numeri fiierint deinceps vaitate difi&ien* 
tcsj & medius dicatur > tota : maior quidem > dicetur > SeP> 
quitota> & fignificabitur, chara^ere f . 

1 9, Minor vcr6>Semitoca: di fignificabituochara^e- 
re ftt» 

10. Ecficutmedij numeri poteftates dicuntur totx, 
fecunda>tertia>8cdeinceps: ita maioris numeri poteflatc^ 
dicentur, Sefquitotxj fecuiida ^i> tertia f 5 > 8c deinceps. 

2 1. Minorisaucem>Semicotarjiecunda«>i>tertia;»i5> 
& deinceps. 

12. £t ficutmedij numeri dicuntur Ma(r«>Species^ 
Subquadrocrice^ 38 Quadracrices : iu maioris numeri> di^ 



ccn- 
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ecntur , Sefquimiffic , Scfquirpecit s , Sclquifiibqa^virttri- 
ces, EiSeTquiquadracrices. 

1 3 . Et minom, diccntur, Semimaine,Semilpecie$,Sc- 
mirubquadracrices, & Semiquadracrices. 

24. Iccm,ficuccotsincrementum,e(lvnitas,adcom- 
ponendam IHquitocam ; 8c decreoientHm , efl viut^ , ad 
relinquendam (emitotam: ica cuiuslibec coca:, dicetur, la- 
crcmencum , numerus addendus , ad componendam &C- 
quitotam xqueordinatam. 

1 5 . Et Decrementum, (iibtrahendus,ad relinqu edam 
&micocam zqueordinaCam. 

2 6. Item cuiuslibet ma(& Incrementum, dicetur, (u{- 
ficiens numerus, ad componendam homonymam relqui- 
taa&m. 

17. Ec Decrementum , ad rclinquendam homony- 
mamfcmimaflaffl. 



Tth 
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• TnlmU Speciofi» 
Om 

' 0.42 Oalr Ox% 

Om^ Ouftr Oairt Ojs 

0,a^ O^r' 0*4ir% Ojr$ OJt^ 

0^$ Oji^r Pji$r% OMr$ Ouir^ 0.fS 

' TMa SiA^tadratrix., 

Om 

Ouk Os 

O^ai 0,iar Ojri 

0.«? O.ia^r O.zart Or% 

0.44 0.4a$r O.Sairx 0»^l O.r^ 

0.45 0.544^ 0.i.oa$r2 0.ioair$ 0.^ar± Ojr% 

TalniU ^uadratrix . 

. 0.44 0.2r 
0.3 4X O.d^rfr 0.3 ra 

I 

0.443. 0.la42r '0.la4ra 0.4^3 
* 0.$a^ 0.2043r o.^o42ra 0.204^3 0.5^4 
O.Sa^ 0.3044^ 0.5043 ra O.tfo42r 3 0.304^4 0.<frj 

Pojiulatim fvnicum, 
PoftuIetur> vt mafTam afltimere concedatur homooy- 
mam^&proportiotialem ad propoHtam quamdam > ficuc 
ouniejii autvnirasadiuuicem. 

D Thmr, 
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1N tabula fpcciofa, cuiuf(j»icnuraeri,& in qualibet ba(v 
fpecies prima, & vkiiiia, funt SBf uales; itcm fecunda,& 
pcnultima}tertia,8ttritultima9&fiC<i^ceps: item fefqui-. 

fpccies j & fc9ii%€cic5shomoBym?p: 8j fpecierum incrc- 
menta, fif dccreq^tg. Simili«wfubqiwiiratrices,in fua ta- 
bul^t&qu^iacricei^joiiig. i r.O V .''.v- 

Sint in tabula fpcQipfa^cuHjfqHiaKiipri, & in tertia baii, 
prima fpecies O.43 , & vltitnn Orj. 
Dico , O. as iO.rSi efle aequalcs. 

Demonfir. • ^ 
'/«r. 8.&. r Nacuiii^ nmmeri^^qiiot funt abfcifliones,tot 
;• funt aWc jflfe» toH^coifq^ refi^ja; ^ abOiifl&e funt, 
_ ' l vmns , binariui ,• & 4einccpsr«i reCi^uas funt, to- 
I tidem ordinati, contrario tamen ordine,fed dein- 
I ceps, vfque ad binarium,& ynitatem. Quare vna- 
I quajqj abfcifla, vni.i:^iduae eft iequalis : & abfcif^ 
p. p. j fa tertia , refidu«.ccrti« j ad quas eadem rationa- 
lis , triplicata? habes cafdQm r^tioncs : &omnes 
abfciflie terti«,pinHibus refi^ujs ^rtfjs funt gquar 
I I?S5 ideft, 0. «3 , <?. ^3 > (^n\ «quales. Qupd &c. 

Hjfoth, 2. . • 

Sint deindc, in eade tcrtia bafi , fccunda fpccies 0.a%ry 
.&,penultima 0,0,%.,. 
. Diofi^fOAxr , Om^ ^«flc $;quales. 

_ 

• Di- 
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Deffnfnjhr.' 

M j Singulae n, fingulis r, funt ajqualcs: &fin- 

I gulae 42 , iingutts rz : item fingula; bipriois 

'42r, fingulis vnifecundis 4r2 , ^nt jequales; 

p. p. ' ad qua9 m , rationes habet compofitas ex ijfilem 

rationibus: quare omnes biprimse' O, a^y Oitini- 

bus vnifecundis O.arx , runta^quales. Quod 6cc. 

Sint rcrqui/J)ecics Ojizr , 0.driivt\ finc iemifpccies. 
Dico , 0.<«2r > 0.<«r2 , cfle flcquales. 

Dtmonjbauo. ^ i 
def.ii.b. I Q^ae iunt vnius cuiulqdam mimcrl &rquiip6- 
/i^. I cies 'y iUBt diius , vnitate maioris numeri ipccies: 
I fcd fpccies O.rfar, 0.<tr2 , funt aequales: crgo 
I icfquiipecies 0.<i2r, 0.4r2 , fiint ieqUales. 

def.x3.b. I icem qu£ iufltvnius cuiufquam numeti fe- 

mifpcdes; iantalius, vnitarei mjnofis numeri 
fpecies: fed rpeciesfuntaequalcs: crgo& femi' 
jfpecies. Quod8&. 
Dico.O. air,6i0.ari incrementa cfTc a?qualia, Side- 
crementa seqtialia. >, 

- . . j Dtnhnfit, • ^ ..^ ! 

•j Namiab^I|fdibteipepeW'0.4ar ^0^r2, 
'>f. • |jBquaIesdemptae femifpccieshonionymas,rip- 
J linquuntaeqHaliadecicmilata. Quod^. 
fif. I Ht ab arqualibus fcfquifpeciebus , afcqiJales 

D 2 dcm- 
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dempts rpecies homooyoia;» rdinqiHme aequalta Incfe- 
meoca. Quod58c. 

Slnc in tabula flibquadratrice, in tertia l)afi>i[ub^iadr»' 
trices, recunda O.sazr, ^ penulrima Ck$airz, 
S^coO.sair.tO.s^arZitfSsxc^ks» ^ 

Demmflr, 
itf, 10. />. Qgoniam in tabula multipliciu) in tertia bafiy. 

recundusnumerus 5,^ penukimus 5 , ez ij{^ 

dem vtrimque vnitatibus , & numeris ^gr^- 

ti/unt aM]uaIes:£quemultiplicant fpedes a^qua- 

leS) 0.<t2r > 0.(ir2 ; & fubquadratrices producuoc 

[sequales, 0.34zr> 0.54rz. Quod&c 

Vndc patct , quod & refquifubquadratrices fliot a?qua- 

les>&feiiiirubquadratrices2equale$; & fiibquadratricum 

arqualia fiint iocrementaj & aequalia decrem^oca.Qud? && 

Bf^, 5.- 
Sint d^nique in tabuia quadratrice , in tertia bafi , qua- 
dratrices, fecunda O. i a<<2r ^ &penulcima 0. 1 24^2. 
Dico , C>.i 242r t & O. j 2<ir2 > effeasquales. 

Demonjhr, 
itf. ii.h.\ Cum fint enim xqualium fubquadratriom 

£qucniultiplices5 inter fe sut aequaIes.Quod &c. 
Vnde conftac,quod£i$^(quiqu;fdratrioe$ fiinc aequa- 
-les i & femiquadracrices «quaks \ & quadracricum a?qu»> 
lia Tunt^nc remenca^ & a;qualia decreaienca* Quse &c. 
Quar^&Ci . . .. , 

.: ' I Theor. 






\ 



JNtabulafj>cdo/a,cuiafqueiiui]ieriiiod(ioous quibuf^ 
'que lateribusyVnarpecJe^jhabecpiroJncrefoento^niaA 
^as aggregata s, in vtrolibet latetie > ii «nue iunt prarcedeh- 
"tes; atque tonmi vnitatc minhs ordiaatam»qu^m .(k ipfum 
latus : maflas inquam , muldplicatas per numeros tabulae 
inultiplicium» inbafiacceptos, vmtate oiiii^ ordinata^, 
quiim (it akerum latus. - < 

Hypoth^i, 
Efto in tabula ipedofa , in primo, & taqulotultimo la- 
tere,rpecies O^^i quam in quintultimo latere primam, 

nUlljerpedesprseceduntt&eitoqtiartatota r^. 
Dico 0.44 , incremenrum eQe 14. 

'Demottftrat, ' 

I Eaedemabrdfiionestotx,qiiibusYnitas,bina. 
d^i»J>. I riuSj&deincepsabfciodunturjetiamfciquitota;, 

I funt abfcifliones: & exdeta vtrarumque funt ab- 

' fci^; necnoD abici02e qoartx . Sed prxter ab- 
fcifliones tota;, vna eft vlterior abfciffio iefqui- 
totae , qua ipfa tota abicinditur : & pro qua poil 

I abfciiias quartas tota?,& feiqsitot^ communes, 
irf. x6i. I accedit tota quarta ^ ieiquitotat propria : quae 

• ipeciei O.a^i^ incremecum,. ad ieiquiipeciem 

I componendam. Quod &c. / 

I Efto in tabula Q^cdoia , in quarto , & in vlti- 
I mo latcre, ^cics 0, r$. : qttam;iB vltiitio laterc/ 

quar* 



50 El'E«fTlS WrT-VrM 

I quartam,rpecMS:pisE;cedunC)tcrda O.ri^ctUH 

^ :- ' '- /i i cditiata^ qo^tnfici^Jcunocil IdjEus: qil^ prdf^d^, ia 
M^%-V'. l' OR£ne4pn!tjfMirpVopbitiQiiaIiuiii:CotftRijii > cft 
itfi^. ^i pp^f rationakKs^atqi voitas i>. £c qtioniain O/-5» 
I eft&in quarco latere^fiimatur baits.cabula; mul» 
I Cfplicium , vnicate nnaus ordioata > Qempc ccr- 
j tia^cuiusnumeri 5 ,5. .' 

I Dico O. rj^ incrChienaim efle , O. jri-*- 

. ' :: .'. . !. . . Ditnonfir, ' . 

Esecletti abfcifliooes , totae ftmt > & refquitQta?: pro qui" 
bus vna pars incrementi 0.r j. taxabitur . Prxter abfcif^ 
iiones tota;, vna eft vltcrior abfcinio ferquitotse , pro qua 
parsaheraeiufciemincrcnieocitaxabicur. Rurfumprima 
parsincrementijtDtek partibus compoflitur, qUotftiat 
abrcilfiones,-tot2r-, fidefquitotxcommUQes. 

. £ft autem pro vna iibrct£one,totaEi,8i (efqat- 

tota?) commuQi,cadem quidem abfciiTajfed non 

eademirefidua. Cumque totse reiidua eft rykf- 

quitotjeieftduaeilr-f M : qdoniam £k iprafef^ 

quitocavnttatemaior eftiqu^m cota. Cum er- 

^* ^i |.§^ totapre(idaa»tertia eft r.3.fic/qaitor2 eft , r^ 

I -t- sr^u^ ^rui -f^S'. EcquQiiiamratioaequa- 

j litatis,quactumlibet multiplicata, femper eft ca- 

7* 5*. [d€ra:&quaritumlibetcompo£ica>nonvariatra- 

1 cibiKSvquibu^um cdoiponiair^luiiuimodi au- 

tem 



^f^p' I tem efl; « ad «l^^^> ad »5 : eadetn ergo 

quaerj *+ '^fa -f jr ^ wi & (ciq.u«OtSB refidua 
t^na »eft f^'^*. ijjra^^* 31? •:* «.tSed tot» Kfir 
dua^rtia^eft^H^LeraporJCMiii^u^reildti^Jncrc^ 









: ' . ' lcointTiiincsptQii^, fidj(e|q(iitdta!K.dC:f^rppn 
• . • ':} incremBnti.taxauda*!- hi-ift^riiohr.^-o j 

Pro vlceriori abfciffioDeprop^ia: &(quitQf$%t4cl fic ab- 
fciiTa, cuius refidua vnitas : & ai^lje'.(9.r 3* ,3/ilterii6|r tefid^ 
fit:2t5 yideftf^ : pars .altetainaemeiititaxatuii^ Quibus 
ex partibus, cotuni cotnpoiutur jacremeot4 ^ipA 0.r$ , 
qnodeft, O.sri ^O.sr-^Ojt -* m. fQtiedSiS^^ i 
f 0)fod}, $, ■'.:/.:■ •".. f 

Efto Hi tabula fpeciofa, in quarto , & in quintultimo la- 
tcre, (pecies 0.44^5 : quaminquintultimolatere prxce- 
dunt/pecies,(?.A4r2^ O.a^r, Q.44:,^eftotot4 r4,vni- 

tate minus ordinata, quamfitiatusquintiilcimum : & efto 
baHs tertia' mulriplicium, vnitace mii^s Qrdiflata,qiiam Ht 
]atusquartum;iDquaban;,numerirunc 3 ,6i 5. 
Dico 0, 44^3 , incremeotum d&y O* 344^2 -» 0. 3 44^ 






De- 






Jf^ 



!uf. 



: PracoinninniboseQitn tot»> Jcferquftocae^bfciflioni- 
bus $ vna efl pars incrementi t 8ft pj-oramciffione vlteriori» 
propriaidquirotiatjeftaltcrs. Etprioiispactis increnien- 
ti ,tot funtpartieulee i quot fupt abfciffiones cooiniunes; 
cemp^, quot abfdir^/xpiptrcGduiriqaarquadf iterti^: 3( 
fiRgolse patticute, fingiila fantincretn^fia quadritcrtianim 
toee> adcbmponciKlas quadritertias iefquitotae. 

t ' ' Poiri-^eocs , & fefquitdtasr proeadem ab(d(^ 
(i$flj^,'eademfft^abrq£a j ied noft eadem refidua: 
Bi eadem eft abfcifla quarta ; ied-non eadem itift- 
dUa tertia .cumque iciidua tertia cota;> cft r 5 ^re* 
nduaiterQa'&fquitota!>€ft ri -^ ir^ ~*ir -t-itt 
Si^m qoadntertia tot£^ eft 44^; ; quadritertia 
felqiliicotaerieft a^$ ><■ 344^2 -«^ 544^ -^ 44 : & 
incrementum quadWtertije> tot^e > ad componen* 
dam quadritcrti&m iefquitota?>eft 544^2 -*■ 544^ 
-+ 4^; Et omnia fimul incremcnta quadritcrtia* 
rum totse > ad componendas;omnes quadritertias 
fefquitotf , (unt O. '3'a^% ^Q,}a^^ 0, 44» 
priorparsincremenri 0.44^5. 

Pro vlteriori abfciffione .propria fefquitot^» 

I abfciffa eft t > refidua u : & abAidfra quarta /4 > re- 

' fidua tertia*(»5 : Zi quadritertia vltcrior propria 

fefquftotx , eft t^$ , vel r^^&eftpofteriorpars 

incremcnri Oju^$ . Ex quibus partibus integrum 

componitur incretnentum 0, 44^3 > quod eft^ 

I 0.544^2 
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Hyfodh, 4: 

Efto f n cabula fpedof3> in quinco> & in quartuldmo la- 
tere, ipecies O.^ir/^i quam in quinto Iacere> prgccdiic fpc- 
cies, O. a% r^, O. ar^ 0. r^ : & efto toca f4 ) vnitace mini^s 
ordinata > qu^ fit lacus quintum : & efto bafis cercia mul- 
tiplicium, vnitate mini^s ordinata) qu^m iit latus quartulti- 
raam; in qua ba(i funt numeri 5 , 3 • 

Dico 0,air^ incrementum efTC) 0. 342^4*^ 0. 34^4, 

Demonfl, 

0.344^2:0.342^4. 

0.344^:0.34^4, 
f' *• ' 0.44 : O.r^. 

0, 344^1 -+ 0. 344^ -+ 0.44: 0. 342^4 -+ o. 
34^4 -t 0.^4. * 

Sed 0.44^3 , & 0.43^4 jequaliaiunt increme- 
ta:62cft 0.44^3 incrementum 0.344^2 -*■ 
0.344^ -f 0.44 ~f f4. Ergoetiam 0.43^4 
incrcmencum eft 0*342^4 -^-O.^^r^ -^Oj^^ 
-t-t^. Qupd6cc. 

Quare*&c. 



f. b. 

fup. 
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Thcar, i^ Proff. S • 

IKtabuIa ipeciofa > cuiufqacnumeri^ in duobns quibuA 
que lateribuS) vna (peciesjbahet pro decrcmento^maf^ 
ias io YDO latere prjecedeoto > multiplifiatas per numeros 

E tabu> 
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tabuls cnukipGctttm > m baii accepcos ,yiucatc miiij^ or^ 
dinata,qu^tn (it alterum latusrproximatn quidem ma(lam» 
Sealtcrnas aggr^atasj reliquas vero fubcra^as . Sod (i 
nullae lunt pratcedentes; qu6d fpecics jn ipfo iaterc Gt pri- 
ina: pro decremento, habet femitoCain> voitate miniis or- 
dinatam^ quiim (it alcerum latus, 

Efto in tabula fpcciofa,in quinto> &in quartultimo fa- 
tere, fpectes O^sr^, quamprarccdcates» in quartuhimo 
laterc, (unt (peeies ,0.43^3 , 0.43^2 , 0,43^ , O.43: 
quart^e autem bafis tabula? multipliciu Hnt nnmeri 4,^>4* 
Ditofpeciei 0^13^4, decrcmentum cfle 0.443^3 — 
0.543^2-4.0.443^—0^13. 

Demonftr» 
I Ea^dem abfcilfione$> quibus vnicas > bjnarius, 
ief.ifjt Q^ deinceps abfcinduntur> etiam femitotx func 
abiciffiones j^rxter vnam propriam totx , qua^ 
ipfa abfcinditur {emitota> Si vnicjs rdinqaitur. 

Qnantum ad commuaes attinct abfciifiones, 
cum cxdem fint abfcif& > cocac > & femitota; 5 non 
ededemfuntrefiduasicumque cocx rcfidua fic r; 
femitocae refiduaefl r— m: &cum coca? refidua^ 
10.^. { quarca > iic r^ ; femicoca? refidua quarca efl r^ ^ 
4/3 -Kfrz-r-^r-i.»: cum deniq; totae triquar- 
ta fit 43 r4 i femitotae criquarca eft <<3 r^ -^ 443 r$ 
I -i-tf^^r^— 443r-i-43. 

Quanctim;d noacommanem accinec ab(ciffionem>(i 

refi» 
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rflida vnitas , vniute minuatur, prokStb nibil rcmanet: 
ciit<]ue r quideoi , irnitas ; (ed r — » , fij hll: & erit r^, vnii- 
tas$ (ed r^.— 4^5 -«• (Trt — ^r ^o >8ihib Sdtriquartaqui- 
dem tota?, erit a$r^i (edfemitotsealia vkerior quafi tri-*- 
quarta 43^4 — 443^3 •* ffa$ri — ^ir^-^ai , nihil. 
Ideoque perinde eft > proprias computare femitote tri- 
quartas> pro communibus ; atque vnam amplius adijcere 
triquartam nullam, pro non communi abfciflione. Quarc 
omnes triquartf , femitot^ , liint 0^15^4 — 0. 4*3 rj -+ 
0*^43^2 — 0.445^-41 0.45; reuera pauciores, quam 
ipfius torx (lint abfciflioncs ; fed perinde xquales , atque (i 
totidcm numerarcntur . Tot« aucem , triquarta; omnes, 
iiint 0.43 r4 1 reuera totidem, quot Itint eius abicifllones. 
Et vtrarumque differcntia , 0.445^3— 0.543 ri -* O, 
443^—0 ai > eft decrementu fpeciei 0.43r4.Quod &c 

Hjfpoth, 2. 
E&o in tabula fpedofa, in quarto, & in quintultimo la- 
tere, (pecies 0.44^3 : quam praccedentes in quarto latere, 
(iintfpecies, 043^3 > 0.42^3 > 04^3 > 0.r$ tquartseau- 
tem bafis tabulx muldplidum ,mimeri fiint 4, 6, 4. 

Dico fpeciei 0.44^3 , decrcmentum efle 0. 445^3 — > 
0.^42^3 -*. 0.44^3— O/3. 

Demmflr» 
t' *• I O.Sa^ri : O.Sair^, 
0.443^: 0.44^3. 
0.ii3:ar3. . 

0, 443 r3 — 0,ea^n -* 0jyt$r^04$ : 0» 

E % 443^3 
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1 445^3 — 0,Sair$ -*. 0.4^5 — 0:r$ . 

f» ^' I Sed 0.43 r4 , & Out^$ , decrementa funt x- 

/up* I qoalia : 84 eft 0,a$r^ , decrementutn O. ^sr$ 

* ^Sa^ri -f 0.j^$r-^0^$ rergoetiam 0.44^5 > 

decrementum eft 0.4(1 jr^— 0.^42^5 -+0.4^5 

— 0.r5. Quod&c. 

hypoth. $. 

Efto in quartuldmo latere, prima /pccies O.43 : Si efto 
fcmitotatertia»^j. 

Dico> decftoientum O.43 , efie m^j. 

Dtmonflr. 

Pro communibus enim totae , 6? femitota! abfcifTioni* 
bus; cxdem vtrarumq^ fiint abrcifll£^& in propoHta fpecie 
0.a$ i refiduse nnllse: pro vlteriori ver6 abfciflione , totar 
propria, vltima eft ab&ii&, vnitate minor , q\xkm tota, id- 
eft , fcmitota m : & vltimaabfciiSi tertia, propria totx, 
tStms» Quarc (peciei O.45 ,decremcntu eft ^»3 .Qaod &c, 

Q(]arc&c. 

TA^w. 4. *^rop. 4. 

T.Ota qnxlibet, eft «qualis,i^gregatis omnibus mi- 
niis ordinatarum abfciftaium fpeciebas, & vnitatr, 
acccptis fecundum numerosmultiplices, in bafi fibi arque^ 
ordinataiacentcs. -. - 

&JfpO^» 

Efto tota quinta t^ $ qua miniis ordinat«abfcifne, 44, 

4^3 , 42 9 /ii «f qqaru» ^ecie^) 0.44, c^.^5^ a42 ,0.4^ 

^ -i Omi 



0.tf> SCeftobaHs quinta multiplicium > cuius numeri^ f, 
lo, 10,5. 

■ Dico «5 ; 0. 5v!<4 -^ 0. i o4| -^ 0. 1 042 -*• 0. 54 -i. 

Demonfhatio, 

p. b. I 0.45 ,&0.r5>(£qualiaruntincrementa:quo« 
^^ j^^ j rum alterum , t$ 5 alterum , 0. 5 44 -+ 0. 1 04 j 

j -*. 0. 1 042 -f 0.5 4 -^ O.» -m. Quod&c. 
I Quare&c. 



a||a»««M«MMw«MMM> ^mmmm^mmmm^^fiffgjmmmmmmfmit^ 



» ... 

Theor. $ , Prop, $ , 

DEmonfl;rare , qualiter acceptis totis^ ^Ua?quc malTa 
cftjequalis. 

Mtthodus Dermnjhrdtidnis . 
Oportet in demonftrando , ppocedefe , k prioribus 
baGbu^ tabulae ipeciof^, ad pofteriores \ St in finguhs ba- 
{ibus,abexteiioribus/peciebus,adinteriores. • 

Porro in fmgulis bafibus, proprima, & vldma 
fpecie,vnacftdemonftratio$item pro (ecundj^ 
8c penuicima j pf o ter tia, & tritultima. Nam,ver- 
bi gratia, (ectmda^qualiceraccepttstotis deinon* 
ftrabitur squalisj taliter acceptis, a-qua)is erit etiS 
pcnultima : qulaconftat , fecundam^ St pcoulti- 
f' *• mam , eflc squales. " 

Subhoc vnotitulo,theoremataconucniunt innumera- 
bilia:cumenim tabula fpeciofa, fkproducibilisiniQfini- 
tum^habet maflas inauinerabiles; ideft, remper plures, 
, . " quam 
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qu^nn quot quif<j|ue affignaueric « , ^ 

Vna tamen eft omnium communis roechodus demon- 
ftrandi > & duo Tunc argumenca : vnum ^- ab «qualibus cu- 
iufdam fpcciei incremencisj alccrumab arqualibus decre- 
mencis. 

Pro vlccriori methodi ennarratione > dabimus triginra 
iex theoremata ; qua; fufficiunt » pro verticet 6c bafibus ta- 
bulx (peciofa;, vique ad dectmam inclufiue : quxdam de- 
mondrata per vtrumque argumentum ; quacdam fblikm 
pcr akerum|$ quasdanKienfque finc demonftratione. 



i 



4. b. 



1. O.m: t^», 

Demonfir, i. 

0.ii-f»:f. 

O.»; t— »• Quod&c. 

Demmfir,!, 

O.a, decremeotaruncxqualiaJ 
O.m: m, 
mit^u, 
O.u.t^^u, QMod&a 

2. 0.i4:<i;r'» 

Dmwfir* 1. 

4» *• j 0. 24 -i. O. I» -f I» ; f a. 

0.14: fat— 0.^11— »• 



iltf.tfi.b. 



fif, t, 

f* b. 



0.i»:r-- «. »* 

0.24;rar:N Quod6(C« 



2)#. 



5* h» 

dif.il.h, 
fuf.f. 



S E C V N D V M. 

Dmmfir, a. 

0.42 > decremeou iiiotJa^ualia. 

O. 24— Oir.*>l»2« 

0.24:ffi>x-f.Oj». 

m2 : ^2 — 2f -4- M. 

1 0. 24 : r2 -« f, Qu^62e^ ' 



3. 0.6^42: 2f5 



4* 6. 



/»/r.f. 



^. i^* 




-3f2-|.l.' 

Dettfonflr, i. 
0. 542 -I- 0.34 -+ Om ^ u: ts» 
0.642 -» 0. 54 -H- 0. 2« -4- 2 : 2f3. 
0,642 : 2^3 ^^Oi^a^O» 2»— m. 
C>;54: 3f2— 3^. .) . ' - 
O.iui ar—- 2. 
[0.542: 2^3 — 3»^«: Qiod3^ 

Demmfir,2, 
0,a$ , decrcmeota fuata^qualuu 
0.342—0.34-4.0.«: f»3. 

0.542—0.54 -*. 0;2JI».* 2IP9^«^ •. 

0.542 : 2;»3 ^ 0.54 <— 0. 2M. 
2W3 ; 2t3 — 5f 2 i-i- 5r»— 2* 
0.54: 3« — 3f. 

0.21»: 2f— 2. 

0.542 : 2/3 -* 3ri -4. t, QuodSia 



r 

i 



3f 




4* 0. 



y 
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4. 0.6(iir : t$ '•-- 1. . c , . : X'. 

^^•T :t Dfmtmfir, x^ . 
1 0.42r , mcremenca luotcequalia. 

I 0. 1 24r »!< 0.6r -* tft,* O.Saz^ 6ti. 
O.i lar : 0.6ai — 0.6r •* 6ti^6l' 
0.6a^:iti-rrtix.J^t., 






I 0.d"r- ^/2s«!-3f. • • 
! C?.l2<ir; 2t3 — 2f. - . 
1 0.6ar: t$ — i.-Qupcl&c 



) . • < 



Dfmonflr.t, 
0.air t ^lecremeQea iiint aequgluu 

3-*' 0.24r — Ojr:0.ai, ,\- 
0.liar'*'0,6r:0.6ai. 
^O.liat^i MAiii ^ Oi6f^ 
fiip. j. 1 0,6ai : 2t$ — 3» "* t. 



• . « 



/if.a 



atfr.-sa— 1*. 
O.liar : itSfit. 
0,6ar:t$^t, QaodSlc. 



■« 



mmmmmt 



•*«ii*" 



^lw^a 



5. 0.443.^4— 4*3--* ri^ 

Demonfir.,' . • 

^ &• 0.443 ■* 0.6ai -* 0.44 ** a» Hi' » ; f4* 

0.1»: f^u. ^ .;• '^ .-•■..- •. 

0.^41; »^3 — 3*2 **^. 
.N \ 0.443 



/if.p. 

/<fr«. 
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0.445 • f4~. 2^3 HK fi. Quod &c. 



41 



&.ib. 



M4* 



6, OA^air : t^^n, 2)em<mft,t, 

I a.43r , incretneota func «qualia. 

0.54ar -+ O.jrf»- ^ Oj- -j. f : Ow«5 -* jj . 
0. 1 I42r Hh O.i 24r *» 0.4r ■* ^ : O^^a^ -* 4^5 
0. 1 24r: 2T5— 21. 0.4r:af2— 2f. 

0.443: f4-:-2^5^jf 2, 

.O.l24a4'^2/5-+2f2:f4-+2f5->f2, . 

10.1242r.r4— r2.Quod&c Demonft.z. 
0,asr, decremefita liint aequaKo. 

0.5 42r — 0,iar-^Ojr:Ouii. . 
0. 1 242r — 0. 1 24r *»*.0.4r : 0.4*15 . 
0.i24rc2f3r-2^ ; -• 

Sitp\%,\ i -A^f .^ 2rt — %u- ^ ! ; 
>^ 5. J ^^^^^ • H — 2'5 -♦ f a. 

1 0.l242r— 2<3 Hf. «i^Vf^ — 2^5 -*.«.' 

j O. ia42r ; 4 i^f 2i Qiiod-SJc*. - ^ 



^.h. 



/1^.4, 






MMbiiVSa 






7. 0.3 044 : tff j — I jf^ -+ rof3 r 
4. fc. J 0.j44-H^0;iO45.-*-0;id4i-f0.54-t.0.d-f»:f5 

. 1 <!?i5«44H;0»l 2045^0.0042 -*a^Q4-fO. C2« 

^•^ 0.I2O42 :4of5 — (Jofa-f2or<- - .'^ 
AP-J. |o.iio43;5of4*t^«^5^+|fc««. 



« z'» 






• ^ • • 



o>.0 



0,11» 



41 E l- E M E N T VM 

0.1 o44rH 5 H— !-«« -*'-^y- 
0,jo44:d[«5 — I ^f^H-iofj; —I. Quoddcc. 



T»»^*»^ 



«>«*W«)>MI^I^ 



'■■i 



3. ^. 



fuf.x, 
fup.j. 



8. a<fQ<»3^r: 1^5 -»>>5^3^ja. .. 

Demsfifir» - - ^ ^ 
I Q.<i4r>4e!PKVDentaiuoe«quali'a» : ; 

0.11043 r-^-aiSo^ir-tO.rao^ir—O.jor: 

0.3044. 
0.18042^:15^4— l$». 
1 0.iao4r:2Crfj — aof» 

O.jor? t^ti' — 15«!: 

0.3044:^^5 — 15^4-^1 o^;--.t; 

0.1 2o43r — I Jf4 H- xo/j — 5 tt tff5 ^ 1 5J4'* 

I of 3 — r. 

10. 1 ze4t3r: 6^5 -- 1 of J-+4& 
O.tfo43n srj -^jr3-t«f. Quod&c 



r 



Sfc 0.3042r2.'f5— /i 

O.A}r2p deaeneQtafunriequalitb. 
3. *► J O. J42ri — 0.54rt-frC>J* > 0^4jr-^ O.4 j. ^ 
0,i8o4^rx— i8«4rx-*-O.Ctor»iO,i29i^3:r-*- 
0.<f043. • ; ^ 

/nf.tf. Io.i8o4rafM5f4-^j5ia.- ^ 

a^ori: 



! 









S E C V N X> V M. 
I O,6or% : icrj — i 3 otz -*i or. 
O.iao43r,*5ir5 — lorj-»-^ 
0.6o»s..\ I J/4-r J<s*^-+ 1 5ix. 
0.i8o4«r£.-«!<- 1 5f4-)> lof j ^ 1 5ri 

— -1 5«4-+zof3 — t jft*+^, 
O.i 8o4ar2 : ^r^ ~ ^f. 
0.$<yMir2:t$ — r. QHod82C» 



43 



• ".••• 



toi:6t^ 



• « 



re. 0.1245 :2rd- 
II-. O,6o0j^i^t6 

12. 0«<^43r2.*rd 

13. 0.424<S':^7« 

14. 0,H^a^r:ttj 



• tf«j-f5f4W2, 
-5^4^.3«..' 

2 i*tf^2if y i^7/3-*-f. 
-7*5^7^3^2/. 



15. 0.21 044^2: «7— 7*3 Hijf. 

16^. 0.42043^3 .'3 /7-+ 7^3 — lor. 

17. 0.2447:3^8— i2/7-i-i4ftf — 7f4H.2f2. 

I JL j0.iJ58d6r^' 3/8-^1 ^-¥ 2 1^4 — 1 0^2. 

ip. 0.15845^2 :r8 — 7f4H-df2. 

20. 0.84044^3:3(8^.7^4 — ior2. 

ai. 0.90.48: io(p.^45t8-+dor7 — 42^5 -+ 2oif3 

— 3^ 
22, 0.3 tf o47r : $19 — 3 or^-f tf 3^5 — 5 0/3-+ 1 2f. 
23.'. O.i 2<Jo4#^r2 : 5fpi— ^3? j-i-lborj — 42?, 

24. J0.z52045r3:i5r9it»2ir5 — rior3-+84«i 

25. 0.^3044^4 :rp-+2or3 ~T a"' 

2tf^. 0.2049 :2r 10 — lorp-f i5r8 — i^rd-* lor^ 

— 3^2. 

F 2 27.0.180 
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27. O.i 8o48r ; aM o— 1 5f8-+4af5.-»-<5 ot^^i \t%^ . 

a 8. O.s (fotf^ra ;^i o-^xwd *^ j 0^*4-^3 "W 4. • : . ' 
ap. 0.84045^5 .>fa>cn-7f6--^oi4»H4if^,^ . 

j o. 0.1 25<v^5r4: (i«t«~a9i4-*-'-2-i;*2;'^ . • ' • 

3S«S-^5^ -i • 

32. 0.(J5o<i5>r;^li!-r»-J5rp-+ip8f7-i-330f5^23i/j 

34. 0. 13 2047^3 :f.ii*-mt7 — i Bo«y -+1^8^3-^100/. 

35. 0.23 io4<Jr4;f 11-^5 545 — i$it$'-*rf^u -1 
35. 02772.45^5 :iii-r22f5.-»-* 31/3-—« 161. . * 

£t in infinitum> eadem n^ctboda fupa tradka , poteft^ 
demonftrari , qualiter a^eptiat totis> quaexjue mafla e£l 
a:qualis. • - -■ • •• -. ' '. - '^ • 



' r . r V* ^ 



» • ^ 



!■ ' I n I I ■ l i n ii<Wi HH i ■■ iK il ff, ^ ii t iii 



•. > ... 



TW; 6. Prop» 6; ■ '■■ 

DEai!(>D(lrare , quaUtcr acceptis femitoiis:> qusequc 
mafla cft xqualis . 

- T Jkfeth. DmaHjir* ■ ■ ■: 

Qpprcet pneftfpponere- tbeoremats demoiiftfflCa itt^ 
prcEcedenti, {ua ciiiuique ma£&propria : deinde totas re- 
folucre in fcmitQta» 9 per tUf. t $J?M per 8./. vt ie^itur. 
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r 5 .' in 5 -+ ^Tif 4-:( I oi»3 H-ri oi|i 1 r4 5 m4ir. 

t6 :m6-*6m^-+l$m/^-+zom$-*l'^m2~+6t»-H*i - 

ty ■: »py'-^yff>6'+<zim^ t*--3-5 »4-+ 3 5»^ -»■ x imi -^jm 

-+u» 
tS :m^-+Smj'+iSm6-+^6m$ -+ jom^-t^^m^-^iSmz 

fp: wp-*p»»8-f 5<S'»!»7-+ 8/^m6-+ I26m^-+ ii6m/^-+ 

- 8 4«» 5 -+ j 5w2 -^ pw»-n#. 
110 ; wi o-fi 0WP-+45 w8-+ 1 aorny-**! owtf-+2 5 2»»5 

H-l; I O W/j.-»- 1 2 <5W3 -*4 5 «a -+1 01»-4«fc 

fii; wii-+iiw»io-*55W5^-+ i55m8 -+ 330W7 hk 
. 4tf^i»d-»-4tf2i»5-f 33ow4-+itf5w3-+ 55^2 ^ 
. iim-*^tu 

■ 

Vnde, pro triginra /ex tbeoremans propiontis in pr^e- 
cede^',^ demoBftrabilibus, alta triginta fez propone- 
nius 9 in prxfenti > demonftrabilia , videlicet . 

I. : QMim^ 

^. 0,iaimi-*m, 

3, 0.6ax:imi-+fm'2-im, 

4. O.d^r^ff^^-ir^mz-i-^m. 
<5» 0,443 ;i»4-^»i»j-n»a. 

6, 0,liazr:m/^-*^^-+^im-+iim, 

7, 0. 3 044 ; 6m^ -+ 1 5i»4-e i oi»3 — m, 

8, C>.5^o43r;3i»5 -* i^m^ rk 25 »3 •* i^mi 

%m, 

$. O, 



1 » . . i» 
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I quartam, rpecMi9p»ece4uDt,terda 0.ri/ectia> 

"■•''• >i mioaa^ qci^aaififtivJtuiMiail lajEus: qui; pr0f^6, in 
^»74'*- vonfihc:qotiitjnu^'pVopbrtt9naIiufQ:Cot»mpi ^e^ 
r---^. %u tipff ratioiniifi^aeqj vflitas m. £t qtiooiain Ojr^* 

Ieift&in quarto iaterejfumaturbafis tabulse mul'- 
tfplicium,vmtate miaus ordtoata> oempetcr- 
j tia,cuiusnumeri 5 ,3. .! 

' Dico O.rj > incrChientum efle, 0. ^ra -«- 

." j^O.Jf -«•.O.ll-i-». v» 

!. < .: • Dimonfir» ' 
E^dem abfciffiooes , totae funt > & ferquitQt^ pro qui- 
busvnaparsincrementi 0.r5 taxabicur. Prarter abfcif^ 
rionestot2e,vnaeftvIteriorabrciifio ferquitocxt proqua 
pars altera dufdem incremienti taxabitur . Rurfum prima 
parsincrementijtDtex partibus componitur, qUotfUnt 
.abrcifnones, totsej fidefquitotxcommuoes. 

I . £ftautemprovnaabrctifione,totae,8i(e(qat- 
tot^,communi>cademquiickm abrci(Ia,fed noa 
eadem<refidua< Cumque tot^e reiidua eft r,feP 
quitot3e!xenduaeft.T -«- u : qudniam & ipfa /ef- 
quitota vnitate maior eft ,qu^m tota. Cum er- 
^' ^i |.gotat^refidBa»tertia.€ft rj 0e/quitorjeeft , r^ 
1 -k- sr2u-^ ^tuz -^tf j. fitquooiamratioxqua- 
j litatis,quaQtumlibet multiplicata, femper eft ca- 
7* 5 '. I dcm:& iquaiitumlibet compofita, non variat ra- 
'I tibnesyquibu^um componittir::httiufmodi au- 

tem 



de^f*p. 



-> . 'i' 



tem eft u ad tki^^-MA, ad »5 : eadem ergo 
qoanritapeft :)l^. , afique «d ^. | mit r-^itse >5fi : 8i 
3U2»^"qiiaf)g?r»i & f^ v* jrarr* 5w>r+ «3;; 
quacrj -^ jra -<■ jr ^ ir; Se fe^iitQtx refidua 
twtia yeft r^:^!- ^jjra .m- ^r -f »*r;Sed tot» t&Ct- 
dua ^rtia ^eft>>i? i crgooCMiii^u^reGdu^e. increr 
mentptn eft) ^ rx .^. g r :>t«;^-:£t^ain)aai refisto- 
xum, iijeff^ Oj-5 , otnnfp mbtmQt^fkGikt Oi^rj^ 

U cx^n T«L Ooiafonditn) jKK}^iiiatab((jiffiones 

*. ' . I communesptQii^) fi^ie£qui(Qtd:2:.$i^fdrspri[na 

• ; . .} incrementi taxanda. ^'.•; ft^mDhr.'j.3 | 
Pro vlteriori abfciffioneprop^ Ctfqmtw^tAtl fit ab- 

fcilTa, cuius refidua vnitas : & msSx.O.ri' yTdtcti0rM<im 

fit it^ yideft u : pars alceiainaenMinti taxaiuk^ p^ibus 

ex partibus, totuni compotutur /ncremcm4 ^^i Or 5 , 

qoodeft, 0.sr2 ^0,$r^0.u^tiu fQttod&C. 1 

£fto in tabula ipeciofa, in quarto , & in quintultimo la- 
tcre , fpeci^ 0.44^3 : quam in quintultimo latere pr^ece- 
dunt.rpeciesy(?.i(4r2, O.a^r, d«44:.;Seeftotot;) r4,vni- 
tate miniis ordinata, quamfitiatustquintiiltimuna : 8s efto 
bafis tertta' multiplicinm, vnitat^ mk»:^ Qrdiflata,(|L]am fic 
]atusquartum;ibquaban,numeri{uBt 3 ,& 3. 

Dico O. a^s , incremeatum ^, O, ^a^i -*0.ia^ 
-«■O.44 -i-f4« - . 



fi 



Dc- 



4^ 
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35, 0.277245^5 :«»ii H- timio'^55i»p-«itf5m8H- 

3^3ow7-+4tfaw5H-44o»»5 -♦ 22o»»4-h- ijsm^-* 

528iii2H-384m. 

Sicut anteai poffibfle cCb , vkra dedinam baiitn {pecio- 

He tabuls , in demonftrando procedere, inpta;cedenti; Sc 

oftxnderc, qualiter accepis totis qtf^d^tte ma03 e(la!<]ua« 

lis : ita poflibile eft in pra^^enti procedere; & demonllrarey 

qualiter acceptis (emitotis^ qusque ma(£i eft «quatis. 



^ 



Theor,j,Prop,j, 

DEmonftrare, qualiter-dcceptfs-ieiquicotis > «^xqne ' 
maikeftaequalis;. • . ' 

Meth, Demonjhr, •' - / 

Oportet pK^fupponere theoremata , demodftratA^ ' 
fub titulo p^o^p. 5 . h, fua cuiufque propriardqnde totas 
refoluere in {efquitotas pad^,.tS,h, Sc per i^.p.n fe-' 
quiitur.. , : . . - '■":•■■ . : ^i 

;tf— ». , ' i. ' ~ ~ 

i-.-fSi— -5^2^ J^ — «. r- - - " • \ • : •' ' 

4 ; ^4 — 4^3 -+5^2 — 4^-t». .'• 

5 ; ^5. — 5 ^4-f I o^j -^iiQ^i^ 5^ i-^i*; ; »\ » ..•'•;. 
<$. ; ^^ r^ ^ J»*^5ff -if 2^ e+*T f^a^^^f^v». ' i i' '. 

7 'q7—7<j6^2 1^5 — 3 5^4^-3 jf^+-!i:¥Y*-*77^""- 
8:; ^^•%7-t2x£yf ^4:^5 H>7«^4^^tJ^^ fe«^ -^: 



»\ 



•I* *• 



•^^ SECVNDVM. 45» 

if r t « ^ 1 r -— I i qio-^ 5 5 f 9~^ i (Ji^^M* j 3 0^7 — 4^ i^ 
H-45 2^5 —5 3 0^4-f I <J5 ^3 ^- y 5^2-+ 1 1^ ^ «f. 
Vode, pro triginti fexthcorcfnatis i propolkisin 5 A 
alia triginca fezpropoQemus, JQ pr«(epdV(iemoQftfabilia, 
videliGet. , ? - 

I. O.»:^ — 2. 

3. 0.6az:iqi — $qt-+i$(i'i-rS*i . 

4. 0.6ar :(jS — 3^2-4-1^. ^* » 

5. 0.443.-^4.--ir^3-^.i3^^2-fvi'i^.-4 4. 

<J. 0.i242r:^4 — 4f3-»-5fa— ap. 

f", 0.3 044: (^^5 iJ. 45^4.-+ ,1 j<xf3rr-i 80 ;y 4 ^ 1 1 9 ^ 

.-3o.' •--• : — :i , . • 

^, 0.(Jro<j3r:3Y5 — 15^4-+25^ — 15^2^-2^. 

p. 0:3 042r 2 : ^5 — 5 f 4-* 1 o^j -— to^2-f4y. 

1 o'. i &. 12*45 ': ? ^5 — A-rH^,-^55y4-v-i »0^3 -* 1 1 p^a*-* 

tJo^ia;': •' •— .. •' " . •; , - ;; - :v 

1 i.. f?i*044r:*if^-»ttt^H-a5^4---2.'0(^-*Jf»*n>jf* . 

I i, 0.6oa$n t^tf-^^tf^Jn- i'5<^»:-^ « 0^3 "*V^4^x — 4f» 

^i 3. 'd.;4a4tf ^6p-^'fit^ -* !7Jf5 -*^<?30^4-* «3^1 

:— 6'30^2--^.i5^^iU.4i. ;,;- . . ^ 

^ ^ ^" 15. o. 



jo ELEM ENT V M 

17. a^447;'j^8— s^^^T-^U^M^^-^^ow-^^s^n 

840^5-^5 0<f^2-^t^8f-«r24. " 

1' 8. 0, iS^asr :>sqS-^% ^i0r^^o^6 ^. 84f 5v-»- .* i,f 4 -* 

28^ — 'ib^i''*'-^^.- ' .r ;. : . 

ip. ai5845r2:,f8— 8^7-^28^(f— 5(f^5-+<^3f4 — 
a 8f 3 •— 8^2 -h 8^, 

tjo. 0.84044^3:3^8— 24f7 -*-?4^<?r-.i.d8f 5 -*-»i7f4 

21. as)048: 10^9— I35f8 -»780^7— 2 520^(5- -». 

45)58^5-i«-53<iQf4-t ^0^0^.3.^ 25 iofi-t 7' 7f 

— 90. •■ -■- .r;-. ^-;; .- "■■'■: .-.«•' ■.• 

22. 0.3 5047r ; 5f P^^45f S - "* ^ 5 0^7 — 2 1 oj<J -* 

tf3^5-*.io5^4— 50^3— 30.p-*-i2^, , 

23. 0,l2<5o4<5r2; jj5>— 45^8-+i8o^7— 420^<r-* 
5 ^7f 5 — 3 1 5f4r^i^ 1 0^3 -*■ 1 5 0^2 — 1 ^f 

24. 0.2520115^3 ; ^^^''-'^JfS-*- »8o^7r-42<3^^-^ 

^5 1 f 5 -^ 73 5 f 4 -^ 5 a of 3 — ^of ?- — ^.<^f' 
a 5', 0:^3 0441-4.;^ S>-*5>f 8 -^3 ^f 7-^;48f <?r* i.af f 5t 

V I a^s^f 4 -f I o4f 3 — S^f * -*-4 ?f» ' • . : * . 

i^, ^.204^; 2^1 o— 3 o^p -* 1 95^8—72 0^7-^ 11^66(16 
-252o^5-*-2530^4-f58o^3-i-7i7^2— i8p^-i-20 

27. Pii8oJi8r; a^(Q-« 3t,J^S> -* ^^f^-^^aoj??»"* 
42f^^ 84f 5 :- 5 of^T^of 3 -^ t^lf * -^<^- 

i .> 3$t O. 




S fi € V N D V M. 1, 

ap. 0.8404^^5:^10 — io^ps-45^8^i26if7Htaf7^5i 
^ %P4^5-f 26^5^4 -~ <f 0^3 ~- 1 08^2-4-5^40. 

30. 0. 1 26 orfj r4 ; ^i o --^ i o^p h- 4 5 ^8 -^ i 2 0^7 -«• 
2 1 0^5— 2 5 2fj -f t j 0^4—2 0^3 -n 44^2 -**48f . 

Ji. G,6Saio: ^fir-^^i>9lo-i-7i.5fp.>— 2p7<jy^^ 
785 4f 7 — 1 5 8tf 0f5 -I- 1 669%^$ -* 13 8^di^4 ^ 

7887^5 — 2^70^2 H.56'Jf— 5^. y 

|2, 0,66o<t9r : 6jtl -*-66^%o -* zjjif^ — 4P5f 8 -+ 
i98f7H-452f<f ^' jjoff — 3 J0f4-+ 23 If3 -t 

33. 0.ppo48r2;afi.i — 22fto-f iiof^— 33of8-4> 

5P4f7 — 4<^if <^ — *4»f 5 -* 5 5 of4 — I if 3 — 
i3ifji+42f. • > • 

34» 0.1^2047^3: fii -^ tifio-+ 55^9—155^8^ 
• • 34 Jf7^'5 3^f<^-+ f «31 5 — ;i<^5f4 — 3 5 ^f 5 -«• 

220f2-f32f. ■ , ! ! 

35. O,23io>«5r4;fii^ iifio>i- 55fi9^itf5f8 -+ 
3 3of7 — 452^5-4-5 l7f5'~^<Jo5f4-i-484f3H-88f2 

— »32f. 

3^. 0.277245^5 :fii— iifioH.55f5>-~ J<5;5f8.^ 

3 30f 7 — 452f5 -I- 44of 5 — 24of4H.i 75f 3 — 

528f2H-384f. • ' ' 

Sicutaucem poflSbHe eA^vttra decimam bafun ipedof^ 

cabube demonftrare, quali^er«[:C<{^ds<totis quxqodnafrt 

. cft aE<]ualiSj iuxta mctbodaid fJ^ksi^po^k^ e^y ecUm \fi 

«'^ .*. G 2 pr<e- 



> 

• 



5* E3LHMEN5yM 

praeftDtt piocedere i a iqfia^tifii> Si ^f (poaftc^^ t 

que maflk:cft «qualis * ;. ; * ; .' . : . ■i 






DHmoAfti>9^, qtialicec ^^^ptis prtKiu kf^is fpccic* 
bus^quagquemafia e(beqQatis ., 

^«r^. Dfmmjk* . 
; Sdblipc vno ticalo , imiumerabilf > <tfieprcmaca cen(eri 
poiient > quoruTQ yna comtminis. cft .metbodis demon« 
ilrandi, per 5 . h. refoluendo malTas > iq toias fibi iequaiesj 
& per 4.^. refoki«iida to^s.> ia ipecies primi lateris (ibi 

«qualcs. - •• ; • i 

Pro vlteriori metbodi enarratione>prop/)nem4]s vi- 
giilti quinque theoremata^ ynum cum deaHK^ra^Qiie, $9 
rel^uaiine demonftratioB^ «qua? ppfTunt faql^ demon- 
ftrari> fccundum methodum aflignacam . < 

Oimmfif^ .; . 
j.A. \0.6ar:t$-^t. .. ■ 

lo,6ar:0.sai'*0.sa. 
\O.2ar:0at2r*0J» Qlod>6(€. . . 

4. . O*)S42r:0Aa'$^(h$a2.-^.at r> , :. i - f:.v . -,:;{t,,i.; 

': ».' 4.0. 




S. 0.6oa$r2 :0,Say^0.i-^i^^^0.ioas ^+0:1544 

. - - • -j-Oi44. • ■ •>..•- 

7.' •O.ia45r;0ii4<5'^-0.(y<i5-t0.^<i4--0.rfi. 

8. 0.3 044ra ^O.arfd"-* 0.^<»5-i-O.lb*4-fr O.io^j-t- 

9. 0.2043^3 ;0.<i(f-^0. 745 »+0.54-4-^0 545 -fO.442 

~-rO,24. :^ • • . • 

xo: jO:42'46rsO*6a^--i^0..i ta(S-+0.t i»5 — O.fa^^O.a, 

1 1. 0.84J5ra ; 0.447-4-0. i4<i(J-f0.2 84^-^0.3 5 4^-e 

0.1443 — 0.742 — .0.44. 

12. <X4io44r3 :0. i2aj-+0.42aS-^0.S^^-*0.lo^a^ 

-*-0.9843-4-0.^342-+0.l54» . :• i 

1 j; 0.2447^ 8 C?*3 48 -+ Ori 247 J+ O. I ^aff-^O.ja^^-* 

0.'243* -■ s • ' 

14. 0.844<5^r2; 0.iaS-+O,i2aj-*O.2SaS-*P»^^ay-¥ 

0.^*144 — O. i 443 — 0. 1 042-»-0.24r 

15, 0.1 6Sa^r$ : O.saS-*- 0. 1 247-^0.2 84^-+ O.4245 

0.4944 +0.4*43 -fO.442 — 0. 1 14.. 

iS, 0. 4 1 o44ir4 ;-(?:3 aS * O. xiaj^ a.a W r*- 0.4«^ -♦ 

. 04244-i-p.?l{43-f 0.3 242-^^1-34. 

17. 0.p048r :0. 1 04^-^0.45*8 -^ 0^604^*^0 J^idi 
-■ Q.^oof-^Orsa, •• 

18. 0.i6oajr2i O.toas •♦ O4548 •* 0.12047 ** 
'bb\v:.U>6aS' mrxf,i4ea^i^{<tiaJ^^tooia$ j^ | 

rj\uV.^,zi^%.Ji'^'ii'^?i'r.:(y'''o'.. \V^Tii':'.\ \. V. 



I s. 



I • I 
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^(f ELEMENTTVM ^ 

II. 0.6oa^:2m!S^i%my'it-a,'im^'-*>2oms-+$m% 

^^. ^^siJ^Oiij r^.tfitf' -*-^J»5 -hi 5 »4 -H-a o wj -«• 1 4wi 

-+4»». 
•J 3 . .O.^^aS : 6mj -<■ 1 1 m^-* 1 1 w5 — ywj -+ w. 

14. a84<«5r:2W7-i.i4w5-*.3ywj-t55»f4-^7»»5 

1 5. 0.2 1 o 44^2 : 2W7 -t. 1 4 mS -» 42 m^ ^yom^-*- 

6$ii^$-+7.im^ — rzm. 

16. 0.42^43^3 : $mj -*■ 2i>»tf-«'6^$w5-*-iJD5w4 

-*■ 1 1 2W3 -*■ 84W2 -+ 3 IWf. 

17. 0.2 447 : j'W 8 H- 1 a »7 -+ 1 4»nJ-^7W4-+ 2»»a. 

1 8. 0.l6Ha6r:$mS-+2^m'j-i'jom6-+S^$'*iim^ — 

.28»»3 — 10;»2-^4?». 
i9y'0.i68a^r2 : m^^^my-^:2.Bm6*-t-SSm^-*6im^^ 

a8w3 — 8«»2— 0»». 
ao. O, 84044^3 : 3»»8-+a4»i7H- S^miS' -4-l(5'8m5 -♦ 

a 1 7W4-f I ptf^w^ -n I <f «>2-^ 3 ji». 
ai. 0.9048: io»J9H-45»»8-*-:i^o>»7 — 4»w5-f^owj 

27» 0.3 <Jo47r:5w9H-45w8-i»i 5 owi7-+»iowf^ -wJ"3»i5 
— io5W4-r-'5o«i3-*3o»»2,-*i'*'». • ' 

»3. 0.i2tfo4^ra.- 5wp-*-45i»8t+ i8o»jf7-+4i«wtf''t 

5 d7«»5 H-3. 1 5«t4 — 1 1 o»^3— 1 5 ow» — i tm, 
24. 0.25*045^3: 5w9-+45»»8h- i8o7»7-fc4iow^H- 

6^imj 




STB C;Vf N D V M. 4?^ 

-* f»tf»i»4>^io4f»5 -* p5;»ft-f49;». 
a^. 0„^ 045» : 2»» £ o-i- 1 ow»5M' 1 5 »18 — 1 4»»^ -+ io;»4 

O.i 8o48r: ii»l o-«-» om^j^mS-i- i<i onrj^-^x^^mS 

— 84«»5 — jo»j4-+4ow3-*2ii»» — (fw. 
a8. O. j<5^^o47r».'»«o-fr io«»9-b45»»8-+rix>i»7H> 

tSgm6-*^i26m^ — 55^4 — rioowj-+24i», 
ap. 0. 8404<Jr5 .'^ j»i o -+ i oi»9 -*• 45 mS -♦ i aomT-* 

2 1 7md-v2$>4i»5 -*• ^S^m^-^Comi — i o8»»2 -~ 

<^4m. 
30. QjzS-oa^r^: mio-Moi»9-f 45m8-Ki20i»^-^ 

2lO»»d + »ja»»5-ta30w4H-2oo»»5-»> 144»^-? 

48X». 
5 1. O. <r<J4i o : Smt I -+ J5WI 0-+ 5 y »»9 — SCmj-^ 

$a 0.66oA$r: 6mi i -► ^^wio-+ ^j^msM- 4p5w8-+ 
t^Smj — ^6%m6 — 3 50W5-+530W4-+23 i«»j 

— 9pwa— 50»». 
J5. 0.99048r2.* J«»il-f22»»io-¥iiow9-K33o»8Hc 

5 P4»»7 -t ^6im6 — »42»»5 — 55 o»i4 — i im$ 
■^*$im*-¥/^2m». 
J4. O,l$%oajr$:mn-* timio^ ^$^9-+ t6^mSHr 

B^imj-i'S39f»S'* ^S^m^-^MfSf^m^ — ^^»»! 
— 2aO»»,-+^*i»»» ■ 



4« ELEMENTVM ^ 

3 1 omj-+^6imS-*$i jm^-+S0t$m^-i- 484^3 — . 

35. 0.277x45^5 :wii -*• iiwio"->55>»p^itf5f»8-i- 

5.3 o»»7-+4^aw^-444ow5 -+22 ow^h- 1 jsm^ -t- 

$iBm^-+3S^m. 

.Sicut anteiii poffibile cQr , vkra dedmam baiim fpecio- 

fse tabuls , in demonftrando procedcre> iirjn-arcedenti; & 

oftxnderc, qualiter accepis totis qU^EAjue malTa eflr^cjua* 

lis : ita poffibijis eft in pra;^nti procedere^ 82 deraohflrare^ 

qualiter acoeptis iemitotis^ qusque ma(£i eft jcquatis. 



Theor.j.Prop^j» 

r^ Emonftrare, quaHoer^cceptis>feiquiC9tis ,'<^xque 
/ mafiaeftacqitaiis; . ' 

Me^, Demonfir, • -' .'• 

Oportet- pK^uppanere thporemata , d^oiiftrata» 
fub tituto /V0p. 5 . h, fua cuiufque prppriar defnde totas 
re(bluere in iefquitotas paJ^^iSj), Sc pcti^.p.n fe- 
qqitur.. ^ : , , - ' f' 

t:q — u. , . • i ■ - - 

<3L'.''y3>—59»^lf — «. -.- \-; 'J 

f4;^4 — 4^3-f(j^2 — 4^-+». 

tf ;iy.5. — 5f f-fio^j .^110^1-4 5^ i-v^^; >\ ^- ..?•'.. 

f Cf; ; ^tf -r ^ J**ac5^if-if 2<?^ ^h*r f^a^^y-fj»/ ^ r i 

^7 :qi—l(i6^i 1^5 — 3 5H-+3 ^fy^-t-^^^-i^Tf^». 
f 8: ; ^ ^ «97-^^f <f •*-':f ^ 5 «*7 •0>-::.ij't^f<+ fe«^ *i 



'*^ S E C VN D y M. 45» 

H-aio^4 — 120^3-^45^2 --rix?^-fi>. .," - 

-+45 2^5 —3 3 0^4-f I ^5 f 3 -^ y 5f a-+ 1 iq ..— ». 
Vnde, pro triginta fexthQoreoiatis » propofids in 5 A 
aliatnginta fexpropoaenius, io pr9fieinti,iiemoQftrabiIiay 
videlJGCt. ■ . ? ' • .. ' 

I • C/.H .* tf "• ~ 2 • ■ • - • • — • ■ ' 

3. 0.6ai:i<ji — p^2-H3^"i-tf,i . 

4. D.<J4r;^3 — ^tji-imf, ^- ; 

5. 0.443 .-^4 •-- iff 3-^ 1 3^^2 -t^ttq.^ 4. 
<f. 0.i242r:^4 — 4^3 "+5^2 — ap. 

^; 0.3 044; 6if$ iJ. 45f4.-+ .1 j«ff 5;-^ 1 80 ^ 4^119^ 

... 30.' ■ ■ ■ "■ : — '•• ;- 

^. 0,6 oai r : 3 ^ 5 — 15 f 4-+2 5^ — 1 5 ^ar+ 2^. 
9, 0:3 042r2 ;^5 — 5^4^.10^5 — 10^1-^4^. 

10". i i)i iTCa^ ': ^ ^5 •-* rlJ^^-^ff 5^4-r-i »0^3 •* 1 1 pf a-* 

I a. 0.5043 rJ t^tf— 'tf^5-+ 1:5^»:'- ; 0^3 -♦■.^14^1 — 4^. 

— 6-30^» -+»5^^^ ^4 i. /, . • j : 

G 15. O. 



' V.' 



jo ELEMENTV M 

—- 84^2-fr5'2^. : ■ " - ' • .-•..' 
17, a^ 447 ; ' j^8 — 3 <%7 -*l ' 8 *f ^^-^ 5 o4?5 -* 8 3 3 f 4 

r 8. a i^iJ^ .•< 3 f 8 — a 4f 7''^7 ^i^ -r S4f 5^-^^ ^f 4 -*• 

2'8^'— '-10^2' «^-4^.1. ' :-.;.o- ■•...; ; 

ip. 0.i5845r2:,f8— 8^7-4-28^(f— 56^^5-«-<?5f4-" 
48^3 — 8^2-^8^, 

io. 0.84044^5:3^8— 24^7 -^■U4f<?-r:i.(J8^5 -+»17^4 

— ip(f^3-^iitff2— 5if« . 

21. 0.5048: io^$>— 135^8 -»780^7— 2 5 20^(5- -I. 

45)58^5-i-^3><jQf4-t^o^o^^r- 25 20^2-t 71 7^ 

— 50. •■ -• • .r;- ■ •'- ; • -• "'••'••. . ■ r • •_• 

22. 0.5 tf047r; 557^-^45^5,-+ 150^ — aiojtf -* 

^3^5-1.105^4— 50^3— 30.^2-^12^. ^ 

23. O,ia<JJ045r2; .5^9— 45^8-+ 180^7 -~42©^<r-<. 

5<^7f 5 — 3 1 5f4r^ii I of 3 -* i ^ofa— 12^^. 

24. 0.2520115^3 ; 5^s>--45f8;-H- i8o^7.r-. 

^5 1 f 5 — 75 5 f 4 -^ 5 a of 3 — ^of ? — A<Jf' 
a f . 0:^3 044^4 ;f$> — j>f 8 -* 3 ^<p-^^Zq6r^ i. af f 5t 

I2^f4-fi04j5 --S^f*-^4?f» * ' . : * . 
i^. ^204^; 2^1 o— 3 o^p -* 1 95^8—72 o^7-f 1666^6 

-a5ao^j-»-a530^4-l58o^3-i-7i7^a— l8p^H-ao 

42f^^84f 5 f- 5of4x40f5 •^.^lf*-^^?^* 

» t> aS» O. 
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S 16 € V N D V M. ji 

30. O.i 26orfyr4 ; yio -— 'io^S> -+ 45^8 -^ i 20^7 -+ 

1 1 0^5— 2 5 2^ -+ 1 3 0^4—2 o 0^3 -+ 1 44^2 — 48f . 

3 1. Q.66410 : ^f I r-^r^^» 10 -+71.5^9..^ 2p7(^-«. 

7854^7— ijStfofff-* itftf98f(«-£F386'd^^ 

7887^3 — 2p70^2H.56'Jf,^ — 5^. y 

32. 0,66oA$r: 5^CI — tf<ff«o -+ *75f9 — 495^8-+ 

I9%<lj-^^6ij6 •— • J jo^f — 3 JOf4-+ aj If3 ^ 

33. 0.9po48r* ; a^l 1 — 22^1 o-f II 0^^'— 330^8-4- 

jP4^7 ._ 452^ 5 — 242^ j H- 5 5 0^4 — 1 1^3 ^ 

34. 0.1312047^3: fii -^ tifio-4. 55^9-^16*5^8.^ 
• ■ 34 Jf7^'5 3^f<^-* 5^831 5,— ;i<^5f4 — 3 5 *f 5 -«• 

220^2-4-32«. ! ! 

35. 0,2310^5^4; ^ii -* iifio-+ 55fj9«^ Itf5f8 -+ 

3 3 0^7—4(52^5^,5 i7f 5-1(505^4-1.484^3^.88^2 
— »32^. 

35. 0.277245^5 :fir— ilffo-+55fi9-~|6:5f8-i<- 

330^7 — 4(^2^(5 -1-440^5 — 2*0^4^.175^3 — 

52 8^2-f384f. • " ■ 

Sicutaucem poiItb0eeA;V}tra decimam banm fpecior^ 

tabube demonftrare, quali^<aicC<j^tts<totis quxqiadnafri 

, eft aEqualjSj iuxta mctbodlud t.i^itai^fibilc: ej|^, ecUm ui 

•'^ .k. G 2 pr«e- 



5* E-LBMENSYM 

vltra^ecimam ba^aa r^iialtter/ac^Qf^ ibiq^isqi 
quemafla:cft«qua}ts.* |. : * i 






mmmm ■»■■««■■• ««iMMMrttti ■««■«»«■■«■< 



DEmoAfti>9^,qrialitec fq<^fti% pnpu kf^is ipccie* 
bus^quiequemaila eft^qoaiis ./ 

Medo, D^monjk* . 
; Sublipc vnotimlo , tnniimerabili> (theorcmata cenferi 
pQ&XiXi quoruTQ yna comiminis. cft inetbodts demon- 
ftrandi) per 5. h. refoluendo malTaS) in totas fibi iequales} 
& per 4.^. refokiciido to^s:> in ^cies primi lateris (ibi 
«quaks. ■ •- \ :;•-••• . "• ; 

Pro vlteriori methodi enarratione^proponeows vi- 
giiiti qoinque cheoremacai Mnum cum detiKK^ra^giiie, ii 
reliqua(ine demonftrauo^^ squa? pofluntfa^^l^ciemon- 
ftrari> fccundum methodum aflignatam . • 

Dmmfir, 
5.6. \0.6aru%-^t. ; 

Tf i.: I n iOi^^o.^a-^^OM^u, . , ... ~ . . : 

ItsOM-^u. 

\ 0,60^:0,141-^0.14. 

\o.zar:0jnr*0jim Quod>6(c. _ 

$. 0,Jia$rvCKs^-*q,Mlt:^O^Z,<,)r ,:.•., :,.,^.;r:i 

i ^,0, 




5,- i<k$oaji^. ! Qi^a^::f0.t^ «4)^0. loas — O.* 

S. 0.6oa^r2 .-O.tf^rfj-j-O.ifnf-f O,ao<ij ^Oii^ai 

- - '-1-Q44. ■ ■ ^ - '- 

7.- •.O.ii45r;Oia4(rH-0.5rf5-*0.^44--0.rfi. 

8. 0.3 044^2 :0.2<i5-(- 0.<J45-+^O.Io*4-fr 0.1043-+ 

■■::... QiSa^-^OA, -. '• ' •J"- .;-'■.■." . '•'..' 
p. 0.2043 r3 : OjtS-i-O.ja^ »+0.5 ^zf-t-O 543-^0.442 
~-.:0.z4. " r^ - ' • . ^ .• . - ' - 

10; /7."42ji(ffa0»<>47-cQ.2r4(y-fO.4i45 — 0.743-^0.4. 

1 1. 0.84^5^2 ; 0.447-^0. i44d'-+0.2 84^-+0.3 5 44-^ 

0.i4<i3 — 0.742 — p.44, 

1 2. ^4 2 044^3 -^' ^'^ aj-i-O.^z aS-^0,S 44^-^0. i o 5 44 

-f0.9843-4-0.^342-+0.i54, . ; 1 
1 j, 0. 2447^ ; 0»3*48 Ht Ori 247 ^4- Q.i^a^^O.ja^-* 
- - O.-iai, ■'[■'■ "■ 

14, O.S^ri : 0.348-»-O. i iaj-*0.i SaS-*P,fia$.-¥ 

O..^ 1 44 — 0. 1 443 — 0. 1 042-^0.24, 

15, 0,l<J845r3 ;0.548-* 0.1 ^^^-^O.iS^i^H- 0,4245 

0.4944 +04*43 -f 0.442 — 0.ia4.. 

ts, O.i. 1 0441:4 :-0:348 + O. n»^-^ CXi ^h-Q.^»^-* 
^ . . 0»4244+(>.f843H-0.3242-^;a-34r ■ ;. 

17. 0.po48r;0.io4^-+0.45*8 ^OMoaji^O^idi'* 
-• 0.2043-— 0»34. 

18. 0.35047^2: 0.IO4P -* 0,^^48 •* 0.11047 ** 

?ji«t'toj3<j4i«*^*s44.' i"'''»^*^"" -''•^••- '.' ■■''^•''•^ *• n. 



j4 BIE^MENTVM y 

' I p. 0.8404^^1 : O. J o4p -* 0.4 J4? T* O.I io<i7 - 

Q,2io4(;-(-0,£944$ -^ 0.3,1 $44 ^OjSoa^ ' 

r- O*l504>rrQ^^;.'.v ; ••••^•\ • ■ 
ao. 0.i2tf'045r4;O.io49-+O.4548-+ 0. 12 047 «ic • 

O.a 1 045-+0.2 5 245 -♦ O.a 1 044 -+ 0,20043 -* 

0.i^542H-0,484L . 
ti. 0.2O4pr:O.24iOH-O.io4p-«-O.i5^f8 — 0;i 44^ 

-^0.1044—0.342, ' '_ 

2 2. O.^oaSrz : 0.24I o-nO. i o4p-^ O.3 oa8'+OtSoay 

-+0.^06^ P^^^a) • — 0.$ o44-+(?.a«43 -+0.2 142 

— 0.34. 

23. 0.12047^3 :0.4io-f0.54fH-0.i548-^0.3047-h 

0.494(?-i-0*^345-t'0.i 544 — O. 5043—0.2042 

-*0.I24, 

14, 0.2 io45r4; O^i o-^0..549-j-0,i 548-+O.3 047-+ 
O.4245H-O,4245-*O.5544-i-O.d'543-rr0.842 — 

•p.3'7^. i 

. 25. 0.2 5 245^5 :0,4io-f0.549-»"0.i 548h-0. 3 047-+ 

0.4245^H-0.4 245 -tO. 2 044 — 0. 5 43 H- 0.4842-f' 
■ ' 0.544.. . ....„>•!..'••: ; <•. . 

jlVli^qvepofldnt in ^)fmitQni^rq}Oni:tfafiQrem0a«fic 
demonftfari^quibus piiceae, <)uditQc4i:ciCpti^ pd^hteris 
(pe<Qiet>u^qu^ue]na(Iaefta^aaIis, < ^ '. co..) . 1 

Dproeo^are» qMSi@tjqiialiter.Qc 
ineadem bafi vicioasyaliqu^er^acccpEvki^aquales 
faci^ot.. ^ , " Ex 



V 



\ _ 



5* b. 
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% inautnerabilibMsthttoremactsi quse runt huius cituli^ 
propoflimu^ viginti^in<|9e 6i-^' hisqu^tuor fol&modo 
demonftramus; qax (ufficiunt^ad oftendenda,aiethodum. 

0.6ar:t$ — t. . 0,i%arvzti-^u, 

O.tzar-i-itizt^. . .?; - >■.■ 
0.6ai-f$ tl '-'t : Q. I ^m^2t» 
O.Sa^-^ltz^O.izar-^it^^ - ' ; 

O.iai-^ti :0.^-it. QuodSiC,. 

t. O.ia^-^tz {0.6air-*tK j- : . . " 

5.*. I 0.445 :/4 — 'Uj^fa;;. ; ,0.443^^3/5-^^2.74. 
5. ft. ] 0.ia42r;;4—/a> .. . <?.i »4»^-+/* ,14. •■ 

I 0,443-fe/i^ ; 0.l24zr-+v» • 

j 0.143 -r/3. iO,<J4^r+/». ,QLlpd;fi6c. 



• ■" .^B.~ ^"^ '——T "• ^^ ^ 



.'J 






3. Oitf44-+£4-+/: 0,24^i>J:^.4?a.;.r ,-;; ... - . .c 

5.ib. J 0.3 044 :<jf5.-. 15/4^^0/^—/. 

; |0.i044-*I5/4— JOl3-.y;tflf5. ; . 

5'*MJO^Oi|3ry3«5^5Q-t^|., . .. . '. 

..) . . 0.iioa}r 



5<^ 



EX H M E N T V M 



• • >. k 



5, h» j (9.1 io*jr-+|oiig •— 4« ; 5/5. 



( * . \. ■ t ^ 



r. : j. 



I • * • . j - 



0.5 044 -f I Jf4 -^ 5 f ; 01* aojA^^-v^; k«f^ 1 .s. 
0.^44 -«•3f4.'4r:0.jf4<i3r-«- 4^5. Quod^cc. 



^ 



< r 



5. fc. 
5. &. 









t 



.1 



4. 0.la43r-f(^;0.l84ar?vft-ti U" 

.V " ^ : ..;i Demonjir, ^ — (i- 

0,6 oAif: 3(5 — 5^3 -«-^.ft * ' * 
0.5o<i3r-i-5<3 •**»!. ^3fJ. : ' 

O.ioaznit^^-^U' ** " ■: .. ..-.>. 
0.304»r2^J:f5. v ■ ; . C ; 

' Ot^o*i*ra^3< ,; 3^r— ' - - - - 

0.5043 r -+ 5 f 3 •..d\^il^j«* -*■ 5 f . 

1 0.t 24ir-f4 :0. 1 84>r^-*rr Qaod, te ' 

5 . .C?.d45-«- Jt^-fWz ;a3 o^^r^-^^tJi.; 

5. 0.ia44r-tf4:0.1443r£Uf2. •; ■ 
7. O645-+3/5-+4/3 ;0.3545JM^f5-+r, f 

8. 0.i245r-*<5^;0.30W4y*-*i/3«,^ c^ i 

^ "<?/t^44>!a-+fj";Osa445f5-*<. -,-... 

I o. 0,547-+ J/7-+ 7« 4."^. 42l45>!-^ 7«?*+ ^i, f . '-v O 
u . 0. 1 245r-+f5H- 2f a ; J^.3<y4*;^2 -^ 3 f 4 . 

12. O. I 845^2-^^4 Jra^ i t^i^tl ; ''.•.. ,Jl .;. 

13. 0,1 048-+ 1'5>8*+ V5t^^*5Kr ; O^SdiTfri+^oiyU^of j. 

14. O.^o^^rH-yfp-ta-^l^-.Oisi-o^^-i^kliy^^f.-^^ •? 

1 5. O.s 045ra-^2f5H.3tte7;<?cw5lc)^-^!5r^V j^ 

• «^^ ^' 15. 0. 




S EC V N D V M. n 

1 6, 0. 1 2 04 jrj H- 1 otj ^O. f 5 o*^»'^-^^ 5 -* P^ 

17, O. I o<rp-f 5 rp-i-2 8r5-+ 1 m':0,$oaSr-* ipS-^^t^, 

1 8, 0«tf o48r-+ 5 f 8 -+5 0^4 : 0.2 4047^ >-«'2^ttf-+ a ^ri. 
ip. 0,$oajr2-*'jt6-+lSti:0,2ioa6r$'^tft^, 
2,0. O.i2046^r3-fio^.:0.i8o45r4-+<(y-t5tft . 

21. 0^541 0'+3fi OH- 2 4^7 -<: 24/3 : O.<^04pr-(- lorp 

22. O.6oapr-*^t^-+'9otf-¥tjt : O^ijoaBri -*■ I6tj 

-4-84/3 . 

23. 0.5>o48r2-i-^t7-f 57^3 ; 0.24047^3 -*40t5-* 2 5 f. 
2-4. 0.i2O47r3H-i5f5-n5f;0.2io45r4H-f7-*'3pf3.. 
15. 0.$oa6r^.-f6i$:O.S6asr$'H$-*-$t. 

£t alia huiHfmodi proponi poflRint innumerabiiia 3 qui • 
btfs in (ingulisdenionftrari poteric, qux , 6t qualicer acce- 
ptx toca?, ipecies in eadcm baH vidna$ , aliqualiter accc- 
ptaS) squalcs faciant . 



« 
< 



Thcw.io.Pr9f, 10, 

DEmonftrare^quiej&qualiter accepta; /einitot2e,(pe- 
Cics in eadeni baii vicinas, aliqualiter acccptar^ 
asquales faciant. 

^to mnunterabilibus tfaeorematis buius tituli , viginth 
quinqiie proponimus> ^vnum demonftramus, ad often- 
(ionem fHethodi . - -^ 
• 1. O.im-^m^-^m-Oj^, • 



1 



(f/ll2 -~ 4^*- 



5» El-E M B N T y M 

0.ixar:Ams-f^mz-*^im. 

O, I ^jr -*- tfw^ r- 4^** "i^^J • 
0.6ai—'im* — w : 0. 1 24r - 
0.^/1 a .- i?. I a4r -«^ 3 w > -f-3 w » 
0.2<!f 2 : 0.4<ir — ^w» — w. . ^ 

j. 0.6a^-*im^--*-^i-^6mz-^mi0.i^4iu 

4. C)»i243r-+»rj-^tjw»-+^f».*0.i8<i2ri . . 

5. 0.^45H.3W5f+ro»»4-no»»5-+i»»2.-0.5o<i4r-t»«. 

tf. C>.i244r-+j(»4-+4W3-+$w2-+*w:0.»4*3^^* 

7. 0.54<r-f3wtf-+iaw5-»-i5w4-*4«»3 :C?.3tf<«5**'*" ' 

.31» 2 -7+»». 

8. 0.iia$r-+m$-*-5m^-+Sm$-*/^mi .-O.soa^i. 

9. O.iSa^i-t-m^^i^Zm^^^^m.O.i^asri . 

10. a5<<7-*3W7-*-i4w<f-*aiw5-+7»»4-^"^''^4*^<^'" 
.-+7i»3-+3«>i. ' .=• ,' 

H. Ai^^tf^-fWKJ-^^^w^-n 2m^-+Smi:0.s64$ry;+mz 

~+im, . ■ ■ ' 

lii 0.iSa$ri-hm^-*-^m$-*'^mi'*imi0.ioa^. 

fi,'O.SoaB ^ i$mS.r* ^om-^ -^ r4owf5'-+.5<J»»5.-+ 
zomi-i-9m:0,2/^oajr-*-jom^-^^<im$'^ . 

14, 0.6oa-7r Hf 5^7 -* 35j(»<J^.-* 84W5 -♦ T^W 

0.2ioa6m 
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.^ 



i<j. O.i 2045^5 -^iom-*! €mx 0,i%oa^if^^my: 

' ' «i+5»j4. - . .. • 

17. 0. 1 04^-^5 w^-^Sojj^S-f^o W7 -1.2 8wtf-*-lo«»J 

-f I tw*; 0.po48r-i-4a »»5 -4- 3 o»»4-fr 3^ 

i8w:0.24o47r2-f2ow4-«-8ow3 -1-7W2. 
ip. 0.9oayr2 -* ymis-* 42w»5 -i. 8o/»4 ■* 40W3 .• 
0.2 1 o4^r3 ^I7«»i -^a»»» 

20. 0.i2oa6rs-i-iomS'*3^^^'*- l6m:0*iBoa^r^ 

« ■ 

-fW(J-*-5w5-i-5W4. 

21. 0.6'4io-H3wio-+2ow9-*45'«8.^24»»7-«-30'»4 

-*.a4W3 ;0.dotfpr-*42»»tf-^3^»t5-+5i»245w. 

22. a<Jo4prH-5»»9-^45»*8^i44»f7'-+i58i»tf-i-72wa 

-+ 1 5w :0.i7oaSrt-*l<fm^^i 8o»*4-+.24w3. 

23. O.poaSri -*Smj-i-S6m€'* i^^f-*- 8«M»4-* 2»«; 

d.i^cajr^-^^ims^Strf^z». 

24. O.i 2047r jH-4c*/4-v 7tfW''3-+ 1 2»»2 : 0.4i^4dr!4 

\ - -+i«i7-*7»i«y-**'^-:^^4'''* ■ • . ■ ■ "' 

25. 0.soa6r^-*Sm2-^Sm :0,i6ay^^m^ ^*^m^ 

-+4^3. . •■••..•.. - . • •• . •'>- 

Etfemnlrto irt<ju^lib«:bafrrp?€iOfetabuI«,propon% 
& demonftrari poteftjquafj&quali^efraccept* fcmitoi?, 
fpecics vicih4s, ipHqniiHrtfatc^pta? , a«|qaloR^ciant. • 



■hlt i' f ■ t rj V 1*. 




r"* 



J 



H 2 T/rfor. 



7« b. 



7« &• 



60 E L E M E N T V Kf 

Thtr,n,Prop. 11, ^ 

D" E(noiiftrare>qu»,fi2quaIker agi^pca; fe(qttitocaey 
rpecies io eadeoi bali vicinas> aliquolicer.accepta^ 
acqualesfadaot. 

Sub hoc titulo vigiiitiquinque proponimus . cheorO' 
matayex quibus vnum dc(iiojiO:raaui$> ad oftenfioaeoLr 
methodi . 
l. O^iai-it^i-t-ziO.sar-i-i^, 

Dmonfir. 

'9 

0,6a2 : iq$ — ^^rf 1 5^^.tf.' 
0,6az-*3qi-*6 : zqi — 6qi+i 3|# 
0,6 ar ; ^3 — - 3 ^2 •+ 2^. 
O, I z<ir ; 2^3 -*- 6qi-*^0 
O.i I4r-+p^ ; a^3 — tf^a-+ 1 3^, 

O^^ax-* 3^2-+<? ; O. i a4r-+ 5)^« 
|.0.242-^^«^2 :0.4t(rH>3^.Quod&c» 
0,%a$-*q$'t-^<f:0.6air-*^i-i-2, 

0.544->3^4-+ 3 oja-*-<S" : 0.24<i3f-n 5^3 -+25«» 
O. f 243 rH-^5 -4' 2^ : 0. 1 342r2-i- 3 f 2 . 
0.tf45-^3^5-i-5o^3-*-3i^;0.3044rH-ao^4H- 58^» 

O.i 244rH-^4H-5^2;0.2443r2-i-4f3-f-2^ 
0.tf45-<-3^5-f7 j^4-h^3'^ -♦ ^ ;a3^45r-+ 24^5 

-*"<^fS-^37f 
ai245rH^jH.8^3 ; O.30)44f2H-5^4H4;j2 : 

0.1 844/1 H-^^ H- 2^ ; 0.2443 r3 -* 3 f 1. 

10. O, 



1. 
3- 

r 

s. 




S B C VK D V M. 6t 

MQj^O.Say~*. 3^7 -t.toffS-* zijq^ -*4if : 0,^%A6r 

■+ 2 8f 5'-+ 2 03 tf^-* I » ^Mi-K?/ 

1 1 4 O.i 2a6r-* q6 -i- 1 1^4 h- »f .♦(>. 3 6a$rt -»• tftf j -+ 8f j 

15» 0.3 048-I' 1 5f 8 -+7oof^-fj 170^4-1.820^2-*. 30; 
0.24047^-1.1^6^7^1^24^5 -♦.i7aof3-+a3 if. 

14. dtf^otf^r-K-^f 7 -4.84^5 -hjof » ^awoiKfr^H-^ 5^5 

-f7of4-^iof3-*4i^.' 

15. 0.9O4iJr2-4vtff5H.45^3^.i8orf5r3->3o^4-+i5tf2 

l^. 0. 1 2045^3 -+5^4-*. l tfiy .-a.i 5 044^4-1.^5 -+2of 2. 

17. 0'io4s^-f5fp-^3oo^-i.i3o2f5-i-82oy3-fP3f; 

0,S!048r -+ tfo^S -+ 812^6' -*. 1 2pof4 -h 348^2 
-«■ I o. 

1 8. <?. ^o48r -f 5f 8 -4. 1 1 2^ ^ -^ S^o^ 3 ; 6, z^oayrz 

-*• 40^ 7 -4. 1 1 2^5 _^ a of 4 -1. 7^2 _+ 1 8f. 
i^« 0.18047^2-4. 14^5 -f 105^4-4. 44^/ 0.42045^3 

"* 84^5 -♦ 8of3 •* 54^*2. 
40. p. 1 2 o4^r3 -*-^f 5 H- 3 6q2 : O.i 8045^4 -*• f 5" h- 5^4 

-«■20^3-4.1(5^. 

21. 0.d4io-f3^to-<'2 2 5f8-M3oitfd'-i' 1230^4 

H.27pf »-t-(y;0.5o4pr-f40f9-i. 696^^-* 1548^5. 
21. O.tfo4^-f5y9-«.l44f7-4.l8of4-n^f; O.tjoaSrz 

-+45f 8 H- f^8^(y-*5 tff 5-4-24^3 -4.72^2. 
l3.0.9O48r2 HN 8^7-4.128^5 -f^if2^af<7.24047r3 
•t 5 ^f ^ ■* 80^4 Hh tfif S» 

24, 0. 



j4 S L EeM E N T V,M ^ ' 

0.2 io4(^->-0.t94tff,-t. 0.3. 1.544 H. PUJ045 — 
r- 0<i504arr0.^^;.!.\/ .^ .•■•<..' 
ao. O. I iSoa$r^ : O.i o4p -t O.45 48 h- O. r 2047 -i( 

O.aio4tf-+O.i5»45 -♦•O.» 1044 -4. 0,10043 -* 

0.1^5 4j!fcH-0.484. . 
21. 0,2049r:O.i4io-«'O.i049-+O-i548 — 0;i445' 
... -+0.1044—0.341. ' - '. 

2 2, 0.9oaSri : 0,iai ohiO.i 04pH- O.3 648^-0^047 

H.0.4?4tf — P^^^a) — O.S o44h-0.i«43 h-'0.i i41 

— 0.34. 

23. 0.11047^3 :0.4ioH-0.54fH-0.i548-f0.3047H- 

0.4P4(;h-0.($'345h-0.i 544 — O. 5043-^0.2041 

H-O.I24. 

* « 

14. 0.2 io4<rr4; Ouii OHO.549H.0. 1 548-+0.3 047-+ 
0.4145h-0.4245-*0.5 544^-0.^543—^0.841 — 

~^ •p.3"7* • ^ 7' ••' • • 

. 2 5. 0.2 5 245^5 : 0.4I 0H-O.54PHO.1 548h-0. 3 047H- 

0.414^^-0.4145 -tO.2 044 —0.5di3 -+0.4841-* 

0.544.. . . .- ....i.'" • , .; .«^ . 

iVli^qQepoflDnt in infiniCQni ^roponii theoremata « & 

demonftrari^quibus pAtcjkt, quolitQcficciCpcif pri^Jateris 

rpeiQiebu^qu^ueiiiaflaeftjeiqualis. < ~ : cr.'^ . 1 



Them9^nrp.^9i 



y ; »• i VSm^t^roD.y» , ; 4 



•* 



■N 



Dpmeoftrare, qM^i$£ji)t»ii^.Qcaept9e; foti^^ed 
ineadem bafi vicioas^aliquiIiccr^accepKtl^aquales 
faci«t..:'. Ex 
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^ inQutnerabilibtfsxheorein^i quse fuat huius ticuli, 
propoQidHis v^inti<[)uin<|pc9 6texi i^ qu^tuor folumodo 
demonftramus; qux fuificiuatyad oftendenda^inechoduin. 

0,6ai-^sti — /;,«3. .w ,. 
5» *• O.d^r/rj— r. O.iiamts-^u, 

0,i2ar-+2ti2t$, .•: " f 
a542-*-3f2 — r; (?.la4»>rt2fc 
0.542-^3(2 ;0.l 2 4r-+5ir. • 

O.^az-i-t^ :0.^-*t, Quod^. 

a» O.243 -»-(5 ; 0,<f42r-+ta. 

5. *. [ 0.4^3 :H — 'UjH-fa. : .0.445-i-3;5-Tf2 ^r^. 
j. J!>. j 0.ia42r;^4— /2> ' . O.l ia%r-i-ti :t^. - 

0.445-+-2f3 — t2;0.i24ar-i:r2. . ; ;. . 

0.443 -+«ri^ ; 0. 1 24^r-+2f2 . 

9.143 -rU :0,<J4i^^/i2. .Qupd^afic. : - : ' .•:> . 



f^fm^ii-m^m^mmm^mi^maia^^m^l^mm^tmm^l^r^mm 



l , Oid44-+i4-+« 0.a44l>rrt4M.;.r . -v , ,. - - .c i 

j. *. J0.3O44:tff5.--i5t4-.*i0f^— *.. V. . ^ 

j 0.3 044-+ 1 j ^ —1 oij M^ ; 4:r5 . 
5. Ir; ,| 0^o4SK< 3^5 ^ 5Qn*^« 
J O.tfo4^r?+5r3-,r,3i:3^5 .. 
..! . O.X2043r 






• \ ... I 






5tf EXBMENTVM 

0. 3 044 -t- 1 5 f 4 -4- 5 r Oif ioi*J>"r4i i<>t^ . .v; 



mii I !■ 






" *^- • 



.V --- ., : .v.ii Demonjir. ^ — P-'. «:• i • 
5. fc. I O.d^o^sr: 3^5 — 5^3 -+^/« = ^ ' -^ -'■ 

5. &. 0.3 o42r2 :r5 «^f.' - - i - » • . •« ■ • 

' P»9o*if *^3< : 3^r- - - • - 

0.5o43r-+5«3 — ^r.vO.ipi&rfaVa^jfi. . • 
0.5043 r -<- 5 f 3 ud^^si^ieipt -* 5 f . 
' *j OA 2aIr-»-4 :0. i S^V^fr -Qaod, $fl<si ' 
5. .t?.i545-*-^5-+Wz:0.3O4'4r'-f5t4; • 
5. O. I a 44r-+f 4 :t>.i 443 ri-+f 2;. i ■ 

7. 064(f-+3/5-+4t3 :0.3545;M»4jf5-+/. t 

8. 0.i245»«'*^5^;0.3«W4V'2,--»if3«.' 

10. O.(y47->3^7-*7«4.*30.4l4(ir;?-«'7«?^3,«:.f ^'-vO .j 

11. 0.i24(Jr->r5H-2f2.*d.3'^4i5-^2-+3f4. 

12. o. 1 845 rir^T^. iO^' i o44>c3^f2 ; •'■:•:: a . ;. 

13. 0. 3 048-+ I'5>8h *5'5t^ -if*^ : 0; 8 d47^i^4oi7**40f 3 

1 4. 0.6oajr-+yt9-*2-^fp.Vh jr>i)grtH,^ii^^tA 'l 

1 5. 0.3 o4(?ra-^2f J-i^^ttC^iPcirjEj^^^^^V "^ i 



\ •■ -i. ■ ; 




SECVI^DVM. 57 

17. O.i o<rp-f 5 rp-n 8M-^ i itz:0.$oaSr-* ipS^^tii^ 

1 8, 0»do48r-+5 f 8H-5'of4 .'O.^/^^oajri-^x^t^-^zytz, 
ip. 0.po47r»H-7f(f-n8f2:0.2io<i5r3-i.a5(4. 
ao. 0.i2046^r3-no^f :0.i8o45r4-f<tf-t5tft . 

21. 0.5<«iO'+3fio-+24f7-<: 24^3 : O.<^04pr-i- iot$ 

^-^^t^-^^t, 
aa. 0.5o4pr-^yr9-+>e<5-n jf ; 0.17048^2 -* iStj 

-4-84/5 . 
aj. C?.po48r2-+^t7-f 57^3 .-0.24047^3 -+40(5 -* 2 5 f. 
a4, O.i 2047^3 -H5f5-+a5f :0.noa6r^-¥tj-*$pts.. 
15. 0.$oaSr^.'^6i$:O.S6asri-i4^-¥^t. 

£t alia huiHfmodi proponi p(^nt innumerabiiia : qui • 
btfs in (ingulisdernonftrari poteric, qux , 8e qualiter acce- 
pt£ tota?, fpccies ineadcm ba(i vidna$ , aliqualiter accc- 
ptas, squalcs faciant . 



Thear.io.Prtp.io» 

DEmonftrare^qurej&qualiter accepta; (einiT0t3e,(pe- 
Cics in eadeni baii vicinas, ahqualiter acocpcas^> 
a^quales faciant. 
■ Pro mnun^erabilibus tfaeorematis buius tituli , viginth 
quinqne propoirimus, ^ vnum demonftramus, ad often- 
fionem fiiethodi . - 



I 



'^mi — 4»». 



. < - 



5» Ef. E M B N T y M 

0.6 az — swi ^m< ^m$ • 

6. b. . Qji» : m$ -+ 3 wi*+ ^m, 

I O. I ?4r -^ irw^ ~ ^m :ims 
O.Sai—'im*'^m:0.i2ar' 

0»Sai :0:i xar-^imi --$»«* 
0.^ai\0.^ar — m^ — m. 
. ; 0.ta2^mt^*w .0.4<rQuod 8»: 

2. O.^a^-^mi-^imi-^m :0.6a^r* 

3. 0.6a^-+$m^-*'8msx*'^m2-fm:0.i^air» 

5. 0.^45^. 3W5f-+io»»4-no»»3 -+1W2 .-0.3 o<f4rH-»fc 
tf. Oii244r-+j»4-+4W3-+$»»i-nm:0.»4*5ra. 

7. 0.6a6-i-sm6-H2m^-i-i^m^-*^S *0.l6a^r-* • 
^mi-T*m. 

8. 0.ii^5rH-w5-+5W4-^8w3-+4W2 .-O.^orf^ri. 

9. 0.i844r2-+w3^3w4>+i»?v0.i4<i3r3 . 

10. 0.6aj-t$mj-*i^m6-*2im^-i-jm^-tm: 0.^ia6r 

.-+7i»3-t3«»i. ' .=" ' 

*i. ;0.i»45#-»'«kJ-+^«i5-h 2m^-*^mi:0.i64$f^:*ff^^ 

-+2W. • • • 

ia^ 0.iSa$ri^m^-*-^m$-f^mi'.fZm:0.ioa^. 

r3.: t).304S -* i5i»&^ 8qw7 -+ i4o»><J.-+ j<f»5-+ 
io»;z-f9»»:0.i4o<i7r-i.7ow4-+4<i»»3. -. ,;.. 

14. 0.6oajr -* 5^7 -* ^Ji^^.-l» 84W5 —♦ T^W 

0.no4(5»» 




S E C V NT> V M, 55) 

-i-ltw*:0.po48r-4-42»»5 -1-30^4-^3^ 
18. 0.5o48r-f-5»98-i-4o;y^-f tX2irr^«t> rr^a^l «1. 

i8w; 0.24047^2 -*-20w4-f8ow3 -►^w^. 
ip. O.^oajri -f ym6 •* 42^5 «i. 80^4 "* 40/^3 .- 

0.2 1 o4^r3 ^-t^wij^ ^21^ 
20. 0.i2 04<jr^-4-20W3-f 3f<^;»2 -f 15/ff; 0.18 045^4 

-4.w5-t-5w5 -f 5 »»4 . 
ai. C?.<r4ioH-3wio-+2owp-+457«8-^24»»7-»-3o»;4 

-+7^mi :C?.<5o4pr-f42»»^-*3<r«»5-+5*»2-+5f». 

22. 0.(ro4pr-+5m5J-+45»i8'^i44»J7'-+id8i»tf-+72»»4 

H- 1 tfw /0.2 7048r2-+ 3.<rw5 M. 1 8<9»^.-f24^3 . 

23. 0.po48r2 -*^m^-i-^6m6'*- i^9f»f-*- S'om^-* 2»*? 

O.i^cajr^-i^^m^^i-^tmt,' . 

24. 0. 1 2 o/i7r j-f 4C*/4-*v jSmfi -& 1 2«»i ; 0. 2 1 04^r^4 

15. O.SQa6r^-*Sm2-*Sm :0*i6a^r$-^m^ •^♦jw^ 

-+4w3.."'' •■■■•1 '.•.-■" '• j "; .- •• - • .0 "^. 
£tSomnth6 m<)t>^Hbec:bafi^i{>e£iOf(etabuIc,propon% 
& demonf^rari poceft,qua?, &quali^acc€pts rcmicot^, 
rpecies victhils> 9&qQii)iti^«^pt|s , a»malc«j^ciant. 

Hf 1 1 t li ti;i^ 



.'^ J 





7»fc. 



7« &• 



60 E LE M E N T V Kf 

Ther, 11 ,Prop. 11, ^ 

D" Emotiftrare>qux>^quaIker a<?cepeas kCqfutot 
rpecies ia eadcoi bafi vicinas> aliqualicer.acccpca^ 
sequalesfadaot. 

Sub hoc ticuio vigintiquinque proponinius . (heore- 
xnaca>ez quibus.vnum deaiojiiraauiS} ad ofteafiooenLr 
mechodi . 

Demonfir, 
0,6ai : iq$ — ^^-+ 1 lef^S,' 

0.54r;f3— 3f2-+2^. 

0. 1 2<ir ; 2^3 — ^^a -+4^. 

0. 1 2 4»-+ p^ ; a^j — tf ^a -+ 1 3 ^, 

0.(?42*^ 3^2-+<? ; C?; 1 24r-+ p^. 

\o,2a2fqt^2 :0.4t(r-+3^.Quod&c; 

0.245 -+^3 "^5f •' .0,542^-1.4^2-+ 2, 

0.544-*5^4-+ 5 of a-+<S" : 0.2443^-+! 5^3 -+25«r 
O. f 245 r-+^5 -+ 2^ : 0. 1 842r2-+ 5 ^a . 

0.545H.3^5-+5o^3-+3i^;0.3044r-*ao^4-+ 58^1 

O. I a44r-+0-+ 5^2; 0.2445 r 2 -i-4f 5 -» af. 
0.545-^5^5-f 75^4-+j^5(p -♦ 5 .'O^s^asr-* %^^ 
-n 1 5^5 -+3 7^. 

O.i T-a^r-tq^-t-Bqs : O.5 0)44/2-*$ ^4-+ 4^2 J 

Oa 844/2 r*^5 -+ af : 0.2445 r5 -+ 5 f 2. 

lo, 0, 



2. 

r 

7- 

8. 
\5. 




S B C VK D V M. 6i 

19^0,6ay-^ 3f 7 -^ iof^5 -+ a 17^5 -+ 41^ ; 0,/^itt6r 
1| * O.l 2a6r-* q6 -i- 1 »^4 ^ 2q :0,^ sd$rt -»• ^^J -* 8^3 

1 2. . ai 8<«5r>-i.;y4-* jiya ; a^ 044^3-1.4^5-* a^. 

13» 0.3 048-I- 1 5^8 -+7oo^^-fj 170^4-^8» 0^1 -+30: 

0.24047^^ ltfo^7_^ itf 24^j ^ i^jo^3-+a3 1^. 
14. dtf^otf^r^^^^-^S^f^ -+30^» ^awoiK^r^H-^ 5^5 

-+7^f4-^iof3-*4f ' 

i^. O.i 2045^3 -f5y4-^i5;y.'ai 5 044^4-^^5 -+20^2. 

17. 0'i 0^:9 -f 5^9-^.3 ooi^-fi 302^5 -i-820^3-».p3^; 

0.s|Q48r-4- tfo^8 -+ ^12^6* -«• i2po^4 -+ 348^2 
-* i o. 

1 8. 0. tf o48r -f 5^8 -4. 1 1 2^^ ^ gof 3 ; d 24047^2 

-♦ 40^7 -* 1 1 2^5 -+ a 0^4 -I- 7^2 -+ 1 8f. 
2 ^. 0. 1 8 oayrz^ 1 4^5 -^ i o 5^4-* 44^ ; 0.42045^3 

-* 84^5 -» 80^3 -♦ 54^i. 
40. Q.12 oaSri -+6q^ -*■ 3 6^2 : 0,i 8045^4 -*• ^tf -»• 5^4 

-t-2o^3-fl5^. 
21. O.^4io-t-3^to-<'22 5f8-+i3oitftf '-f 1230^4 

H. 2 7p^» -*(f ; 0. 5o4pr-f 40^9-1. ^'^^qy-* 1 5 4^^ 5 . 
a 1. 0.6oa^ -^ 5f 9 -^ 1 44^7-*- i 8o^4-i- i6q: O.zj oaHrz 

-^^5f 8 -n^8^<y^5 tf^5-+a4^3 H.72^2. 
aj.(?.9048ri -i«%7 -«.128^5 -*6lq2~*^f.'0.2^oajr$ 

•t 5 ^f^ -* 80^4 H^ tf3<^i* 

24. a 




^% ELEMENTVM , 

* — 

40^4-f I iqi-tz,^ . .. r. i ■ .. ^ i c . •- : 

Poflunt hxc , & alia huiufmodi, Tub hoc tituh^dcmoii- 
ftrari, in iofiniiuiiiy ivxta tr8^9i»nfiet(iodcn»: vt oftnifi^ 
pateat , qu;e , & <^^^9t accq^lx Qi&^mx r^ck^kt^ 
cadem bafi yicinas>.^'^ualitei:accfipQas^oaIes4ciaor. 

DEmoQftrare , qa^ ,6^ ^ualit^ accepto» pnmi ble- 
rfs fpecieSjbinasquaiquc fpecies inej^tirbafi vi- 
cinas)aliqualiterajccept\a6,cquale5f;|ciant; ^ < ^ 
Sub boc etiam tkvlo > 'Wginciquinque prop6nimus 

tbeoEemata >ex quibq^ YQdni-deaiOBAramas^^^ad oftcn- 
fionem methodi, ' : ; 

I, (?.4zrHO,<t :;G,24r.. Dcmonftrafum eftin 8*^. '' ■ 

1, 0.a4 j-tQ.j <iz-+0,4; Q,^4^r^ DemQnftt^ hidettL 

S . . Q.aj^-^O.i^aj -^Outx :0.^ai r .; Dempnftr. ibidcdiw 

4. 0.443 r-+0.<ia -+0.4; 0,<5#ftr2:. .. ^- 

'• *• 0.443 r:0.44-*0.243-+0.4a; ^ - .. .- 

5. 0.6a$ -* O; i.5^-*0. ro4i :0.$^akfr~f.Q,a, 

6. 0.(J44r-t0.a<^j-+0.342HjGrfi>;(>.ia43ri. - - •-• '^ 

7. 0,2a6-t0.6a$-i0:^4/^:'0^l^iitj.r-ifOili.( -i' 

8. O, 




8. , p.i z<* jr^*C>.5 44-(-ax 045 ^ a^jiz ro.3 Orf^r» 

9. 0.3 044r2 11 0.845 -» 0.542. 0.4643 r> -+0.34. 

o. a<y47 -f 0.2 i4ir -* o.»i45 ^.0.4:0.4145^ 

■+0.743. 

1. Oa 24<Jr-+0.tf;t5 -+O.X 544-+O.843 .- 0.^ Sa^rr 
-♦0.342-1,0.24. 

2. 0.945^2 -+ 0.243 -+0.341 -^0.4 ; 0. 1 5 44^3 . 

3. 0.348-1.0.1247 -^0.1445-+ 0.242: 0.2447^ 

♦-0.744. '>■''•: 

4. .O.tzajr -^ 0.745 -♦ 0.2 145 -* 0. 1 444 -+ 0.4; 
X).4i45r2 -* 0.743 -fr 0.542 . 

5. 0.54^r2 -f 0.444-1.0.443 -f 0.42 ; O.i 245^5 
•^0.4. 

6. 0. 2445^3 -♦.0.442 -* 0.54:013044^4;-* 0.44 

-«-0.243 • 

7. 0.io45>-i.0.4548-t0.5o47H.0.2043 :0.9048r 

8. 0.3 o48r-+O.ao47-tO.7O45-+0. 5^45 -»■ 0.i04a-f 

0,94 ;O.1 2047^2-1.0.3 544-^0.4043. 
p. 0.po47r» -•■ 0.4245 -+ 0.10544 -♦ 0,4043; 

O» I 045r3 -1^0.2042-^0.« »4. 

0. 0. 1 2oa6rs -+ 0, 2043 -+ 0. 4541 -♦ 0. 1 54; 
O.i 8o45r4-f0.545-f0.i 544, 

1. 0.24I OH-O. I 64p-hO. 1 548^ O.1 044 ; O.ab^prH- 
0^l445-i-0.34X. 

•a. O.204pr-* 0. 1 5 48-» 0.5047-* O.5 saS -f 5.3 04« 

-*0.2i|.42: 




<4 E I. E M E N T V M 

H.p.a4rf»5Oi9<)48ra-+(?.42<i5-+dL5o4f4-+0.54. • 
»3. 0,9QaSr2'*O»^6ag-+O,i68a^ -*■ O.Soa^A^C.zya: 

14. 0. 1 a e^yrj -*• 0. 4044 -+ 0. 1 1-543 h- 0. 1 242 ; 

0.2 1 04^r4-+0.74d-t0.2 145 -h0.45?4. 
25. 0. 3 04dr4 -+.<?.84j -^^.134 :]0.3 ^45 r^ -+ /),5 44 

-^0.1043, . • 

Et alia deinceps froponi Jioflun^ 5tf demonftraH : & 
yniuerfalitcr poffibilc cft<;fcmohftrare, quiKj & qualiter ac- 
ceprae primilaterisfpcdcs,binas quafquc ipecie«, inca- 
dcm bafi vicinas , aliqualiter acceptas^cequalcs fadant . . 



^•^^m^mmmm mm^tmtmmmm^t*^m»''m 



1N tabula fubquadratrice cuiufque numer/i&iri qualibet 
bafi »fubquadratrices,& 2qu9 ord)Qat2,tot9> totam^ 
componunt, vhitate plus ordinatam , 

&ypoth. 
In tabula fubquadratricc , io fccunda bafi , fint fubqua- 
dratrices (?.42,p,a43 tOj^z : fitque tota fecunda» n 3 lota 
tcrtia,(3. .-•... . . ' 

.' Dico Q.42-f0r2^-*Qr2-+/a.f3. : 

Demonfli'» 
def.6f, \u',t: faj*?- 

*-/'• Itfjt — »;/2;f3— /2, 

Ergo /3 —t^ » cft loties tz. , qqoties cft 1— ,».idcft, 
quotiesreliiiquituripfenumerus t^ vnitatedcmpta. Sed 
cuiu%c nuraeri tot funt abfci/fionca.i quotns ipfc relin- 

quitur, 




SEC VND VM.i ss 

«r, vmcttc dempta: naai ijiaari; , vna tmtLm eft afr- 
iciflio, qua vmtas ab/oikliCBrj tcniari/,diMeyqiiitjus vni?«% 
&l>iDariusab/anduntor5 ^iic detnceps : eigo t^ — tj, 
cft tories n ^ ^uot fiintipfias r abrdffioncs.. " 
Profingulis autem abfciffionibus, 

I ^rgo pro omnibus. 

Ergo communitcr addcndoii. .1 ( j 

\0^t-^0.2ar-*0jri^t2:ti, Quodd^ •*"* 

Quarc&c .. ,. 



*■«»««• 



Theorema 1 4. Pw^. 1 4. 

TOta quarftbct ,cft asqualis quadratrici , ta primO la- 
tere, in bafi projumi^ ^mious ordioata iadcnti « rod 
cumali/s maflis Jnpriroo lafCfCjihliafibus inferiofibiK, 
& vcrtice, acccpti$aliqualitcr,&vnitate* 

I:fypQthi 
Eftotora tertia « . 

Dico/5 > eftcxqualemquadraendiftprinioktereiia 
fecunda bafi , vna cum ali/s , fiac. . 

. i'.. Xhmottfir» ;■ ; 

^•**.|^|5Ajvii.viii,cumali/$>6cc» V ^ ^ | , i 
'«2<iP' i^ eftin^rimorlatcwintfccUndabJ^litabulipro-, 

portionaiiura. . . ; 

^ff-iif 42 cftribidemin^tabrfaiiOBMnuini. . [ 
^•9'h j O^z clt ibidem. ia tabida^^cciQfA. ^ • . 
•; • » I 0.42^ 



1 *-'. 



6^ ELBMBMTVM 






Ojo. ;eft ibid^ io tabula fiibquadratrice, ^ 
(21341: cftithideai ;in tabula; quadracrice . 
i^ cftaeqiMiisipiadracriciyia {n-imo )atere,i(i (e- 
cuada.bafi>vna cook alij%(8cc. Quod&c 
Quarc&c. 




■§■ 



Thearema i ^,Pt9fu 1 5. 

QVaelibec rubquadFatrix > in prinio larere > vna cunL» 
tota 2equeordinata>atque ^ bafis, eft «quatis fiib- 
quadnitr(CL>{niecuado latere > in (ua bafi iacenti> 
vna cum ma(fis> in &cundo lacere> in bafibus inftrioribu^ 
acceptisaUquaUter > & toca • 

• Efto ^bquadratriz 0,ai> in pnmo Iacere>in tf rtia bafi. 
Dioo Oji^ ;» vfti cum. cora eenia )9n|ualem effe A)jb- 
quadratrict > in fecaodolacere > in terna bafi iacenti > vna^ 
cum alijs > &c 

Aflumatur (pecies> in fecundo Iacere> in quarta bafi> (e- 
ciii]da> 5equartulcima> 0.45 r. • - 

I (7.4 5r incremenca fiine fqualia • 
a. i^. 1 0.45 , vnacum&c; O.^^tr^vnaxiuiD al^si^e. 
7; >.. 1 4ir eft &cunda in tertia bafi tabuU? proporcto* 
J nalium. 
iif.\up, I ^ axr eft ibidem in cabola nomiattoi . 
jiefA\.%. 1 0.141* eftib^eiQ «k tabula fiibquadracriee • 




cundo latertj id teakMt^vm am al^s^ 5cc. 
Qnpdatt. 
Quarc&c. 

SI aliquotquandcatum, (edifida ad fcitikniyruerit ficijtt 
prima cum vlcima ad ^catidam dempta vkiba^jQ; 
tercia ad quartam) Hcut prima cSm di^ vlttma sd fe^- 
dam dempta dupla vlcima^ $equarca ad quintam ficuc pri- 
ma cum tripla vltima ad fecundam detapta tnpla ^ vlti&m \ 
&e fic deinceps vfque ad vltimam t eritprima cum &curida 
ad fccundam cum tertia> ficut prima cum vlrima ad fcetuk:- 
damj&fecunda cumtertia ad-cerriam cum^aru« fi^ 
prima cuBidupIa vltimaT ad iecsnidam dempei vltima j S^ 
terria cumquarta ad quartam cum quinta> ^cat ptHa^ 
cum-Cf ipla- vkima ad -fecundaiii demptd' dupla vltima^ ii^ 
(icdeinceps. 

Sint iKquot qftantitates 4, ^ f , <^, r. « ; L ' 

' • '■ ? Demdhfiri ' 

f4yii^'^ti t^^y'- '''^ ■■■■'■' •=■-:•••;•; ;\-''''^ 

loertendb > tompd(i«ftdd/$t pera^ando.' 

I 1 4-f^ 



. • I. • 









r » 
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Demonfir, . , 
^«ifc, jc; ilr 4H.z^j ^r— «r» ' . !' . 




V- «»' 'f 






x-fdi </-»*w 4-+^tf5 ^•— 2^. Qiiod3&& 



Quaredfic» 

Theor.lj.Prop.ij, 

SI alfquot quanticatutn, recundaadtcrtiatnfuerit,(]cue 
primacum vkima ad lecund^qi <ka)pca vlc^^^^ 
tcitia ad quaitam» iicut prima cum dupla vltima ad fecui^ 
damdcmptadupla vltima^ &ficdeincep$ .vfque ad vlti- 
mamtfiieritautem &prima£equalis vkipaae: crunttotidem 
quantitatcs& vna amplius^primaieorfim ^ primacum fo- 
cunda, (ecunda cum terria> tertia cum quarta >& dcinccps 
bing aggregata;,& demum fco.rfinl ykimajquafum fc-- 
cunda^dd^^itJAfQ jr ^ y( pcioaacm yicifna ad,rcct|nct'am 
' -«N .: " demjpta 




SB C VN D V M; tfp 

dbillpta vltima ; Si tertia iid quaitatn , vt piima cum dupla 
Ykiiiiaadrecanclamdempca di^vklmajSirficde&iceps 
yiqueadvkimaiii. ^. 






c rSinttsesquandtates i^X'> ^^rtim 

: Dico qaatuor quantitatescfle W^-» ^,^-*^, c, quarum 



t ^ 



• t I 



Dmmfr, 
hyf9th, ^if» 

■ a-i^h^^czh. :••-■.■• i.-; 

{di^hih^ca-t-cia-t-h—c. Quodfiflb. - 
Dlcoh-t-Cj^ia-^-icia-^h — ic, . 
l9f«ri&. I h^ f :4-«-c jA— f. 

c:h-^ci 

•*• ^ '• Theot. 



hffoth. 



• ■• 
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70. E UJ^ -^rB. ;,N '^T CV IM-^ /^ 

IN yiMqu9qi^c ^i.pibate oHii»^^ 
^ad pofteriorem vicinaih >eftyt ordo.ptioiisapranBL^ 
ad ordinctn pofteriorts ab vldma. 

'Deftmjk» 
Quoniam in Cepi^ h$fi tMxmpiafiknutn, 
funt tres quantitaties, quarum (ecitnda- ad eertiani» 
j eft vt prima cum tertia ad fecundam dcmpta ter- 
dtf^^ rtia55ipi:ifl3j|cftg;)^iu»li*tjPrti«5&iatcrtra^bafi,lant 
ordinat^ quatuor quatxtitatts ex ^cunda4>ifi dc- 
rumptas, prima reornm> prima 8C (ecunda, fecun- 
da 8e tertia, & tertia ieorfim : crgo etiam in tertf a^ 
ba(i,(ecunda quatitas ad:tertiam,efl; v^.prima cum 
quartaad fecundam dempta quarta5&:terti9.ad 
quaTtam,efl vt prima cum dupHdquar^ad ^cun^ 
dacQijdmftr^ dvp^quvtafr &-.ikd^pcep8 bften- 
detur in fingujisbafibus. , ^ ^ 

Eft autem /n vnaquaque bifi tabiilae -liiilt^pl»* 
cium , prima quantitas vnitas«&V!ltiina^vii^as rBt 
fccunda quantitas e(l ordo bafis^idenK]^^ Mo 
ipfius quanticatis ab vltima • £rgoiiH]^ar^ ba(i, 
primaquantitas,qu2eeft quintultima^id icc|idam, 
quseeftquartultima^eft vtyniBtsad^uatcitvariu : 
I fecunda ergo ad triultimamyeft vtiMfiadut id ter- 
' nariuin 5 tortia^iid penultkniimyvtserQariiisad bi- 
narium ^ quarta ad vitimam, vtquateaMi^ii84i3 V- 



I 



def.iof 
def.pf. 



nitatem. Similiter oftegyietux,ii 

Quarc&c, ^ The», 





ftB^'CrVlNri>fVM.^f 7r 



PRoportionalium, & mulcipliciuni cabulis congraeQd- : 
bus y qua*que propocttcMalis > babec numeros deno- 
minatorcs ^feciproc^propordonalciiiyrin iui^cdrmbfls 
fnultiplices. , ■ 

Proporcionalium aflumauir Utcrtia* cums dcnomina- 
tores binariusj & ternarius • Eft autcm bicerria in 
quinta baH quartatritulcima :cuiuscornua funt in 
quarca bafi, alcerum io quaccoy dUernnd in cricultH 
mo latcre: ideft alcenraucQrnu cft , in quarta ba(i| 
quarta quantitasjalterum, tritultima. Sed in quar- 
ta bali , quarta eft penutcima > Sc criculcima elt ter- 
cia :6s in cabula multipliciam^tertia ad penultima, 
j eft vc teroariusad binariuni: crgo cumbitertiae 
denQminatoies (tnt > prior iiinaritts ^ 6< pofterior 
ternarius; eiufdcm in comibus multiplices reci- 
proce funt propontionalc$>prior ad poftcriorem> 
vcternariusadbiQiriuai. Qood&iCh 

QnaK&c. .; ' 






Jefipf. 



i2, b. 






Thatr,20tProp,to^ 

IN cabula (pecierum,in cadcm bafi,vidiiar fpcdes, nsul* 
ciplicacae per namcros (liorum onlintim, prioris i pri« 
ttULfQt pf^fterior^ ab vlcima, (tin&squalies^ addiciscamen^ 

Y?!'F^$^^'^^^^^'^^^ bafibcis ,QiiA carum- 

""":'"' dcm 




i% ELBMBNTVM 

dem lateribus^veriiis tabulae venicemaiiiergentibust^ 
qualiter acceptis^ atque cotis miiiite ordiiiatis>quam (it ip- 
labafis. .- ■ .•.•.::■•■; .• ^ * 

Sint (peciesfd ^pntabafiy iecanda quintultima> ^ 
tertiaqoartultima • 

Dico duplam fecundami^intultimam>a!qua1em tSk 
qaadruplxtercio; quaitultimaf^additfStamen vtniidque/ 
aii/s&c. 

AHiimatar, in iexta baH, ipecies tertia <]^it)tul- 
^'fi tima^cuius denominatores numeri, quaterna- 
iiu$,<&l>inarius:i> 



%*h. 



*J)em'onfirm 

■ Tertia; 8s quinasltimaeipeoiei aequalia iunt incrementa: 
». h* j alterum ex maifis cofnpoiitum in tertio ktere^ 
multiplkatis per numeros quartae bafis multipl»- 
cium , quaternarium > 8S reliquos ; quaram vna eft 
in quintaibafiquartulrima,perquaternariuai mul- 
tiplicata : alterum ex maflis in quintuleimo latere» 
( mnltiplicatis.per. Jiumeros- fecundae bafis caukt- 
plicium 9 nemp^ biiiarittm ^. qUarum vna e(l , iiu 
quinca ha&> i^unda.,'muldplicacaper bi6adaTh:Sr 
reliquae maflie > in viroque incrementa, fiint infe-s. 
rior^y^denNnn. totaeioferiores» qukoi quidtaji? 
I Bi^^ duplare€undaquiai»ltima»^aequai9qiia»^/ 

dra- 




-s^ c w N o y jk: ^i 

dtuplx terti^e quartultimil^ j>addikis vtriinqiie alijs&c. 

IN tabula fubquadraticumyin eadeoi bafi« rubquadnuri- 
cfs.vicioa: 6mt»qf}sk% addit» ^catirtn vcrimqoedui(^ 
fis > in ioferioris ordiois bafibuf ,& io eanimdem lateribus» 
verfu^.cabula; vcrcicemjdiiiei9€ncibus^atiii|Mittr atc^isy 
«cqu$tcpc^ joini^ ordinada^ qu^tii-<fit ipfa bafis . Similiter 
& vicioa; quadratrices runt.zquaies»^icts tamen&c. 

Sint fubquadratriQes, in quintftbafi , vido« , produd^* 
ex^J^unda quintukina' {pccie per iccuodura quinculci- 
mum multiplicem > & produda e;c tertia quarcultima fyc- 
cicjper tcjrj[ium quartulcimuio-mukiplicem > 0*^a^r^ 
0»ioairx» 

Dico 0,^0^ i addicis &a 0. 1 045 ri > oddicis &c./ ^ 

Afliunacur, in iextalia^ ip^cics teif^aqoiiicultimaycu- 
I iusdcnominatO!re^quaC6rnariuS|&bioarius,nem> 

i^. b. I pe 0. 44r 2 : quiburcum jnwieill^^ reoprolci pro- 
I portional^.. jliintmulci^ices ,i6 eiui<iem *fpecicl 

f^.M. j coroibus ijce6tes> 5 ad.i cFiaticaque, vt 2 ad f » 
I ica p.^tAirKVOa^umaliisikc ad ^j^^r^yoa cum 
lalijs $ec.|stmvc4ad lo^daa^^ijra» va^cuoK^ 
{a}ijf;&c.adO.io0^r^>voa,auiiaIij6<8ie. . 

K Dtwonjw. 




7f ELEMHMTVM 

*o.b. [ 0.244r,vna cuni ali/s&aa^^^rz.vnacS^aliJs^ 



^P 



y.j* 



• i 



fm 



a244r,Ynacuni ali/s&cja^^jrj^v^i^tfln&cr 
a5 44r, vnf eunij5?c:a*oi^r2, vna cutn &c* 

QuOtf&fi' - r.. .: .r ■ ■■ - '■ , ' 

I • w I •••*■ 

A:5i«>i^>*1«?««to aDfa&a«o ^jf w> vha diitii&ci 

. •rextopli'c6iur,aifi^'(?3;o«4rVVft4dftd55cc';^ 
• a<^043r2j.vna&Cw ..../;..; 

o>$^^j vna ftfic: a i o«3>.2, vnasjc* ••''^ ' - iii- 
^. j. 1 0%<i4^, ytia &C: atfo^jr»; m&c, Quo^^se- 

;Quarc&c. i •..:..;.:.::.[.,.(..•.,? . ■' :.-. . 

Theor. 22, Prop, 22, 

QValibet qu^Jratrix j dt ^alis toce vnftate plus 
ordmatar, demptisi additifque aliqualiter acceptis 

.. fetqtio^^^jpfir^.hn/iis:!;; •. t^fh.: 

w.>- j . iP^ijKi^fic. Qu*Iifaer.<jaaA'«ti'ii,eft «qu^jfo 

: !q««rf«.t»:icft,fibtin«a(tobafif vicin^,additisv- 

j tttHjqq^ali^ inferiorwif bafitf m fp^iebus^aliqu*- 

^ii*.. i l^er ac<J(5)i!is/&i»tii;rJBt4ju»Jfatrtt vicina, alte- 

i «.W0a^«ft«iaafoia4djtiR'^^^u^aK/s infc« 



S* B7Cl'V?/H:D. V-iKl h^ 7^ 

* ali^ inferioruiD haGum ipedes > afijsifpedetMis, & 
. rifmiim f nris 1 fiint arqiialfs , nnn f Uis jOfdiaatii^ 
qo^m fit ba^iSbgiitdratrids|iii^*Si6 &mpta!.QMare 

(igtmitatfeptoynl>nto^itefit^iosi>afe^ 
ptis,additij(]ue aliq6alii|eXacccptistotis^ nonplus 
odioatis^ gu^ffi iii»£iusibafi£. • ' 



5. *. 



•M • » 

I 1M> 



\ 



# V 



^»1 r •• 




N tabula multiplicium , umtii^fnHiU^Qntm anifi]|ie^ : 
bafis>elUotapecefta«ifnBaij>^ii(m^fihoBdoiiM[(i^f > > 

Nam in^tabiUapW^pQcliQQsdiHfl^ii^t^iialts^taH^^ ' 
^(f.8^. I /ucrinciiqu^esiitMp l99(miam t^Iiqbs M>mDes * 
^oantit4tc»y£< «riiqiiaKyiCfiJiadicibus^ 82:idioiii.(c 
cem xqvaloiti^ptoififliaitltiocsoqulktacts^^uan- 

tuoiliblt um^yMUfl^iismm ^^okippGt]^ 

I iempiiH)(liio^iim»tiQQ9rfiATatieMs3^^^ 
] ccs fucrintvnitate^fM<i0^pMlfioitltei;\l«s£snhCv. 
drfiup.i vnitates . €fitq^(L|alriMU^9Qiin)m)itoa^m!> qu(e 
ir/. io^ tabula miil^pl]cwfitili|l{fl^¥miAf3nJ9S' q[Uilcf>licat 
I ct cuiufquc bails nomiQum iuo}4n£^4d(.m ciipj 






Et':E/M EWIT/Vll^ 




.T"' 



« i 



l. 



^l 



' ' ^^ 



qu^idaBn»tid0cikbafi^>t!iitldpiidijm'J ^^ $dfctf« 
i(tfquef3ife«itiin»biiimtva«m 
g(«tnldiopitt)ieqdeotiifp8iitk<mm-^ /tfiii^ocu- 
iufqiieijafiiltmddpltdatt^AfBtaJifreft pbttfus ag« 

icitailx((l-;('c '.- 



1 « • 1 1 ' 



# ♦ » « 







P^Oice^ biiiaii^;mtilct|dic93Siper.][utnp 

Hfto binarius ^> rernaFius r>j) Conftac ^> miaprcnu 
cflCy QUatn r. ^^.. ..-...- 

Dico 2^2 9 minorets) efib,«^it^'f j^. 
3 ^3 >> minoicn] » qu^m r^u 
4^4, tninoietn qikcti ir4.i^>«ie 









l 



^^•f. <r> i;, ront nume^ iiicer fe primr »i < . 

4^.7. r>.^^'nint fniii3miia>limt^cione^ ' 
• ^ Ui-«-^^» noftieft n^o^i, qud(h;r; • 
(. i! |/^i^^2, non^ftimiiioi-iiqtKbn^^. i' 
-i •;, . :n'-^x,i non eft mintMrqiCita). f^L : 

^TfHb- :^> cft mrnor j quAm t» '• 

2^ eft minorrqtt^m ^-»^. ' 
>i^, eft minOK^ i[|adta t^,^h • 

hjfotk.. Z't eft w- ' '-' 



1 >i C ^t 



. » 



ak 






« . rt 



f jHj c^ minor,qu^in ^t^i !:^.';> . ' ■ 
/»^« 1^5, cft minor , qu^m «. 

1^4, cft miooc >• qfi^m ./; . V 

.;..:.3 ti^ii c9rif«ifwr/^<|^W24i<<^$AitoftSJ'i 
Quarc&c. .'A-^-fOl 

IN i^Ma <miilli(^q(|ai,iqnirBve imiioi» «ukipUcib 
numeruin vnitatc maiorcm,qu^m ftcordo fiiac baHsjfii? t 
ci^qiiOKinm^iiinf mcoci»po{»l^ eik 

Qumcnismultiplicatus, .\'. i.v ?:iL;-' i v<v. .» 

. Eflojnaoienis 4»>incabuiaffliiicipliciiKii>in<}uiQU^. 
biOjr&jcfto, .tcmanii8<- 1 . -. i j" - ; Ij; ^: ' ' ' -'-T' • 



, % { • I • 



U f • • • - «0 • 




Prafor» . «^ i:3 t^!^ j 

Accipiatur hinkiHi8£^sni:up (loaioj Jio t <\ | 

^* ] Numeni$<s&aI0^uint£b495ihRi^^if)r^5^ 
Ereo 4 , miDQreflrvqidaa-t^cUnS^ i 




I minoreftqu4fti^>A^tf{ 



. mtQprefl^uatn ffS(;<^ig(>ndai,|(ftiiD6P€uquki 



Q 



Vaclibet quadrain; /pcojpradfODirifiat io i^rriiobr eft» 
qusim feiquitota ', maior , qdimi(^ttiitoca , Voitacc/ 



fjfypoth, ,rZ ■'•.■■:>> 

.. Efta»prQjadirc,hinarini quylibet guadratpix^^y itu 
quarta bali« .< r .x ~ ? . : • , v 

«;Pi<^;iii«wig«miflfil6^QU^OTff^c|f«i^ 

#ln;' |..;I?<^^QAaC'jqiiqd3C^pro<qo3C^ 

dice, eft xqualis ipfi w. . z:: uvju-i- il:;f. i <arj;M.rt 

i^sh.\ '- ' I?i:Q:tddiod)toaHQi|.vaicataiti]mdhiUSfil!b 
1 qua vnitasabfcinditur , Si waffitoliii^iQati-stel 

I vnica tabpb fmefQDi^Jkiafi&^mqna^ftdDce^ii}- 




i.> • - 



4ff.VLi,. 



f eli]t> qu£ nominum, 8e mukiphaum. Accipiatur 

'I it^quefu hqufyHrarrijc Ajin qinrri Mfi , giifulrj^ 

] trici a , ryt?9ay»«4 .Zl.. /^T 
^^e^^tabul4'f^Hlc^H^i(in^ia^H£^ V> 
rf^jpj!», I probinaria,w,eftvqitas. 



def.ijh 



5 ^, eft raaior vnitate. • r * 



-T .-> ^ ^^ 






r» -^ » t ^ * 



de/M I Pro binario, q, eltternarius. • 

^,eftniinor>quaiii q ^. QfiodSec. ' ' ^ - 
. Quare &c. •«: ^^ .'. y - 



i^ • 



»H0< 



>««iMaAi 






jjLii 



' iV i :; '. 



• • • 



The0r.2y.prtfp.lJ, 

QVdbetpoteftas h binario,maior eA. nttmero fui 
ordniis. , ■'. . ■■i , :\ • ' :: •'' - ' 

Efto binarius k 

Vnicas eft minor > qu^m b, ergo binarius 9 minor e(l, 
. -'C quJ^oi 



• •• ^ •••>• • r *»*» 



: V. 



«o B i/vE • m; e Nir^V' m 





teftas siJbinartO>inaior dL qudm fut bir«Imis aainenis. 



«Mk^aiMMMMrit 









QVxlibecquadratrixptidai bteris>pro radice binario> 
miiiordl^qtt4m|>oceftdS(bifiarij ,' vnitate plus or- 
dinata, qukm fic eiut bans» 

Efto, in primo latere, in quartafaifi> quadcirnj^ 4» pro 
radice binario : 8i efto binanas k 

Vicqjt, mincfrfaD^lfevquiln 
• Pritpaf, ' 

Acdpiaturinprimolatere,fnquarta bafi> fiibquadra* 
crix o pJ^o radioe binario«. 

Dtmmflr, 
icfAiJb a: jf. / - " 

*7-** 1 y, minor eft , qu^m ^5. 

I s y minor eft, qulm:^^. Quod&c. 
Quare^. 






• • . 






Thm* 



S B C V.N D V M. 8.1: 

CViuslibet quadratiicis , primi vel vldmi laf eris, in*' 
c rementuin , minus eft inaeipento toXss.x ynitat&>. 
plus ordinat2e,qu^m fit eiusbaHs: &qu2libet quadratrix> 

primi vel vltin^tlateris, minoreft qu^ni tOjca.i vnitat^ 
plus ordinata : & ferquiquadratriz 9 miDor eft qudn]ife£^ 
quitota* 

Mcth, Demonflr. -^ 

Tria propofita» oportet primiim demonftrare, in prio> 
libus bafibus tabulx, ddnde in pofterioribus.- 

Dico 0»i'a incremcfitum,fniouse{Ie incremento m 
Se O.iHy minorem.efle» qi^m f^^Se-i^rqwi-^ti^f) mi- 
Qoremefle,qu^m ^ta. . ' .. ; 

»• *• I 0,za incrcmeotum eft 0,2.-+2 . » • . 
'• f* I f2 incrcmentum cft A/-+«« 
*• *• 0.2 : %t — 2. 

{ 0.2-^2 : 2^ . 

|.0..'2H-2 ,'ininorefty qitton '2/r+ii; .-. .■ « 
1 0.2« incrementum , minus^. cft increniento 

»8. K jo.24, probinario, minof eft>qtta«) ri. 
j 0.24, proternario, minoreft,quam (2. - 
' Sim ilitejT., pro quaternario, & pro Hi^ulis nu- 
.meri^ <^iSn>onfteabKur^quod Cl^^yi.minor eft> 
quam ti: & fe/qui-O.^^.,. nunor> eft, qu^m 

|f2. Quod.&C, ; .. . ^- » «^ 

L 



4 t^ 



8i E L E M E N T V M . 

Dico 0,1 at iacrenientu.il> minus Cile iicrettienco 
tii&cO.i^iy miaoreaiede» qdim ti : 6i CeCim^.$dZp 
minorem e(Ie> qu^m q^, 

Demonjir. 

S.6. 1 0. 3 4x incremencuit % eft O.Sa-^o. 3 h- j , 
». f. I ti incrementum > e(l ^rn-gr-w». 
/«p. 1 0.^4» minor eft> quilm sri • 
xjr/ij>. { O.j -I-3 > minor cft> quim jf-m», 

( 0.541 incrementu.ny minos elV incremenco /j. 
I QiodSftx 
18. jb. 1 0.^42 ,pro binarioy mtnoreft > qo^m t^» 

- 0.54i> ptotemario^minorcftqu^m/jtnecnoa 
proatio quolibec ndmero: & ierqui-0.342> 
mfOoreft>qu^mf5. QuaeSflc: 
Dtco p.443 incremcncum > niinus cilc incremento 
f4:8i0.4(f3>miooreni e&>qQ^ t^ 8c refqui-O.^^j» 
miaorcm> qu^m ^4. 

». K 10.441 iDcronefltum > eft 0.iz4i-«>0.i2<t 

I ^0.4-*^. 
'* f* I Incrementum r4> eft ^s-tStt-*^-*!».. 
fif» |Oit242>minor^> qudm 4^3. 
M 1 0.i24> minoreft>qu^m dr2. 
er/i^ 0.4-t>4> minorcft i qudm 4^^-«. 

Incrementum 0.445> minuseftincrefiieotor^* 
Qgod &c; 

*^«^ ] 0.445 y pro binarto^ miaoreft ^qu^m /4. 

C?.4<5, 



SECVNnyM. 8j 

0.445, pro ternario 9 mioor eft , qdiin /4* aecnoft^ 
pro*quatemario , & proalijs deiQceps oumeris : St icfqui- 
O445 , iniaorcftyqu^ ^4« Qaes^ 

SinuUcer ofteodetiir de oiDnfl>usprim4& vltimi la^ 
quadfiitridbus. 

QMarc3QC .. 



««■■■« •■«■■■■««■««•«■■■•«■wi 



rW. 5 o. /Vijp. 3 0. 

eViuslibet qoadratricjs ioqiemeatum , maius eft in- 
crcmento (emitotse» yoitateplus brdinau?» quinL» 
iitaosbafisj&miouseft iocrementotcrquitotse^pariter 
|kIus otdinatar • Deinde quaelibet quadratrix» maior e^ 
qu^m praedi^ femitotii& miooryquiim ptasdi^ ie^ 
quitota. 

Quatuorpropofita pritnOmdcmonftrareoportec, ifk^ 
prioribusbafibustabulap, deinde in pofterioribus « 

DicoincrementumO.2^ maiusefle,incremento rm^ 
& minus dle, incremcnto q% : 66 O.X4» maioicm cfle> 
qu^m mz 5 minorcm, qu^ f 2 . 

a* >. ] Incremeotum 0,ia, eft Oift, 



t, /. I Incrementum mi , eft im-^it, 
s. f. I Incrementum ^2 , eft 2^-+«. 

I P.2H-2, eftmaior,quam im-t-fR. 
. I Increfticntum 0.04«, cft maius iocremento m2, 
Quodecc. L a '0.» 



1 



f4 E LfililE r^T VU 

<^^***'i0.2-+a, eft.tninor^ qu^rn i^. - 

0.z~t2,i5rt minoryqiiain .2f-*^i». - . , 

' I Incremfcntuai Chzay eft ittiausittcraneato q% .^ 

Quod&a ^ \ ' . 

x6, b. I 0.24, probinario, eftmalor^qujiniiwHnMnoo 

! 0.24, proternaribj cftmaior,'quam mx i xtA- 
- : |: ' -faorj quim if2 ?;jtcfnaprdJqU$lt^riWFio,'«pK) 
• ' • : I " ^efiquiij numferis 'J ^uoeJdJc. ' - f^ • ^^ ', . 
Dico Oidi, ind^merihirti , maius efle incremcnto 
wij mimss incrcmerito ^S • 8t ^3427 maioreoi etf6, 

qu^m m^ ; mihorem , quSm fJ* • ' 

Demonftr. . \ 

6,b,\ Incremeptuii3.a34J> eikO,<Sa^0.s-+l . 
I iricrcmcntiim jwj, eft jwiH-j»^!»;^ 
^ Irtcrcm'ehtiirti'^j, ieft 3^*-+ 5^-*« . 
06a, cft -maior , qu^m ^jhi.-- 
0.5 i ^m\ • ' . • •. 

O.3-+3 , maior eft .qait»-3^»«' -• ^ 
Incrementum O.i^i , -cft maius incrcmcnto i»3» 

/»f. o.(j4,eftminor,quim 3?*« ^ 
/i^. 0.3-*3 , cft minor^ qiiiim 3^-+». 

Incrcmcnmm 0.34», cft minus kicremento fj» 

Qubd&c. ' ' •^ •■ •'•• 

'4<f.'6. j-g,342,pr6bifaario,'eftlta3ior,qullra»»3; minor, 

quiim ^3» C?.34», 



t.f. 



i. ^ 



f .< 



fmg^lf^g^mmam^^m^^^W •■ ■•■■■• ^a* 



:••$ EiC VN D V.^- «j 

Oj42> pro ternario> eft maior> qu^tn fn$ ; minor; 

qu^nS ^ j : necnon. pro quacernariQ > & reliqtiis deinceps 

numegs. Quod.&c, .1 ... 

DicoO;54f inciiemCQtum ^«^'uscileiacicmeoto m-si 

minus incremcnto: ^5 :,& 0,^ary toaioreiii-.Qdc ,, qu^irjL 

fi»3jminorem>qu^m.^3 • 



» , I a « 



Demonfir.' 



> . . 



( . 
- j 



a. fe. I Incrementum 0<f<«r> eft Q.jdrr+iSjt.> 
8. f. j Incremc(Uunifii.$,«Q;.jmiari^:9iM;^ff; ' 
8./». j Incrementumy5> eftjjiH-j^rfii^ . V . 
{ 0.6r, maior eft, quam im%,: ; ^ ' 
i <Jf, maiov cfij,'qQapfv s»»^»»;- ; 

.; I Inafimemimii OiC)^>maiuseftincreiii6nto m^, 
1 Quod&c. . / >. :^ I 

apjt., I 02rH-'*r, inioo*rcf^,*qo^ f>^: C !- . .'.3 
' 06r-*6tf minor cft^ quim j^>-*5y-f».' 

locremcntum O.Sary minus eft ino^ehto ^5. 

'.Qttod&c. .' . :'i..;:r 

0;54^> probin^Tio > eio maibr^^quaid ffsj^Imi- 

• nof , jqjam ^3 . . , ; • j.. ^ la ; 

O.54r,proternario^&pro.relii]ui$ npmeris,.eic 

maior,qu^m m^ , minor,qu^ nqi ^^Quod Stc. 

Dico 0.443 incrementunt.,iilaius efte incremeto »»4; 

.minus incremenco f 4: 2i. d,^a | > mnncm £i(&>qu&m »»4^ 

minacea);qu4ai f4. ^ . 5 < i .:> l -^ 



• '..•' »« 



t.f. 



8^ ELEMENTVM 

'Demmfir, 
I Incrementfi O^i *cft 0. 1 2a%-*0. t la-^cX^^ 
* Iticremtntum m^,isRi^mi'+€mi'*^**tt» 
Incrcnientum^4,€ft 4^jH-i$^2-»4fTi-iii. . 

0,iz4ifmsaorcRy<fj^m^$, 

0,i2a,maiOT,cp^6m%. 

0.4 : 4w. 

4maior,qdUn ff. 

Incrementum O.443 , maius incremento m^ 
QuodSec 
fif, 0. 1 242,fflinor eflv qu4m 4^5 . 
/Mp, 0. 1 24* minor^ qu^ $^i. 

fup. O.4-+4 ; 4^-1-4 ; 4/. 

t7.4-i-4,miiiorei^,qdim4f-Hi. _ 

Incrementum 0443 > niinus incremento ff. 
Quod&c. . 

«d. 1«. 0*4^$ ' pro binario> maior eHt, qu^m 1M45 nMHory 

qu^m^4. . 

0.445 , pro ternario,& pro alio quoNbet numero^ 

maior eft> qu^ m^ minor quaj^. Quod &g 

Dico 0.ia42r incrementuha, maius dle increfofiiuo 

OT45minus incremento f 4; & 0. 1 242r> maiorem elfi^ 

qu^ m45.minotem> quam ^4. 






Demoufir, 
iQctemetuiun 0. 1 242r>eft O.t 44r^O, rain» 1 21; 
Incrementum m^, eit ^ix?^ ■*6mt '^^riM^ 

In- 



fmp, 
fip. 



fiip. 
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Incremeatum ^4» eCt ^$ ■+Sqi-t^-¥tt, 

0.2 44r, maior efc, qudm 4»f 5 • 

O. I xr^maior, quilni (^»»2. 

1 2f > maipr, qu^m ^m-*-», 

Incrementum 0, 1 lair, maiuscft inctemSco»i4^ 

QuoJ&c 
0.2 44r> minor eft> qu^m 4^5 . 
0,1 2r-t- 1 2f* minor, qo^m Sqz-*^a-i-tf, 
Incrementum O.i 2 4 2 r>miaus incremento q^ 

Qfjod&cc, ^ 

O.i 242rjprobinario>maior>qu^m m^i minor 
I eft,qusim^4. 
O. I * 4 2 r, pro temario^ mator eft, qu^m 09 4; mi* 

aor,quitT) ^4, necnon quo alio cpiolibec nu- 

mero» QuoJ&c. 
Dicb 0.5 44, incrementum, maius e(!e incremeto m$i 
minus incremento ^ 5 : 5: 0. 5 44, maiorem efle> qu^m ;» 5 ; 

dmiorem>qu^ ^5« 

Demonfir» 
I locreipencum 0.5 44» efc O.a oa$-* C^oa* 

I H-0.2O4-fr0.5H-J. 



xs.b. 



».b. 



S.f. 

fif, 
/if. 



Incrcmentum mj * e(t ^m^-h lom^ ■* lom^ 

Incrementum^5*e(t ^(f^-*\oqi-¥ioqx-¥^q-*tt» 
0.2 045 > iiiaioreit>quam 5 »»4« 
0.3 04 2 maior e(c, qtidm i om%» 
0»2oif«aiaiorclt>quaih lomK 

0-5 
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jtf. 



ftpf 

f!f* 



i6. fj. 



EX E'M E N T^VM 

0. 5*+ 5 » tnaior cfr, quam 5 iw-f ». 

Incrementum O. J44,maius cft inctemento /»5. 

Quod &c. 
O.2o<i3,minoreft,quam 5^4. 
I O. jor4»,inindrcft, quilm. r 0^3. 

0. 2 o 4, m inor eft, qua m i o^ *. 
0, 5 -* 5 m inor eft, quam 5 ^-+«. 
I Incrcmentum a5<J4,minuseftincremento^5. 

. Quod&c. 
! 0".5<i4,probinario, maior eft, quiniw^j minor, 

qu^m ^5. 
0, 5^> pro temario, &re]iquisfifumeris ^maior 
eft, qiiim my, «ninoT, qu^ q 5 . Quod &c. 
Dico O.zo^sr^incrementunf^jmaius eflfc incremento 
m 5 jminus incremcnto ^5 :6f "0. a 0^3 r^aiorem cfte^quilm 
»^j5minorem,quara^5. " 

,-/ . . . pefmnflr. 

x. k I Oiiqasr incremcntum,cftO,(Jo/i2rH-0,tfo<ir^; 

j 0.2or-+2o^ . 
8. />^:iHncrcmcnturti7»j>eft 5«*4-+f o»*5-no/»2-i-5»» 

& f.. l Incremcntunif j»cft 5^4-no^3-no^2^5^-«:«. 
fitf. ! 0.(jo4ar,maioreft,quam 5W4. 

I O.^o4r, maior cft, quam. I oTvj . 

I O» 2 cr, maior eft» quam i Qif><2w < . . 

I 20f,maioreft,quam ;5«^+».i .; . '^ • < ' .,. • 

I IncrementuniO.£045r,maiuscftiQCceatt4toi!»j. 

' Quod&c. 0.60 



f«f. 



±9^ 



%6,b. 



I 



• S E C V N D V-Mi ^9 

fttp. I 0.5o4r>fninoreft,qusim 10^3;- 
^h, I 0.2or--f-2or,a3inoreft,qu^io^2-+5i^H-M. 
' Increfnentum^.io45r>minuseftincremdito^5. 
Quod &c; 
0.204^r,pro binario>tiiaioreft,<]dUn m^imi- 
'. nor,qudm ^5. 
• 1 0: 2 043 r> pro tenuirio> & reliqus numeris» maiot 
I eftjquim w5;minor,qu^m ^5. QMeddec. 
Dico Oioaif^ incremcntum, maius e(& incremen- 
tomyy minus incremento ^5: & O.3 o4ira> fflaiorentL» 
cfle, qu^m m^ ; minorem > qudm q% • 

Demmjlr' 
Incrementom 0.3 o4ar2>eft 0,6oarz-+0,^ ora 

Incrementttffl ;m5 > eft 5^4-+ 10105 h- ioMf2 

-+5W-+». , 

Incrcmentum ^5, dt 5 ^4-+ 10^5-+ 10^^-+ 5 ^-+<#, 
0.do4r2, maior cft> quam ^mj^^ 
0.3 or 2 > maior eft> qusTm \ X3m% • 
0.3 012 > maior eft> qu^. iqw2^5w-»i4 
If)crementum 0.3042x2 > fbaius eftincrehiento 
m\ . Quod52c . : 

^ • 

O.tf o4»J > minor eft, qti^m 5^4. 
0.3or2-+3oa>niificar(ift> qoathio^^,, '» 
Iticremcntum 0.3 043x2 ^imjbusrti^ incr^weoto. 

' M X 0.30 



3. /&. 



I 



fif. 

«9. Jb. 



• . • I 



$9 B.L E M E N T V M 

x6, b, 1 0.3 oair^ f pro. binario > ouior eft , qaXafm^i 

O^$oairi > pro teroario , aliouQ quolibec nume- 

ro>maior eft> qtt^ mf ; auoor> quiiai f 5. 

Quod &C. 

Sipulicer oftcBdecttr de omniku$ quf dracricibus ia lofi* 

nicum>hacfcmpermetbodoreniata. ' ' 

Quare&c. 

QVackbei quadrotrix eft f quaBs iemifocaQ voirarQ plu^ 
ordinata: > addtf is > dempcifque iemitoti^ > aliqtia- 
licer accepcis > iton plus ordinacis > qudm fic eius 
bafis . 'Denmflr» 

' Pacec indudione per 6jh, 
^* ^'1 Deindefic. Quaclibec quadratri^) eft iequ/i- 
lis cot2> vnicace plus ordinata?> dcmpcis > addicif^ 
aliqualicer accepci$cocisf>non plus ordinacis>qu^(Q 
^•^' jficciusbafis. Tpcaver6vQicacepIttsor4ioaca>cft 
1 2equalis (emicocx paricer QrdioaC9>vn4 v^om rcfiii- 
tcotis non plos ordin^cis, ;aliqualicer accepcis, Se 
• ^l vnitatezfiareliquiccoCa^ non pfais ordioacac, fuQC 
I aequales (emltocis, noo pius ordinacis > aliqualicer 
I acceptis > & vnicaci . ' 

Quaie qUxKbec quadracrixeftaequalisieautocacviuta; 
te ptus ordinac» additis 3ec. 



* I 



Thcor^ 



S E C VK D V M. . p« 

C*\ V)clibet^8dc3tri« i^«quaHs fcCcpkmts ^vnkatt^ * 
J -^kBi&riipMa^i dempcisyaciditdque feiqiritotis , ali^ 
qiialitet aeocpri^^tKmpltBordioacis^ qu^n] fitciiir 

Dmtftfir^ 
Patet itidiidicne per 7 A 
»s. &. j Deindeiic. Qi«libetqaadnitriK»efl;£qualis 
totie , vnitate plusordinatae, deniptis , additifque 
aliqualiter accepcis totis , noti plasordinatis» qua 
7» b. fuerusbafis. Totavcr6,vnitatepIus ordinata^ 
iequalis eft (efquitotaf, pariter ordiiiats,demptis, 
additifque alijs, acceptis aliqpialiter fefquitotis 
non plus ordinatis:& reIiqu£totae nonplus ordi- 
j nat« , func iefquitotis additis, & iubtra<^is , noa 
I plus ordinatis xqnales . Ergo qu^elibet quadra- 
I trix ,cft xqualis fefquitotx vnitate plus ordiQat^» 
I demptis , additifquc ali js , acceptis aliiqualker fd^ - 
I quitotis , non plus ordinatis, <^aai fit eiasbalis* 

QV^tibet quadratrix cnedia , cft lequalis quadr;(trid, 
ineadembafi, prims, vna cum al^s primi lateris 
ipecRbus,>aliqualitcr acceptis. Etfubquadratrixy 
(^quaduitrici . 

TJtffwtJff, 

Patct indti^ioneper ajj,. 

M 4 . De- 



9* 



14* b. 



I 



X. f. 



E.L E M E K T V M 

Ddodefic . Que^t quadratrix > cft «<)ualis 
totse > vnitate plus ordinata; , quatn ^i ctus ba6^ 
demptis , additifuc ali js xoxis, akqualiter acceptis» 
non plus ordinatis, qu4ii\ fit ciusbaiis . Tota aute 
vnitate plus ordinara > cft a^qualis quadratrici pri», 
ma»)ina^ueordinata bafiiacenti, vna cum alijs 
ipeciebuS) in primo Iatere,in infcribribus bafibus, 
aliqualirer accepcis . Et reiiquae iofcriores cot^^. 
finiiliter io&rioribus quadratricibu; >& Ipeciebus 
fiint aequaleS) aliqualiter acceptis . Quare qu^ii- 
bet quadratrix medta>eft aequalis prima?) in cadem 
ban>iacentiquadratrici>vndcum alijs primilace- 
ris fpeciebuS) aliqualiter acceptjs. £t iubqua- 
dratrix > (ubquadratrici • 



■i* 



Thepr. 3 4. Prop, 5 4. 

QVasIibec quadratrix, eft aequalisquadratrici>inca- 
deni bafi> vicinas, additis vtrimque totis > non plus 
ot(iuiatis>qdimfitipfa bafis. £t fiibquadratrix, 
iiibquadratrici . . ■ 'Demmftr. 

Patet.indu<^ioneper p.^. .^ . 
^i'h.\ Dcinde fic • Qjislibet quadratrix > eft 2e<pialis 
^ I quadratrid >tn eadem bafi, fibi vicine, additis 
I vtrimque alijs inferionim bafiu Ipecwbus, aliqua- 
I liter acceptis > 62 totis non plusordioati^qwUiiiit 
' ipfa bafis. Sunt autem aUa: inferiorum bafium (pe- 
cies, a^quales tocis > non plus ordinaris, qwiai fit 

ipfii' 



12. h. 



• ] ipfa ba(is,aliquaitcer accepcis. Ergo quaclibec qua-^ 
j dratriK^eftsequalisquaJracrici, in eadeni baii, Gbi 
I vicin^ addicis vcrimq; cocis > no pkis ordinacis qua 
s . j>. pit ipra bafis . Ec rubquadratrix (ubquadracric i . 






Theorema 3 5 . Prop, 35. 

QVaelibec quadracrix , eit asquaiis quadratrici, ia ea- 
dem bafi, fibi vicinx , additis vtrimque remitocis, 
non pius ordinatis, qu^lm fic ipfa baiis . £c fubquir 
<lratrix> fiib^dracrici'. 

DerHmflr, 
Patet induiSiione per 10, fc. 
3ii>., I Deinde fic . Qu(e!it>ct quadratrix cd x^iialis 
I quadracrici,tacade bari,(tbivicinf,additis vcriiTiqi 
6. }h I toris non plus ordinatis^qaani fic ip(a baiis . Tot<e 
! autem non plus ordinatae , feniitotis non plus or- 
|dinatis,acceptisaliqualiter,{uat£equales. £rgo . 
quslibet quadratrixeft xqualis quadracrici ir\ ea- 
dcmbariGbi vicinae,additjs vtrimque fediitotis^ 
non plus ordinatis, qu^m (ic ipia bafis » £t flib • 
quadracriz, fubquadratrici . 



x. f. 



m" 



Theor.l6,Prof.lS, 

QVaeiibet quadratrix^eft acqualis quikdratrici,! n eadem 
ban,{ibi vicina?> additis vtrimque re{quicoas,noa« 
pius ordinatis, qdbn fit ipfa bafis . £c (iibqoadratriz > fub- 

qua4pctid. 

Oe- 



\ 



^ 



P4 
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T • 




h 



Pflftet itidudione per ii.^. 



H.7'. 1 Deiihde (<c. Q^dibet qoadnstrir eft-^qualis 
quiidratnci , }n<caifefln bafi^iibi Vtcfn£, a4<iitis 
vtrimque(e{iS)nonpl»sordinatis,qo4ai (itipfa 

7. K Ibalis. Totie ittitein, non phis otdinata?,rerquito- 
tis, non plus ordinatis, acceptis aliqualiter,lafic 
azquales . Ergo quxlibet quadratrix, eft aecjkalis 
quadratrici, in ead^bafijfibi vicina:, additis vtrim* 
quc totis, non plus ordinatis,quani fit ipiaban& 
Et fubquadratrix, fubquadratrici • 



a. p. 



Mi« 



QVa^libet quadratrix , eft squalis qoadratrici , £lbi, in^ 
cadem bati, vicinx , additis vtrimque primi lateris 
fpeciebus , inferioruro bafium. Et fubquadratrix , fubqua- 
dratrici. 'Demon]h\ 

Patet indudionc per ii.h. 



54.*. 



14. h. 



a. p 



Deinde fic . Quxlibet quadratrix , e^ xqualis 
quadr&tr)ci,(ibi,in eade bafi vicinf ,additi$ vtrimq; 
totis, noplus ordinatisjquatn iir ipfa>baits>Bliquar 
1 liter«cceptis.qu£ totf » iunc jequaics ipcciebus in- 
1 feriorubafHim,primilateTis ,aiiquaiiteracceptis. 
ErgoqU^Iibctquadratnx, eil xquals quadratrid 
fibiin eadem baii vfcina»,additis vcritfiqi primtibir 
leris rpedebus / inferioiuni baTjum. EcfdK|ttaf' 
dratrix, iubquadratrici . 

Pc- 



Petrus Mcngolos , t8uflriirimo D.Fabio Alamaa< 

<liiio,NobiliBbnonienfi,Dominofiio raaxime 

lecoleodo, beatc viuere. 

E e^fi proportiattiiut , itttmdituml 

hucu/ijue ucometricum tlementum, 

n4 theore^at4 , (tteroiqui dipciUi- 

ma tfttcili negoiio fol^enda , cum in- 

fiituerim : ex ijs, qui miamfcholam 

freqtutttarunt , prater te,luuenis lllufiriftime , ne- 

minem haieofatis diffofitum; qui rem fttttilifii' 

mam valeat intelligere. Cumque verear , fi forte 

pofsit inteltigi , quod legendum fmniius propono; 

nifi priiis ipfe orelenus, alicui (iut dodrtna fatis 

capaci, meam fententiam explicupfim: apudtfJ 

frecator accefsi\ lit dignartrit ( licel vacationittaj 

lempore admodum rutefifatut) ruralibus partim 

delicijs ,partim negotijs tfuidqutm detrahere\pri- 

ualtfque meis lucuiratiottiius audilar tnteruenire. 

Pr» tua Ifeaignitate fialin , <juod pofiuUbam , im- 

fle. 



fUuifti : 0* conceffum tiii diuinimt intellelTumJ 

fubulifsinmm , inuentis meis , ea inlentione adhi- 

Imifii; vt 0" me ipfum irmentorem, (f p-deSo- 

r<»?, in plurimis ttiam prnuemres. Plurimas ita- 

que tiht frimum gratiat frofileor : ijuod tim hmm- 

tiler, (f liberaliler, me de fludijs meis friuatis 

lecU7?r1>atiaris communicare. Deinde illas eafdem 

lacalirationes yvna cum alijs frtcedentium elemen- 

torum.pleniiis iraBataslfrdegendas o^eto,fcrt- 

^ftu pr/tfentibus ; anfequam totum opus pu- 

i/ici iuris effe incipiat : non tfua/i gra- 

tiam redditurus; fed in mei erga 

le obfequij monimenlum. 

Vak^. 



GEO- 



ELEMENTVM TERTIVM. 

T>EF m ITJO Jl ES. 

I . Z. Atio indeterminata determinabilis , apx iiL. 

E j^tj^nftiari^potcft-efleinaior.quaindata^, 

I (^ux)ibet,quatenu$ ita determinabilis> di- 

eetnrQuafiinfinita. 

I. Et qus feotcft effe ininbr, quam data quilibet,qua- 

tcnusitadetermi'q.ibiIis,dicetur,Qua<inulla. 

3 . Et qux poieli eire minor, quain data quslibct ma- 
ior in^qualiMs; &'maior, quam3au qu,Elibct minor inir- 
qualitas,quatenus iia Jeteniiinabilis, dicetur,Quafi squa- 
litas. Vd aliter . qus poteft effe propior asqualitati, 
quam data quxlibet non xqualitas , quatenus calis , dice- 
cur,Quafixqualitas. 

4. Etqufpoteftclle n)inor,quamdacaqu.'eIibetm^ 
ior,propofiti quadam ratione; 5i maior, quim dataqu,e- 
libec iniaQr, pcopofica eadcm ratione, quaceaus ita decer- 

.t»»Af N min»- 



«8 E L E M E N T V M 

lii!nsd>ilis>dicetur,Qaali eadeairada. VdlHter. nas 
poteft efle propior cuidam propoGtae rationi , quim da- 
ta quzKbct alia aon eadem , quatenns talis, dicetiii', Qaafi 
«adenL.. 

}. Et rationumquafi eanindeai iaterie, termioi di- 
centur, Quafi proportionales. 

S. Etquafisqualitatun),diceatur,Qi]afizquales. 



Thnr. 



TBRTIVM. ^99 

* The(ir,l,PtopA, 

INa?qualiutn rationum maibr^ ^pc^vit^uio ^fStiSitht , 
item €Oiiiponei)do,&diuidenclo> eft QKHor» 

'Darcnjhr, 
^«/.8.5. ], - Maioris.eoim rationis afitecedcns > maior efl', 
quam proportiofialis> cum reliquis terminis: & 

dempta quantitatejvtproportiofialis^rdinquatun 

s. f» I permutando , &componaido, &diuidendo,pro- 

t. 5. J portionalis erit, & antecedens 2 e^emq reftituta 

I ^uantitatc,«ntant€ceden$maior>qu^mpropQr- 

f tiona1is>permutatx, aut compofit«> autdiuiHe 

I proportionalitatis. Quod 6cc. 

Quare &c. 

Thcarema ^,Prof» 2. ; 

Na?qualium rationum maior> conuertendo> eft mU 
nor. 

Tkmmflr* , 

dtfxi* Nam maioris rationis con/equens e(]f minor> 
quam proportiopalis > cum rcliquis terminis : h- 
dufqueconuertendo antccedens> adhuccft mi* 

I nor,qu^mproportionaliS}Cumxeliquisterminis* , 
|Quod&c. 

Quare&c 



^M 



I 



Theor^l^Pro^l, 

Karqualium rationum niator,pcrconuernonem ratio- 
ni8> cft minor . N 1 f:^- 



i«4 E I>t ii: Ei'M- X: tr M 

b, 1 43 5 ^3: inaior>quan> «(i^n^a; 'QBoJiSJcr- ' 



, • '^ r • . . 



^■«•H##4ftMpk.aMlMI MM*ftnM^«HMMi^i»M^a«to«^ 



., • 






Theor, 6.Prop»6< 

SI pt-ima ad{ecuiKi(Rn>tiiat6teiBiiabaent.ratkneaii^ 
qu^iQ tertia ad quartamsvtiiuDifqpeprapoi^iuiles 
cum prinia, & tenia, ad squepro^ortiotMlescuih ifecuii^ 
da } &quarta, maiQKiBhJ)ebiiot; ratipaeo fi prput Qbi 
reipondent>ifaiFrumaDRir^> S :^ : ;.. 

4$ hi maior>qdimc^ d. 

^y ^' &K^\ . ; ' ' - ■ 

Dicor^ ^: maioreme(le>qtt^m/i •^. ' i 

'^emmfir. - 

lOfotK l^; ^: maior, qu^m 4 ^* 

f.h, j 43 r: maior>quiim ^i 1/. .- 
>i» J» i *i /V maior, qu^ /^ ^. 

f.b, \e'i i: maior, qu^fli/j h, Qdo<f&c.* 
QuarefiJC. 



' ,' • . 



mmmmmmm/m^tmammmmtt^amm^mimmmm mmmmmm 



Thm, 7. l*rop. 7. 

RAtio quafi infinita, conuertcndo, tfi quafi nulla. 
Bjfpoth. 
£tto ratio ^i ad ^j quali^iinfiirita. ■ '^ 

Dico xonuertemid,^ 5 aU J,' clTe qoafi^nuILiRir. * - • 

Pr^ 



T E.R T:! V Mv w 

Aflumaturquaelibet caKta.c ad i> . . '^ 

«• k I ErgocoQueftondoi,? ad ^Vtmnor pO|Qe|lia0^ 
def^b. 1 quSoi c ad^ ErgoS? adXeilraciQqadli hulla. 
, JQ^pd&c. 
Quare&c. 



mmmit 



RAtio quaft infinira >componeiido>e(l quaii iafiftffat 
item diuidendo>eft quaO infinita. 

H^potK 
£fto ratio A^3, quau infintta. 
Dico componendo «^h- 2^ ad ? > e0eqaa{i iQfioitain. 

Ai&aiattu' quxlibec ratio ( ad i: quod (i c, eft ma- 
ior^qu^m ^^ fitexcedus ^» 

Dtmonfir» 

Siquidem c eftsequali$>veImiaor>qu^m</;pa> 

'• y tet>q^ vIh-S^ ad ?>maior poteft e&e > qu^on^ 

4^> >* : ^ afd <i Qudd (x t eft ipaior > qu^ </;quoniaiiu 

l^ K I wj( ad B » maior poeeft e0e> qui^n» ^ ad «/i crgo 

cQfflponetHli 



fri^. [ rH-«f ad^: ied e-*^i eft <:: ecgo A-*'^ aii^By ma- 
'4^. 1. 1 ior poteft e(Ie>quam c sdd, Ergo ^h-S ad 2[> 



latiocftquaiiinfinita^ Quod 

Dico 
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f. h, 1 43 5 ^3: fnaior>quai» iftt.$n^a; 'QoKxfiBlcr- ' 
^ ^* I ^5 > 45 .* minor^ quam bii\a%^ Qfx^^itxc^ 






^^ r 



H :t ' I 



SI pHma adfecuixiwit^tnatbiipmiiabaerit.ratii 
qucim tertia ad quartam:«tJam>^qQeprGpoton4ies 
cum prima, & tenia> ad «quepro^orciorialescuih ifecuci^ 
da , &quarta, mkiQfciBhJ^ebimc, racipaem >fi prput fibi 
rcipondent>4faFrumamar^.: 'V. :^ : . ;.. 

4$ ^: maior>qdim c^ JL 

Dicor^ ^; maioreme(le>qt)^/> ^* ' fi 

T>mon^* 
byfiab, \ai h maior> quim 4 </• 
f.b» la^c: maior>quiim i^i d» ■ 
^S' J» \^9 f' maior, qu^ ^j h» 
f.h, 1^$^: maior^ qudfli/; h, Qdod&c. 
Quare&c. 






wmmm 



Thm, 7. Prof. 7. 

RAtio quafi infinita> conuerccndo, e(f quafi nulla. 
hypoth, 
£tto ratio ^ ad 3?',iquali'infiitita. '^ "^ 

Dico xonuertcndo,- 5 aU J^ i^t qOaH^uILutf. ' ■ '■ 






cr I 
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Aflumatur quadibet caiio.e ad <^ 

drf.iJbt j Ratto ^ adl^, nuior poteHeniE, qttilRti jf/ ad a- 
»i k I Ergo coQuertondoi,? ad ^Vtninor poeeflja0^ 
defjk,b, I quliD c ad^ Ergo2? ad^edracioq^aiii nulla. 
. JQ^pd&c. 
QBare&c. 



•wmmm/i 



RAtio quaft infinita >componeiido>e(l quaii' iQfigita: 
item diuidendo>eft quaiii infinita. 

H^potK 
Efto ratio AsdS, quau in6flt€a. 
Dico cooiponendo ^-t- 2^ ad 9 > e0eqaa{i iofiaitaiii. 

Prtcfot: 

AifiimatfH' qudibet; ratio c ad <^: quod fi c, eft ma« 
ior^qu^m d'y fitexcedus^» 

Damnfir» 
Siqiiidem c eftjequaiis>veImifior,qu^m^'pa> 
cet>q^ A-i-^ad ?>maior poteft eile > quunv 
'.c4dti Qudd fir eft fp«ior>quiiii <i/;quonianu 
A-sdfir maior poceft e0e> quana r ad i/t crgo 
cbmpoDendo>ti<>^9 ad 9>inaior poteft efte^jqu^/ 
t-*4 ad dt Csd e-t^d eft <:: esgo A^3 ad 9 > ma- 
ior poceft e0e>qudm c ad </. Ergo A~*^ ad 2f> 

iaaocft.fluarunfinita>. Quod 2fi& . . • 

Dico 



8. 5« 
iifiu 

fnfor. 
4kf* I* 



'«!• 






►*• 
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Dicodiuidendo -4— 3 ad .5', ratioaem efle qiiafi in- 
finicam. - Tkmmfir.^ .•[- . - < ' /. 

def. I. j Ratio A ad S,potcft eflfe<naior,<|ulm f-f</ad dn 
f^'% T Ergo diuidendo A^^ adSipOteftJefleinaior, 

quam f ad </* Ergo /i—» ad ^j-tsdo^eft qkiafi 
infi^ica. Quoddsc^ ' ;, h . ; 

Quare&c. -. 

Theor, p, Pro, ^, ' ' " 

RAtio quafiinfinita,perconuerfioncm rationis, eft 
quafi ^qualitas. 

Hjpoth. ■ . 
Efto ratio A ad », quali infinita. 
Dico, per conucrfionem ratipms, A ad ;^i— », efle 
quafi ajqualicacero. ...-:• : •■ ^ ..o;'. .... 

Pfitpar. 
Aflumatur qa«|ibet ratio fion aequafea^ ,<Uiu»ftwfor 
terminus c, minor d, . : ■ . 

4 

rf*/.i.&. I Katio A ad S, poteft maioi- efle^-quapi c ad 
3. is. ic — <i: crgO ,! per conUCrfionfeni wijiQhiS j| .4'a3 

I 4 — », poi^ mindi* efle, qb^tA * aU^rj Si eft 
'maiora3qU9lifiateie%o i^^ i^»-^ ^ ,cift'f ijopion 
«quallca^ii quim fitipropofita rdlHO' ^{ad' 4^! crg<y^ 
ratio ^ ad i< — 2^ eft quafi^alfeafc-Quod aftc< ; -. 



9tf»^»b, 



Quarc&c •''.'■ . • ;. ^ :•''■.• i'.- j -»ji ? 



• 4 • . ' 



«•^■■■^•iB^ittWHA^MUieMiiMaflMi 



\ » 



<i;^<ifui;.;,'?ir.<tti;»l . 
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RAtip quafi flulla, coou€itsQd&yeftqa«(»«#iiitJu 

Efto.ratio A ad St, qBauiiuna* ! - . ' r ^ ! . .-. ^ 
Dfco coDuertendo , ratione^ 9 ad ^« ^ qiiafi iofi- 
nitam. JPr^ar» 

Aflumatur qngK b et rat io ctd drs — -» 

' •'Demchfr, '" 
Ratio i< ad^, minorpotdldlfe^ qiilffl ^ad 
c : ergo conucrtend6> rastb 9'ad >i;i»aibr p«£eft 
dcf.uh» \ efle^qu^m cad ii ergoratio 9 ad ^> eft quafi 
linfinita. QuodSctt 
Quarc&c. < 



A. h» 






■»«■■■» «■■HMlMMMa MHHaiift» fl 



Theor,'it\"PMf. 1 1 , 

RAtio quafi nulla> coiii^onlslido ,,aftquan ^quaKtas. 

'Eftoratidi<adS5,'quafinulla. ' 
Dico componcndo , rationem A-*^ ad 2 , cflc quafi 
aequalitatem. ... 

■.;• . ...... pt^ar, ■ 

' A(Siii|atur qiixllbct hrid c ad </, non «i^iialitas icuius 
snlaiortdrminus cVmin^r «/. •' ' ' . . . ' ■ 

-; ' . . pemonfir, 

itf.i, b: f * Ratio ii ad » , potcft mihor eflc, quam c-^d 
2, b. I ad </ : ergo conucrtendo, 3sdA /'^t^ftm^ior 
T 6.'|-cflr,qtram tZ-ad-r^-W: e»ge^pi»pofK»do ^» 
i C O ad 
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3. k. I ad A» poteftmaibriefle,qu£t(ii c ad c^di trgo 

percot^cdisneaiitatioQis A^S ad^ poceft mi- 

nor efle,qa^ ^adirB^cftmoiorseqUalitatct^P- 

ief.l.h, I go i4-i-Sad9«e^propioriequaIitari>qu^m cad^ 

lergo-^-«^ ad^>eftqaafiaBquaIitas. QuodScc, 

Qpare&c. 



i ". i H ^ " * \ ■ 



ThetTfXt» Prop, 12. 

EX-iatioflilbv$q!i^ ilifiaitis^exanjuali^quafi iafioitae 
ftintrMipn«$c<wpo6t«. 

AadTSiSiC sdDi funtoYationes quafi tnfinitar. 
Dicocx xquali ^ex ^ ad 3 ^ & C ad D compofitam> 
•(Te quaii infioitam« _. 

Afliimaturf ad./ft jTAtio qtueiibet. 

Denmfir, 

Quoniam ^ ad S, & Cad D, {imc ratiooes 
qua(iiofinitap:porunte(se A ad 2>maior,qu^m 
e ad /j & C ad D, maior xqualitate. Quarc^ 
&vtrirque ^ ad 3, & C ad Z>, compofira ra- 
tio, poteft.eflemaior, quim ex e ad /^ & ex 
iequalitate, compofita i idefi:, qu^m ip(a e ad / 

:i,bA ratio. Quareex vtrifque ^ ad ?> 61 C ad Z>> 
compofica ratio e(l quaii .iofipita. Q^od Scc, 

Quare6ac. 



4* ib* 



7*5' 
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• Theor..i.lkFr(f,J$, 

EX nitiTOibu$qitafiQulli9.>c^«^uii|i^qNiBiwllMunt 
rationescompofitsw . .;.' r *. 

.^ ad 9> Ss C ad D, ruotoration^quafi^iulk l 
Dico exanpialij ex >4 ad ?)& Cad Z> ratiooemcDis- 

^ficam, efle guafi oiiliato •( , . -. ^ i ^r ~:.|.j. m .c 
. •• • ■ . . -> ■ Pr/tpirm ■ ... .;■ . - j - ■ « 

- ,A(lIimatur qu9e]ibtt.:ratki r ad /. > >: i • 

Qnoniam wd ad ^ . i8s C iad iltoC; tatiooet 
afi nulke, pofiunt efie> A ad 9 > minbryqu^bii» 
ad /: . & .C ad i> , miqor aequali^c .. Quare 
vtrifque ^ ad 9, & C ad D, CQSipofira^ ra- 
»,^poteft efie jniQor»qu^ex vtiiTquc t ad ./» 
7* 5> I &exa!qualitatecofn}pofic9$1deft9qu^mipra e ad 

' /. Qnarc ex. vtrifqoc Aod^y StuCarf 50.> c^- / 
pofitaratioellquafinuUa. QuodScc; 



def,t,b. 



4. b. 



dtfa.. b. 



Quare&c. 



*• e-'- * 






R 



Theor. lj^*J^rop. 14. 
Atio quafi sequali£aSi.c<MU>trtCDdo, eft qualT asqua- 

Bypoth. 
£fto ratio A a6!B, quafi atqualitas. 
Dico coriUertendo> ^ ad i^> qua&arqoalitatcm c(&. 



lypotL 
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AioiiaiafiriiR' (Itfa: qiiselibtet radones> c ad </» autor 
lequalitace :3s e ad fy minor.. 

T)ent(mfir, 

I Quoniamratio c ad J, eftmaior aKjuaficate^ 

xih, I dgoconiiercdndQ > </ ad c, eft minor xqtialicace: 

&quom'am e ad /,.0(lmiQ6r^qualitate;ei^ 

conuertendo/ ad-^v; 'eft maior xqualitate. £c 

quoniam A id3y eftiquafi iequalicas:. ergo po- 

teft ^ ad 9, maiOrcfle^ quam d ad o &niinory 

yz, i&.':|[qdib /ad^: ergoconUertendopoteft T ad A, 

I minorefie^qd^mf adi> 6( maior>qu^m ead f, 

«f^^.lr. |Ergo3ad^>ieftquai]squalitas. Quod&c. 

•■■ ■ Qiarc •&€. •' • :"Ji':/'\' ■;;••-. 

IT" " - ir' I III I I 1 1 iL ' ^ I ' I' 

'. Them;i%,Prop,i^, 

R' Atioquafi sequalit4s> componendo» eft quafi dupla. 
h, • hyfoio, ' 

Efto ratio A ad 9, quad arqualitas . . 

"" Vico tomponendo A -<^'9^d 2?j effe quafi duplam . 

Pf^ar. 
' Afliiimaturdua?qua?libetracionie$ c ad <(» maior^qudm 
dupla: Uezdfi maiorquidem a;qualicate> fed aunpr^ 
quam dupliu • 

. Pemonfir* 

ioKfir, r. Quoniivn ^ ad i, eft maior, qukm dupU^, 
'* ^* { diuidendo^ c^^d ad d, cft maior xqualitate:& 
» ■"' ' quo- 
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€4mlhr, * j quoniam t ad /» cft maior a^ualicate , fcd tiVr 
p.b, I nor, qu^ni duplaj diuidedo» e-^fad /, eft mindr 
def.^.h. I xqualirare . £c quoniam A ad 3, eft quad sequft- 
licasjpoteft ^j ad 9> minor e({e,qu^m c—^d ad 
f.fe. i/j &maior,qudmtf — f^df, Ergo compo- 
' nendoypotcft ^H-S ad 3, minor e(Ie,qui(n c ad 
dcf.^h.'. d^ & mator^quam e ad/. £fgo >^h.9 ad 9> 
cftquaQdupla. Quod&c. 
Qgare &c. 



•i 



Thaor, 1 6» Prop. 1 6. 

RAtio quad xqualitas , diuidendo , cft qUa(i nulla. 
ffypod?. 
£fto racio Asid^B quaii asqualicas: & cfto A maior, 
quam ^. 

. Dico diuidendo ^••- 3 ad 3> efle quafi nullam . 

Pr^ar» 
Aftumatur qu^elibet ratio c add, ■ . > 

Demonfir. 
Quoniam A ad 3, eft quaG asqualitas; &eft A 
maior,qu^mS$ Sic-*d maior, qf^^tndi ergo 
poceft Astd^ ricio , minor efle , qu^m c-*-d ad 
d: ergodiuidendopoceft^-^3 ad 3 racio jfiTir 
nor eile, qui^m c ad i: ergo A-^S ad 3,|Tacic^ 
eft quali nuUa . Qiod3ec. 
Quare 5ic 



dtf.^.h. 
,f. h. 

m 



k«H«li 



mi 



Wi 



L 

Theor. 
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Theor, i*;, Prvp. ij^: * 

RAtio quan.2^ualit3s },pcr conueriiofiem rationiseft 
.quafiinfinita. . 

- Efto ratid quaG xqualitas ^ ad 2 : & efto A maiori 

Dico , per conucrfionem rationis , w4 ad uf --* 9> racio;* 

nem eire quaii infiaitam . 

Pritfar, 

AfTumacur quadibet ratio maions iiuequalitatfs c ad d» 

7)monflr, / 

hyp. I Quoniam A ad 3, eft quafi ^qualitas j & eft ^ 
maior,quim 9; item t maior, quam c-^dzct' 
goratio Asd Sy 'poceft minorene, qu^m c ad 
c — d: ergo per conucifionem rationi8> A ad 
^— -JS ratio, poteftmaioreiTeyquam cad^: 8t 
eft maior omnibUv^» tiim xqualitatiS) tiim minoris 
ief.fJ}. I inaequalitatisrationtbus: ergo A ad^^-3 ratio 
I eft quafi infinita • Quod&c. 
Qoare 6Jc. . ■ . , 



def.j, h. 
i. h» 



^* % 



Thcor.xS.Prop.i9:... 

QVx eidem funt quafi jcqlualia, iiitcr fe fbnt quafi 
^qua2ia% L : 

ffnpotk 
Sunt Ay % quafi a?qua]ia : item 9 > C ^ quafi squalia* 

.I>ico^>. C>^quafi a^qualiacfle. 

Pr^ 



TERTtVM; ui 

Afluaiatur quxlibet rado 4.ad .e, non «qualtcas: tC^ius 
maior cerminus ^^^ mtaor e. U iuter </| r> msdia fu- 
mztm K Demonflr, 

tUf,jjf, puoniam A, 9, funt quafi aequalia» poteO: A 
ad ?> minu$e(Ie,qu^Ti d ad /: 34maius>quam 
\f zdd, Iccm ^ ad Cpoceft minus efl[e>qudm / 
y» j ad ^) & maius> quam e ad./« Ergo cx afqua- 
I Ii>poceit A 2(1 C minus e(1e> qu^m d nd e; 8t 
ief.^Jf, I maius> qu^m e ad ^» ergo A sd C, quaii eft 
I aequalis . Quod 6sc« 
Quare &c* 



*«»MMiiaaH«««4 



Theor, .1 p. /V»^ l p. 

QVareidem (unt quaii egdem racioaesj lacer refiint 
quafi ejdem • 
^^ ffypoth, 

A ad 9, qua(ieademeft> qux C ad D: & C ad D» 
quafi eadem 9 qua; ^ s^d F. 

i^ico <<j ad ?i qua(|eamdemeflequ» £ad ^. 

: AflSimacur qu^libet ratio.^ ad. h^ maior^ quim cui 
propiorpoceiteflfe £zdF: 6c quslibct i^ad l^ minor* 

Demmfir, 
4^.4.^. I Qud^iam C , ad A qtiafipademeft, quse.^ ad 
fi pote(b C ad P, mifiore^iqfiiQfl £ ad Z^^SC 

fHiUor ^ quim i ad i. • £rgo/ ad l^* ^^^^' ^^ 
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quiiin caipropk>rpoteft cfle C ad />; &< ad /» 

minor. Ec quoniam A ad 9, quafieftcadenL, 

quae C. ad 7> : ergo J ad 9 , poteft cfleminor, 

quim g^dh^fx. maior > qu^m / ad /. Sed ^ ad 

t? eft quxlibet a0umpta , maiori^ qdlm cui pro^ 

piorpoteftefle E^A^itAi ad V> eft qua^iibec 

<;e/.4.ft. I aflumpta> minor : ergo A ad 7> eftqtiafieadi 

I qua: EtkdF^ Quod &c. 

<^uar€&c. 



def^. 



conflr. 



• -II 
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Thtor. 20. /V"*^. a o. 

QVafi proportionales , conuertendo > funt quafi pro- 
• portionales. " 

Sint qua(i proportionales A ad.9, vt C ad D. 
Dicoconuertendo> quafi proportionales efle ^ ^d,A, 
Vt D ad C, 

y • • Pr^epar, 

fSumatur quxlibet esd f, «aior > quam cui 
pr6pior jiidteftefle O ad C: & quaBlibet> ad h, 
>. D. I minor:&ericconuerrendo>rumpta/ad/, mi' 
''^ ' 1rior,^uam€tii^popidrpoteftefl«f C«f'2?,^&fcad 

-' \ry to^o*. ■' ' ■'■ ■ ■• ■■■■ ' '• '■' ■ ' ' '■'•' '■ • 

7?e?n>onflr. 

Jl3»?«r*. I Quoiiiam ^4 M »s q^^ ^^ eadem ^j qolr C 
<r5r.4:b.'! tid Vvttgid ^ iKt 9 ,<^eft dtc mindi^ qu^m h 
^z.' JEr. 1 ad jf } & fitait>U^u^^^ad <::6rgO"<;Oquei>te^ 

^•^'? de. 



def.^^h 
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doy S ad Ay poteftefleniaibr>qdlai gzdhiic 
miDor} qudm « ad/: ergo 9 ad ^> quafi eadea 
eft>quaeDadC. Qu(^6cc. 
Quare&c 



m.^immmwm^wmmtmi^mmaimmmmmmmm ^mmmmmmtm^mm 




Theor.2i.Prop,%t. 

X quaii ijTdem radonibas» ez aEquafa'> quafi e^d<!Di 
iiint rationes compofitac . 

Hyfoih. 

A S C 'D 

E F G H 

i n r p k. 

l s q jn 

Ai/iSi quafieadcm ratioeft>qu£ C ad P: & £ ad 
Fy quafi eadem > qtia? G adJi. 

Dico ex2quali,ex AzdS^QiEsd F compofitam> 
quafieamdem efie> qua? ex C ad D> & C7 ad ^ coropo- 
fita^. 

Pr^epsar. 
Aflumatur i ad it> quaelibet ratio maior , qu^m cui 
propiorpoteft€(Ie>ex C ad £)> & <7 ad A compofita^ 
item afiumatur quaslibet l ^dm, minor . Deinde fiant 
< ad »> & / ad «, ficut cui propior potcft efle C ad D: 
item ^ ad kjQi^ adm, ficut cui propior poteft efic G 
ad ff. Denique iiimatur inter »> p, media quaelibet quan- 
titas f : & inter «> ^> media qudehbct /. 



h. 
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Demonftr. • 

Mii/^« I Qaoniaiii i sd kj Qiaior eft, quiifn cui propior 
I potefteiIe»ex C idD, 8iG ad ff coiiipo(ital) 
&efl; f ad », cui propior poteft eflle C ad Dj& 
^ ad tj cui propior poteft eflc C? ad ^: ergo i 
ad i^, maiorefl;, quadi, qux ex i ad », & ex pzd 
k, eQmpo(ka. £rgo », maioreft, qudn />.. Si 
f< ^* enim n, cfletiequatisip(i/»; ex 1 ad », 62 ex ^qua- 
I litate,&cx/; ad j^ c^pofltaratio i ad i^ eflct ca- 
dem, quxexca, cui propior potcfl: e(k C ad D, 
exaequalitate, 54 exea,cui propiorpotcft efle G 
4»L zdB, compojitaefti contra aflumptum . Quod 
(i n, eflent minor, quAm p : cx i ad », & minori 
insqu4litate, 6ip zd k, compoflta ratio / ad k, 
eflct minor , quara quap ex ea, cuipropior potcft c((e C ad 
T>, cx a^qialitate , & ex ea,cui propior poteft t([6G ad ff, 
compoiitaeftj contraidem aflumptum. 
cmfir. I £rgo n, maioreftjqiKim^: & r, minor,quam 
8. 5. I n; & maiorqu^m ;;: hai>etque 1 ad r, maiorem 
! rationem, qudm < ad »j ideft maiorem , quaiiL», 
8. $. I cuipropiorpotefte^ C ad D : liabet quoque r 
ad k, maiorem,qu^m ^ ad k; ide(V> maiorem > qudm^, 
cuipropiorpotefteilc G sd H. 
totiflr, I Similiter, quoniam / ad ;» , minor eft , quanfu 
1 cui propior poteft eife cx C ad D,8cGzdff 
I compoiita ; 8( eft / ad , eadem, cui propior po- 
4. k» I teftciTe C ad Z>: 8s ^ ad w> cadcm> cui pro* 

pior 



onifir, 
t. 5. 

I. y. 
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A V C D 

£ F a fi 

i H r f k^ 

l ^ s (j m 

^ b' I pior poteft nf^ (f sd £^: crgo { ad m, minor 
eft^quamqiMecftcx / ad «> & ^ adm compo- 
fita. £rgoa> mitiorcft,<]nafn f . demonftrari 
enim poteft vt fupra ^quod (i 9» eiTetarquilisi vel 
mior, qulfD y reflet / ad m ratip<\,nO|i minor, 
qtt^mcuipropibrpotffte(!e,ex C ad^^ (7 ad 
^comppntajCoatra^afloikiptum:. y 

Cum icaque ^, fitnuflor^qdlm fiedt Sy ma- 
ior,quam 0; minor,qudm ^; bal>etquc ,/ ad j-, 
nunorem rationem,qudm / ad c^ ideft,minarem> 
qu^m,cuipropioipoccfteile C adlA habecqup- 
I que s ad m, flHOorem. ratioriem , quam (j ad m: 
ideft , miaorem > qu(^m » cui propior poteft «(ic/ 
G ad ff, 

Itaque f ad.r, maitj* eft^,quam,cui propior 

poteft cftc CM Z) t & / ad if, minor . Sed ^ ad 

21, quaiicademeft,qudi C ad D: ergo A ad^, 

poteft efte noinQr, quam i ad r, 3£ maior, quaoi 

/"^ I / ad j . Similiter r ad k maior eft,quam,cui pro- 

hyfotb. j pior poteft efle <y ad //} & J ad m, minor: & eft 

^'/•4'<'* |ik ad F^ quarieadem,qux G ad ff: ergo £ ad, 

j /^ poteft eflc itiitx»' , quam r ad kj & maior, 

4. b, I quam s ad m. £rgoexaequali>poteftex A ad S, 

P a &£ 






A 
B 

l 



tiS CLEMBNTVM 

S C D • 

F G H 

n r f k. 

s ^ m 

^E zAF con)pofita,minor dTe, qu4ni, <mx 
cx i «d r, & r ad k, co>tipoiiicur> < ad Ie ; St 
maior,qu^(n»<]U£ex / ad /, & x ad m», compo- 
nitur, Izd m, Eftautem i ad k, fuaipra qua?- 
Iibetmaior,qdiag cui propior poteft dle coofipo- 
(itacx C ad 2>, 8< <7 ad /STj & / ad w , minor. 
^tf^h. j Ergocompofitaex w^ ad 9, & E zdFy quafi 

I eadem€ft,quxcompofitaex C ad D, & (7ad M 
|Quod62c, 
Qu:ire &c 



cwpr^ 



i««"Hteiri|MMi«.l 



Theor.2z.Prop.zz. 

QVafi proportionalGS, permutando , funt quafi pro- 
portionales. Hypoth. 
Sinc quafiproportionales ^ ad ?, vt C ad D. 
Dicopermutando>quafiproportionales dfe ^ ad C, 
vt !9 ad O . 'Demonfir, 

hfpoth. Suntenim quafi egdcm rationes Azd^SyS: ^ 
%u h. ad C; qu2 9 ad C, 68 C ad D: ergo ex xqual/, 
AadCySc3 zd D, rationescompofitg funtqua- 
drf, ^j}. fieaedem : Ergo i^ ad C , 6i 3 ad Z>> fiint quafi 
proportionales . Q2od6cc 

QuarcSic. 



mm 



i?^MP 
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• Theor» 23. Prop» z$. 

R* Ationes quafi cxJcm , conaponendo 9 funt quafi 
ejedeni. 

ffj/poth, 

A ad % quaii eadem efco , qua? C ad D • 
Dicocotnponendo ii-»3 ad ^^ quafi eandem eiIc/> 

qu£ C-*D ad D . 

Pr4fm, 
Afiamatur e ad f^ qjsiibet racto maior , qu^m cui 

propiorpoceilcile Ch-D ad Z>: ice ^ ad /7,qu£libcc zaar 

ioris insequahcacis ^ fed minor . 



tOKsbt» 
p» b. 



tonfir, 
p. b. 

iyfotb. 



Demonflr, 



Quoniam e^f, mai6reit,qudm,cuipropror 

poteiteiJe C-«-D ad D: diuidendo, i — f adf, 

maioreil, qu!^m cui propior pocei); eife C ad D. 

lcem quoniam £ ad h, minor cil, qudtn cui pro- 

piorpoceilcile C-+D ad D: diuidendo ^--^ad 

h minor eli,qu^m cui propior poceil eile C ad D. 

Sed ^ ad 9, quafieademert,quje C ad D: er- 

drf^. j go ilad9,poceilefieminor,quam e—fzi fi & 

f» i^. lmaior,qudm ^ — h ad ^. Ergo componendo 

il H- 9 ad S poceilefle minor, quin r ad /; 81 

^.4^. maior, quim ^ ad ^ • Ergo ><->-9 ad ?> quafi 

eademeil^quae C-*-D ad D. Quod &c. ^ 

Quare Sec. 
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The$r, »4. /V«p. 14. • 

RAdoncs quafi txdon, diuideadoy iuac^^n e«- 
dcm . 

tiyfom, 
Sint rationcs qHaTi csdem i^t ad 2 » Sz C ad Z7. 
Dicodiuideado, (piafieaAkmefleTaciones A^^ 2A 

AHumatur e wifi qu^ltbct ratio maior>quam cui pro- 
piorpotcftdle C-^D ad D:d:a(rumatur^ad^> qua^ 
libet minor. 

Demonjir. , 

tonflr, I Quoniam e ^fi maior eft,qu£im, cui propior 
p,,h, I potdl eflc C-^I> ad Z> j -de ^ ad /)v minor: ergo 
componendo e h-/' ad /^ maior eft>quim cui pro» 
.piorpotcftcfle C ad D-y dt ^-t-h ad hy minor. 
hP' I Sed ^ ad 9 , quafi cadem eft , qua» C ad Z> : er- 
go ^ ad j? potcft minor efle, quam e -^fadfi & 
maior> qu^m ^-^h ad ^. Ergodiuidcndo A — 3 
j ad 9ipoteirtminore(Ic,qudm tf>ad/j &,maior, 
4<^* I qu^m g ad h, Ergo A-^S ad •?, qoafi eadcm 

I eftyqux C-— /) ad Z>. Quod 3(€« 
Quarc&c 



ite/I^. h. 
p. b. 



>|HMBr^ flMM«kaa*Miiito«aMMM|ihHBrak«i^irti» *Mi«»^H*MMiiAABH«%|MMiA(1MaM» ti 




T W. a. 5 . Prflp. 25.. 
Ationcs quaH cfdcm , per conucrnoiiem ratiohitj 
(imcquoile^deni. 

Hyfoth» 



T E R T I V M. ii^ 

• fiypoth» 

Sint rationes quafi eaedeno, itf ad 9 , & C ^d D . 
Dico pcr conuer(ione 11 racionis > qaa(i eafdetn efTe ra^ 
ciones Aa.dA—S, & C ad C—D. 

T^emonjir, 
hyp, |i^j ^tquafi C: Z>. 
»4- *• \A"-$i Siquafi C— />$ 7>. 
ao. i!r. j 2j A—^B: quafi O; C— D. 
XI.*. |>4;>i— »iquafi C; C— O. QuodScc. 
Quare &c. 



l^ €««■«* 



TW. 2 6. Propof 25. 

SI quotcufique quancitates fuerint quafi^ proporciona- 
les,colligendo,quafi proportiooaks erunt, omnes 
antecedentcs , ad oofines confequentes . 

Hypo^ 
^;2rquafi C; D: 
Dico ^-tC; 2-^ D: quafi C; D. 

. Demonfi» 
bypoth. |ii;2: quafi C;D, 
X». k, I -4; C:quafi »;■/>. 
»3.*. M-»C; C: quafi ^-^D-^D, 
«. &. |^-+C; S-+D: quafi C:D. QpK>dSe& 
Quare &c. -« 

Theor, zy. Pro, 2j, 
I prima ad fecundam quafi propordonalis fuerity ficat 
tcrtia ad quartam; 8{ quiata ad rccandaai , quafi ficut 

fexta 




' - — - 
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fexta ad quartara: critprima cumquinta $d Cccuddsunj, 
quafi ficut tertia cum fcxta ad quartam • 

-^jS.quafiCjD. 
:e5»:quafi/*adD. 

VkoA^El ^^quafiCH-irsD^. 



hypotb. 
XI. b, 
hypotb. 
XI. h. 
19. fr. 
21. b. 
x;. ib. 
hypotb, 
XI. h. 



Pr^tpar. 
A'y ^i quafi Cj Z). 
^jC:quafi9; /). 
i^; »:quafiTjZ). 
£',F:qu3LCiS;D, 
A',C: quafi^; F. 
.<4;i5:quafiC;f . 

^-+^;-ff:quafi C-^FiF. 
i:;2:quafiF;Z>« 

|>i-+£; »:quafi C-f/^; D. QuodSfic 



Quare&c. 



■ 



Theor,2S.Prop.zS. 

QVafi partcs, cum quafi «quemultiplicibus ,ia quafi 
cadcmfuntratione, fi prout fibi mutuo re^on- 
dentjitafumantur. 

w^;9:quafitripla« 
C; D:.quafi tripla. 

Dico Ai Ci quafi 9; Z>. 
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Dmcnfir. 

Quare&c. 



l«MHMMHIi»MMMHB«Mi»MMr«Ui>Hl* 



• . * 



T/»flr, a 9, Pf op. 2 91, 

SI totam ad totam quafi proportiooalis fiicrit , vtabla- 
ta ad ablatam: & reliqua ad reliquam , quafi propor- 
tionalis erit , vc cota ad tocam . • 

Dico A—C', 3^D: quafi A^ ». 

Demonjhr, 
bypoth. \A;^: quafi Cj D. 
xt,b. j i^j C: quafi.ji?;D. 
«5.A. /il^ /i— Crquafi»; 2f— 7>. 

»1. h, I A^C;3-^D: quafi iij ». Quod&C ' 
Quare 60;^ 



Thcor. 3 o.Prop. 3 o, 

QVantitatcs qoafi proportionales > & per homologt- 
am > iunt quafi proportionales • 

'Demonfir. 

Namconucrtendo,quafi proportionales fiunt » ^oht 
& colligendo, 25, & 27. ^: & xquemolciplicando , 8c 
arqutpartiendo,28.^&permucando, 22./.: &diuidcn- 
do, 24.^;: 5<componcndo, 2 3.^: & homologas ^b ho» 

Q mologis 
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inologisaurerendo,a^,/Q & per coouerfionem radonis, 
2 $ . ^: &ex arquali , 2 1 . ^ & coniiintSis omnifariam ar- 
gumentis hoiurqibdi» quocuoqMC ordnoe) per homok)^ 
giam , quafi proporcionales fiunt. 

QVafi oeqaales, ad quafi «quales^ rationes habent, vd 
quafiiofiaicasvtraique^ vdqaafinalias, ydqaaii 
eardemincerie. 

Hyf^A)» cvnm, 
Af^Cmt qu^fi aequales . 
C , D fiint quafi a^qaaks. 

ffypoth,f» (ofrt, 
A^CiQ^ quafi infinita. 
Dico S} Di eile quafi infinitam . 

Afiiimatur « ad /» quxM>et ratio ; vode fit compo* 
nendo tf-*/ad/; deindeper conuerfionemratiotus €-^f 
^ide: Qi conuerceodo c stde ->•/. 

'Dmmflr. 
def.^.b. 1 2; A» poteft maiore& > qnam e;e-^f. 
d^.p.b. iA'^C: poteftmaiQrefle, qui^m e -^/j/. • 

4.^. I 9j C: poteftmaiorefie,quam ^;/ 
drf^. h, 3 ; C : ratio eft quafi iniinica . 
i^,p.h. S'yC*. poteftmaioreflle>qu^m e-^f\f, 
iirf,s. b. C'yD: poteft maior dle > qu^m e^ ^-t/» ' 

4. k |2iZ>;poteftmaioreife,quamr5/. 



T E R T I V M. t*j 

4fc/^« b.\^^D: ratio cft qoafi mfiQica ; QMod&c. 

•<^j C;eft quafi nuUa* 

Dico 9j P; dle quafi auUam. 

Datnmfir, . 
lo. 6. \C', A: quafi infinica . 
M lz>j 2: quafi infinita» 
7. 6. j 9$ Z) : quafi nuUa. Qaoddcc. 

ffjfpoth, 5* <^(^«^ 
A', C: ncq; quafi infinia>neq: quafi miQa dl. 
Dico :9j D: quafi eflc >^$ C. 

DemMfir» 
9 ad £>, nequeeftquafi innnica> neque quafi nulla^: 
/»/• I alioquin 4 ad C eficc quafi }nfinita> vci quafi nut« 

j la, conrra hypothefim . 
19» b. j A', 9: quali C; Z>. 
X2.*. |ii5 C.quafi »5 Zn Qood&c. 
Quare 8cc. 



Theorema 1 1. Prep, $2, 

SI prinia ad rccuodam» racsonem habueric quafi infini^ 
camj item ad tertiam» racionem quaii infinxaiii ; ha* 
bcbit&ad vtriurquefummam > & ad vtriurque difieren- 
tiam, rationem qoftii tnfioitaA), 

ffyptth, 
>jr;9:quafiiniiiiica» 
^jC: qnafiiflfiaica. 

Q^ 2 Dico 
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Dico A'y3'+C: quafi iafiaitam efk . . 
Bt Ai^—C: qoali iafiaicaai e({c . 

Demonfir. 
«5r/»o*fe. I^.^j.quafiinfinita. 
*• *• -<4 -i^S; S : qaafiinfioica . 
9^h, A-i-^BiA: quafi asquolis . 
A-yC: quafi infinita. 



hyfcth. 
ii. h. 

i.h. 

$,h. 

fup. 
i8. h. 
16. h. 

10. h. 
iup, 

a.h, 

7. fe. 

11. h, 
fup. 

18. h, 

ij.h. 

9.b. 



1 A-+Si C: quafi infinita. 

/f-i-?-+C5 C: quafi iafinita '. 

^ H. S H- C; -^ -f 8: quafi «qualis . 

A-*^lA: quafi^qualis . . 
j /J-«S-+ C; ^: quafi asqualis . 

3-i-C; ^: quafinulla. 

A'y*B-^C: quafi infinira . Quod &c« 

A-+^iC: quafi infinita. 

^ -1. 2 — . C 5 C : quafi infinita . 

C-yA-i- »— C: quafi nulJa . 
j ^ -»• S ; ^ -*• S — C : quafi a^qualis . 
l4iA-^X: quafi xqualis . 
j A-h*B — Cj ^ : quafi f qualis . 
I ^-+ » — Cj 3 — C: quafiinfinita. 
I A', s — C: quafi iafioita . Quod &c. 



. Quare &c. 



4MB 




Theor. $ i . Prcpof ^ $ , 
I fuerinttresterniini,prin)us iodcterminatus , reliqui 
duo detcrtniaaci j fueritautcm primus ad iecundunu 

quafi 



quaitaquali^ihabebicfecuaduyad tereium eandem ratio- 
netnj quam quaG habetpnmus . 

Tres termini funt , primus indeterminatus A\ reliqui 
duo dctermi.nati» ^«Scxi^&^adiyqttafiflBquftlia-s 

Dico ^ ad c eaodem e£(e ratiooena > quim quafi ha- 
bct ^ ad c. ^ . . 

Afliimatur </, xqualis. rp(i c . 

■ . . Dtmonft. 
Ai Ifi quaH. xqualis . 
c'y d: asquabs. . 
AihquiCici d, 
XX, b, 1 Aic: quaii h d. 
S. 5. \lfid: bi f,. 

ly. fc. Mj f : qaafi ^> f. QuodSa. 
Quarc&c. 



bypctb. 
cottdr, 
dtf»^, b. 



*« ■ ■ 

T7"/?rtfr. 3 4, Prop. 3 4. 
Ota ad vnitatem , quali eil infinita* 
'Demmfir. 

Nam tota » cum non dicatur > cuiusaumeri rota (it j eft 
indcterminata: idcoque tota? ad vmcatem , ratio eftinde- 
terminata . Cumque podic dici , cuius numeri tota (it i ell 
dctcrmmabilis ; idcoque totae ad vnitatem , ratio eft dctcr- 
mmabilis . Cum denique poflit did eius numeri tota , qui 
maior fit, qu^m vt advnitatem> habeat quamlibcc raciO- 

ncra 



I nem Hat«ii $ iqui oimious , ipfa fiii ipfius eft totajr 

i erit ratio totx ad vniatedi 9 ttiaior > qt^un. data^ 

</f/.p.ft.l quxlibet. £rgo ^tot!^ sid voitatem ^ quafi eftiih 

,fft)itJ|,-. : • 



r.. ♦! 



SErquitota ad voitatem > quafi eft iofinita . Item fcmi' 
tota. 

DeftKmftr. 
34. b. I Tota ad vnitateinyqua(i efl: infinita: ergo com- 
8. h. I pooendojiefquitotaia vnifatem> qoafi eftinfi- 
8. h. I nita . Item diuidendoi femitota advnitatem,qua- 

I fi eft infinita . 

■ • i . . 

Theor, $6, Prop. $6,- . 

TOta, rcfquicotay&iefAitota, quafi funt iequales 
intcr fe ; Demonflr. 

35.it» I Se<qtittoraadvniratem,qaancftinfinita:ergo 
9- h. I per conuerfionem rationis , iciquitota ad totaf^, 
34. h. quafi eftasquafis . Rurfum tota ad vniratean.quafi 
fit infinita : ergoper conuerfionem ratiuni$>tota 
fludi^mitocam , quafi cft arquali^. Ei^ fcfqufto- 
ta ad femirotam , quafi eft ^quafis . 



p. b. 
i3. b. 



'•mm^wmmmmmm 



Thear. sJ. Pro}» ^y, 

TOta quantuml^ ordinaca ad vnitatem > qoafi eft 
iofimta; Item iefquitota,6(femitota. 

Dico 



• • 



T H R^T rVIMi rjL i%^ 

lyi^ ty, u: qua(f iofiAimin i 

DooonjlT* •^••' • 
54. h. I t'y u: quafi iniinica . 
dtf^.p. it$ i u: mpUcati i^ »• ;• <.•. > • , 
I a. 2r. m ; M : quafi infidiu. Qiiod &c. 
cir55.&. I Similicer oftendetur ^3 ; 0.:' quadfnfitiica/ 
I Icem m3$ »: qttafiiiifiiiicai». . '. • 
QMare&c. 

... , i, . 

Theot, i^iPi^.^, : . . 

TOcarum inxqualiterordio3Carufn>fnagis ordinkta, 
ad mim^sordinacam>q ua ( i et l iufiui r a . tccm fefqui« 
tocarum > & iemicocanim . 

f 5 magts eft ordinacayqiiitnt^ : 
Dico f$ > ^i : quafiinfinitam. 

Demonjk, 
}4. ik I f 5 m: quafiinfinicd* 

i4j6.f* t^\t$:t^n. 

u* 5> <5 > <4: quafiinfinica. 

13* 5* H> <3 :quafi iofinKa. 

IX. h. I '5 j '5 : qusfi infifMca. Quod &c. 

Similiier oilendecur f 5 ; f3 : quafiififimca. 

£c m5 ; i»5 : quafi iofinic;i« 

Quare &c* 
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8.6. 



Quod &c. 
Qiaee &c. 



t^^^m^ 



►^^ 



- * .•-•• 



Theor. 4». Prcp. 42« 

QVclil^qiildiratrixquaii ieftarqualis ad cocani vni- 
tate plus ordinatam ,qu2lm (ic eius bafis. kcm ad 
uiu&adfefiquicocaai*^ . 
Bjlpoii. 
£0<>qmdratrtx <<^ : & efto toca 9, vnitateplus oni(- 
:a»qiiaaiJ>afisquadrarnds A. 
Dko Az.d3y quafi xqualem efle. 

I <<^ eH atqoabs ip{z S^ dcmptis , addttirqae al>- 
' quaiker acccpcistoti^on plus ordinatt$> quaau 
hnds A . Sed 9, eft tota vnitatc plus ordinataj» 
qu^ bafis A i ideoque tot^e, non plus ordinat^) 
quambafis A, funt miniis ordinatas:, quiim % 
Ergo Ai eft2qttalisip(L?>denptis> additi(quo 
aliqualiter acceptis tocis > miniks ordioatis > quam 
9. Sed 6c S, dccoipcis> addicifquitaliqualiter ao* 
cepcisCQtt%n^inBSordiQatts> qu4m 2 9 quafi eft 
xqualis ipfi 2 • £rgo ii> qoafi eft «equalts ipH ?• 
Quodte. 

Idem>8c eodcoi diodo demQaftr(uieHir> k 2 
eflecieaiicotxoecno /i^eftec lerqaitota.Qi!c^ 



»1. 3 



hyfoth. 



^uh. 



18. K 



31.1. 
31. X. 



Quacc8i& 



. f 




TERTIVM. «}* 

Theor, 4J« Ptrtp. 4J. 

Vxlibet quadratrix » ad cotas noo pbs onJiilacas, 
qu^ fit dns bafis» quomodolibtt actci|)tas > quafi 
eft iofinita. iten ad (einitotaR imcqoq ad kC- 
quitotas. 

£fto qaadratrix A: Uia 9 fm (Innptac c6tae qu^ 
modobbet , vel faaokotXy vd i;fquitDCa!« 
Dico ^ ad Squafi iofiDitamcfle* 

Sumatur C , tota > mitace plus ordinata > qu^m baHs 
qaadratricis A : td iemitoca » vd ^quitota . 

Demmfir, 
j^i.h. C; 2: quail iflfioica. 
j^.h. A-yCi quafi xqualis. 
^ub. >J>/>:quafiiofiiiiu. Quod&c 

Quare &c. 



Thew,^^Pnf,4^ 

RAtionisquafi iofinitas diuiio antecedente per^IataBi» 
nuoterum^tatioeftquafi iofinia. 

Hypod?. 
Aad^t qoafi cft iofioita. 
Dico iubcbplan A^ ad. 3. f ijoafi iofioitatti efte . 

Afliinuitur quaElJ|)etiiiio r jdfit^. = . 

R 4 * De^ 
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Demcnftr, 
A;Ti quafi iofinita . 
Ai S : poteft maior cfle ) qditn ^c^ d, 
A'y> $c: pQteftaiaiore(Ie,quaoi S?$ d. 



.-*• 



15. 5. A^ ic: fubtripla A'y c 
i^. 5. Subtripla A^c: pbceft jnaior efle, qdiai 9; d. 
f. b. Subtripla A; S: poteftiDaiorefle,qui^(n c; d. 
ieff. b. I Subtripla A-y^Bi ^aft eft iofiaita. Quod &c 
<^^arc&c. . . 



Theor* ^y. Prop» ^$ , : 

RAtionis quafi infinita? multiplicato conlequente^ 
ratio cft quafi infinita . 

Hyfodj* 
A id3, quafi cft infinita • 
Dico A ad duplam 2f , quafi efte infinitam • . 

PriCpar, 

Aftiinatar quaelibec ratio c ad d, 

.• ■ Demonfit* 
bypoth. I ^; 9: quafi. infinita. 
iif.fjf. A', 9: poteft maiorefte^qu^m ic^ i, 
f.h. A', ic: poteftmaior cfib, quam 95 d» 
15.;. 7$ d: 2?; id, 
ij. 5. A'y 2c: potcft maiorefle, qwim 29; id. 

Ay iS: poteft maiQr efle>quam xr; ^dt . 

ic^ id: c^ d, .' 

Ay %3 : pot^tmaiot ctk ,<p8m c i d. 



f, b. 
IJ. 5. 



4ef^.hf\A\ 29; qiiafi eft^ififiaica. Quod Sic 
Quare&c :> : 



ftmmmilm^mmtikmm^mmwammmimmmm^i^^mmmwmmmmmmmmmtmtm^ 



Thearema ^€.^op. ^S, 

RAfia^ocvpoGcaexdqabiis^niciQStfb&s ,• dtif 2 > quafi 
quadaan propofica, alcera> quafianfiaiu; quaueft 
infinic^* 

ffjfpoth;. ' ' 
Ai Si quafiqua?dain proppfica; ,' : ' '^ 

Dico c/j^j C: quafi efie infinicatn . '';..' 

Afiumarur qu«l&ec raci(» y.«^ ad v: icem aflumacur 
quj^libec ^ ad/>ouncir,>.qM^>cai quafteadwi efie ^f 
cicur ^ad 3, '■'■ ^ ■ 

hypotb, I » j C: quafireft tnfioita l^ • - ' •= 

4(«/.^j&. I 9j C: poceft oiaior e(Ie> qaini /{ e, 
ief.iJt. yAi 9 ; poceft maior efie > quiiai </; f, 
^,h. Ms C: poceftinaiore£fe>(|i(^:^^ ir. ' 
4^,fJi, \A\ C: quafi eCbiofinica<: Qioddec. 



■i^ 



■rt' 





Vadracricejiili cfl^mbafiiifieiiw^iotef (« fiiac qua* 
fisequalcs. - ■ - .. ;^...- , ; 

^ - 



« *v • . • 






ii.4 E hE\U fi N t V M 

Sint in eadccn bafi qaadtatrices c^ , 9 . 
Dico c^» ?9 qnafi gqnalcs, cflc, 

JPfmfOt, ' ■ •• V 

; : SumiMfr C, fotii wiitacc piin otdiiUira, qulm(kl}a> 
•lisipiaHiai c^» ?«. , c * 

'Demonfir* 

43- ^* ' ^^) C: quaHxqualn. 
43. /7. 3'i Ci quafijtqqaKr. 
18. i!r. |c/^; C: quafisqualiis. Cbod 5^^ 
^QuareSic 



1 • • 

* 



SVti qiM!(kacticiCj9 io^sikav bafi iacemes, fum qaafi 
xquales. 

Sint in eadem bafi fiibqnodFatrices k^, i, 
Dico c!^^^- 9^y ' ^afi iDquafes efiei 

JPr^pMtt 

Sumao&it baoEioiiyaiie quadratrioes C> D, 
(f«/.ii*x I C ad c^> «quemulciplex eft, vt D»i9* 

15« J» 'Cj c^; D'y 2. 

i^ 5» C j i>? c^ -». 

47. Ir. ^CyDi qua^.^aiis', 

Quare&c. • ' - . '^ '^ 

t 



TBR T I V M. IJ5 

• Theor. 4 9^ Prvp. 4 9, 

IN diuerfis baflbus , qaijramz in aitagis ordtnata , ad 
quadratricem in mini^s orJina{a>qtia(i e(l infinica « 

Sinc (|uadracrices ^,?>iadiuer(is bafibns: A^ in oki- 
gis ordinata bad > quam "S. 

Dico Aad 3, qua(ie(reinfinicara« 

Aflumacur cota C, vnicaceplusQrdinata^qu^m (tcba- 
fis quadracricjs A.* & coca i>> vnitate phii ordinata^> 
qudm Gc bafis qoadratricis S. 

I Demonfir.. 

bfpoth. I Quoniam A eft in baH augi&ardinata) qu^bnj 
38. 6. I i?: ergoctiam C cft magisordtaat^cocajqudnu 
42. 2>. ! D: ergo C ad £>,quaneftinfinita. Sed C^A, 
31. h. I funtquafiasquales : Sl Q^ 2;quafij£qualcs«. £r<i 
I go A ad ?> quafi cft infinita. Quod &c. 
- Quare&c. : 

IN diuerfisbanbus,quc!iber madkin magisordiaaca> ad 
quamlibet maflam^in mini^ oidioac^quafieft mfinita* 

ffj/foth. 
Sint mafiae Ay 9> indiiierfiibafibus: A inmagisor- 
dioatabafi, quam^. 
Dko A9d% quafi efle infiatcaai. 



1 
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Pr^par» * 

^ffumantur quadratrices C, D: C quidem homonjr- 
ma ipfi -r^j & D, ipfi y. 

Dewonfir. 
hypoth» I Quoniam Aj cft ia bafimagis ordinata , <]uam 
?: etiam C, eft in bad magis ordinata > qu^m^ 
^9' b. D: 8& C ad Dy quafi eft infinita . Eft autem ra* 
tio j4 ad C, quxdam propofita , quam habent 
ptopoiitt.numeri mukiplicantes honibnymamj 
4<^' ^v i fpeciem ^ergo ex^quali , ^ ad D , ratiO eft quafi 
infinita. Item D ad 9, ratio eft qusdampro- 
j pofira , qu^m habent propofiti numcri multipli- 
4<j, 4 I cantcs hononymam fpecicm {«Tgo e* sequali , A 
\&d2^i mtio eft quafi infinita . ' Quod &c. 
Quarc'^c. ■; : ■"•■:j • ••• •.-> •• '-> • '- 



V J < 



■ T ' ' . | 1. . . ■ ^ 1 < ■ . j 

SPecies in eadem bafi iaccntes,func rcciproc^ quafi pro- 
portionales, vt numeri , in tabula multiplicium , fiiiii- 

liter iaccnces- - -'ffypomt — - •-> 

Sint incadembafiipecics «^, 2t.&-fint numeri fimi- 
liter iacentes , in tabula 'rauliiplicium j c fimiliter, atque 
>45 &•</, fimiliter, atque ^ ; 

Dico Ay^i quafi d^ c» 

■'■.'■pMp/tri ■ 

Sumantur fubquadratrices E, F: B' quuJecti homo- 
nyma ipfi A-y & /^> ipfi ^. ■ • ' - 



» \. 



p, ^x. i.Ai Ei »; 0«) 
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f- 

48. ilr. 
4eff.it» 

%t, b. 



E'y F: quaiiz^ialis. 

Fi »: d'y u. 

Ai ^: quaii d$ c. QMod&c Quare&c. 

Theor, 5 2. fJ^tfp, J 2. 

MAfljtincadembafiiaecAces, quaii eamdemhabenc 
racionem compo(icam , ex direda iiiQrum nume* 
rorum,Sercciptocanumerorum incabula mulcipliciunu 
fimiliceriaccntiom. ' 

•,.'..'..'■.. **yf^f"*, ■ '^ j '■ ■' 

Sincineadembflfiifnairaevtf) 9: quanun numeric, d: c 
quidemyquiinuUiplicansboafioaymamipcciem A, facic 
ipaikm A'i 6{.(/>;qut.niulciplicanshomon)Bbamfpcdem 
3y i^ciC'ma0a(i3tS . Eciinc numeri r,./> iimilicer iacen- 
tes 19 c^ulamulcipJiciMm^/.quideni^ikuc A^ SffiCiait^B, 

Dico ^} 2f: quafi ci.jl.^f-y e, 

Sutpancur. Tpccics homQnyaiz. G, ^: <? "qaidcmv 
%u%i.\Ay 3i. Q\i3&si d^-fA/t. Quodifitc Qqare&c. 



^ro> 



W* ■ *• • « ■ B« . »< 



- ■• • 



> 
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Profkn Mp i fm md Trop, 53. • 

D\ta rationei dacoque numero paritcrpari: fiibto- 
tuplicacam racioncmimieiurey q^ocus eft datus nti* 
merus , v >< 

■SiLdata ratio f ^Jfi Ua tul < j u o Aumcrus-^r pariter 
par* . i \ .\ » 1 r ; . 

Oportet rationem iQaemre) (olxbtuplicatam ratioaif, 
4ad^, qootuseft t, 

Subdiuidatur numerus r, vfque ad vditat%m;S< (it c ad 
^, duplus :8id adfy dupfaif ; Sifad vnicatem , duplus. 
Deinderumanir , ioter <^ ^> media proportionatis ^: & 
incer a,£y media proporciooalii hi. ^inter^, A, media 
proportiooalis i : vt fiant rumpriones tdcidem , <]uot 
iunt,numeri T diuifionesbifariarii, vlquead vmtatem. 

Pico <i$. i: iiiibcoBiplicatam «$ ^,.4^otus eift >. 

(M^. ji^ ^: duplicata 4; j*, (icut ^; d: duplus. 
t«fftr, ii{ '^ ddplicata 4$ ib^ £cut 4 /' duplu& 
(m^. ^r; /t: duplicata a; i,- ficut )^ ^ dupki& 
p. f. 4; ^ multiplicafta 4: % ficut r^ »: multiplus; 
4; /: fubtotuplicaca 4$ A, quoCQsdl^. Quod<rK 
faciendum . . . . > 

Qiiare daca ratione, datO(|ue nnmero parieer (Ufi^ 
iiibtotiiplicatam .ratidnem iauoiimus, quocus cfl; djcus 
QUiucrus^ 



■«M«Mi»H«|wiHMMMM«WM|pi4M«n« <« 



DAta rationeinarqualira^isj QiprqfoSto ntiBieraOfu 
diais {Mitcftatun:.iitMi^nifn:iiouoiirp|ipro x^9 
fciq\iitoti,,St ienjitoca «queordioatary furicad fduicenL^ 
propiores aquaiitati . . .. ' 

Bypoth. 

Sit data ratio ioxqualttatis a, wd. b: 6i Ctt a, maior, 
quaoi ^: fitqueiiiatusmimenisqoiitarios. 1 

. Oportet nunKmth inuemrc »- quoiquo Cekpmota (^a^ 
ta>adfemitDta(|i.(yiiQtaa]».mifioreft,qiiiiiavc a zdk Si 
(emitota quinta> ad (erquitotam quintam > maior , quiinL» 
vt^ad4. 

Ctnflr, • > 

I Sumatur numertia pariter par,iid mihor,qudm 

5i* h, j ,<Jatus quioarius.: & (\t ibaiptx». oiftoQariQ^ (ub- 

I oduplicatariitfoiiiueataturyiiatiDniS.4 ad ^ qiif 

(it 4 ad c: & fuma(^tuimerus dy maior ad bi- 

o^ rtum >quaai vt' 4. ad; « *--/* r; qor» dempca bina- 

rio > relifiquatur # : ^ inter i/> r> fomatur nume* 

deff.i%. I rus/: proquo>vtradicetQta$iemitotxeft r, i^ 

Dico 45; «$: minoreiiikei&^quam 4j k 
Jcx eyy dy. maiorcm,qu^m hy a» 

DemHffiry 

c«ar, \di 11 maior > qodm 113. 4— icL .... 1 

3. K I ^s .d nioot^qiiiiv a^ c,. . 
4.6. I </j5 ^5: niinor,qu^m 455 cj. . . - ^- 
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5'^* |45$ e^: miiiar> qiilai dSi f8. • 

Quarc&c. :" " • ' 



i«aftM««MHMrw«M*WM»« fl^MB^M^V 



DAta ratione ; &t propoiitis ordinibus. pottftatunL» 
iiuequalibus.-)auineruai inuenirei pro qao, pius or- 
dinata poceftas, ad mit^ordinacanf , tt^ior eft> j qu^m in, 
dataratione. 

Sitdatarado, 4ad^.' iintpropo(itiordines potefta- 
tttm inasquaics, quinarias,& binarius . 
• .; Oportetoumerum inuenire , pro quo, poteftas quinta 
adrecu£tdam>niaior^ft,qidmvtii'ad^:k , 

- SumaciiroumenirfyiArefie^terc^rum poKftatum ab 
omnibus numeris, maior advnitatem, qudmvt'4 ad k 
numeriautem f, {itradix'V/« 
Dico,pro d radice> dy,dz: maiorem e(re,qt^m oi ^. 

*f^.^.'|^5 »: dsi u: dy^ du 
tonfir, \cy »1 maior,qu^m 4; ^. 
ij. 5. I dy^ dz: raaior>qu^ ii$ k Quod Zep» 
Quare &g • : ^ 



• I •«« 



^i4fmmgm^mim^^mmi^mmi^mmmmmmmmmim^mm0mmmi^ 
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m ProbL 4. Prop. $6, 

DAra racione ; propQficirque ordmibus poteihtuAi 
. .iq%<]U4libu$c.nuiDeraaiinuenire^proquo,reiiuco- 
ta plusordinaca» adi^uicocam mini^s ordinacam, maior 
eft)'<]u^fiHQdataratione. • ^ 

.. HypottJ* 
Sic data racio 4 ad ^ : iincque propofici ordines poce- 
ftacum } quinarius » dtque ternarius • 

Oporcec Qumcnim.inuenire>pro quo^iemicoca quinca 
ad (eiquicocam cerciami maior eft , quikm vc 4 ad ^. 

. . Cottfir, 
Inucnijtur per^$A num^rtis r, pro quo^femicoca d:fk 
fcmicota quinta d^, adfemicocamcerciam</5, maioreft, 
qu^m vc a-+h ad ^. .inueniacur deinde /wr 54^?. numerus 
e^ non minor,qdkm c; proquojfemiroca.»^ & (efquico* 
ca fy & m$ ad ^5 ,.iiiaior eft,qdim vt asfddt^k- 

Dico, pro nume^ e radice ,: myy q^t inaiofem (^> 
quam4; h, Dcmonfir, . * • 1' 

€vnfir, I e: noQ minor , qudoi r. . 
def^2.x I m: non minor, qu^ d. 
yb, m5; ds: nonminor,quim mSyd^* j • 
f. hr . m.%\ ^3: noh roifior, qu^ d^y d^. .- ■ •: 
cMAr. ,^5; dii maior,qu£im a-^h; b, . - .^ 

quibii 



«• « • •» • 



c«!/»r. |»»35 f3* maior,quim a, atb, 
4»K I ^5» ^3« 0Mior>qu^\9 ^. Quod^. . T 



^ 



»« 
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DAtisdaabtts rationibiis; &propontis duobu^ init- 
qualibus ordinibuapoteftatttm.^numerum inueaiic» 
pr o quo» f atto compofita ez vna daca nitioife) Sitx racio*- 
nc femitotx plus ordinatx , ad iciquitotam mint^s ordina* 
tam> maior eft, qus^m alteradata ratio . 

Hypoth, 
Sint darae rationes, 4 ad ^> & r ad </: 5c (int propofitl 
ordines insiquale^ quioariuS) &binarius. 

Oporrctnumerpminuenire,prQquo , ratio compofita 
cx a ad ^, &ex femitotje quinta: ad fciquitotam ^'cun- 
dam, maiiCtf e(^i qu^or f ad i^ • :: 



vt ^ ad 4, ita i ad e: & inueniatur/ nu- 
. I mcrus,proqao,remitota^, ieiquitota h^ Sl^S 
ad. ^.3^ ntaior ,. qujim n ad r . : 
. BicOyprQ /rgdice> «f A-^^5> 'h^i tAiAtnocn e(fe^ 

quim r, d. ; . ;. . . * ; . 

DefMmftr* 
emfir, Sg^; h^: maior,qu£im t^ 9* 

4. &. a; ^|^-H-j5; A13:. tiiaior>qu^m- t^.d» Qiio<I&c. \ 
Quare&c. . :! :^ 






D 



PrvhL 6* Prop, 5 8. 

Ataration^sinatqBalitatisj 5(propo6ti$diJabus.iiw 
eadcm bafi iacentibus quadratricibusfmtfheruiki 
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inuenirc , pro quo quadratrices propo/itae > funt propio- 
rc$ a^qualitati j qu^ jfliJatJi ratiooe. 

Sitdata ratio io«qualitatis s adk8i.6t am2ior,qiAm 

h: notque propbfit je in quinta. ba(i> duas quadratriccs c^> <^ 

Oportet numerutn inueoire, pro quo, c, & </, funt ad 

inuiceoi, mioores, quam vt 4 ad /3 maiores, qudm vt 

y ad 4. 

Cvfftf, 

S4*b. j Inueniatur numerus r, proquQ,iemitata^ 

I refquitota £i SifSzd gSy maiored , quarn vt b 

I ad;4i ^^ a4fs, n»iQor>qu^vt 4^d ^. 

Dico,pro f radice, quadratrices r, J, efle ad inui- 

cem mibores, quwlm vc 4 ad ^ maiores , qu4in vt ^ ad 4. 

I r , eft maior, quiim fif. minor, quilm ^tf. 
J, cft maior, qu^ /e^. fninor, qu^m £6» 
€ i d: maior, qtiilm /<r« ^5. nunor, qudm gS; fi, 
d^ c tninor>quiim.^d./^. maior>quim/(^j g6, 
fSi g6: maior, quam ^4. 
£6'yf6i minor, qu^m ^ b, 
c^ di maior, qidm ^ 4* miaor» qdbn 4; ii, 

(^uodfi^. 
d^ c: minor, quim 4^ k maior, quibi ^ a 

Quod8(c 
Quare&c 



)0. 3. 
JO. &• 

ft. fa* 
timfir. 



«%* 



*• 



«•01 



Hi^»* 



i lii 



Pr<^- 
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PrchL 7. Prop. 0. 

DAta ratiooe ; & proponcis daabus non in eadcnL* 
baH iacentibus quadratricibusmumerutn inuenire^ 
pro.quo, quudratrix , cpx iacet in plu^rdinaca bafi^ ad 
alteram> maior ^^ quam in data ratioiie . 

Sit data ratio 4 ad k & propoHtae fint quadratrices 
di!2e r, dic inquintabn/i;.^, infccunda. 

Oportetnumeruminucnireyproquo, c ad d, maior 
eft , qu^m vt 4 ad ^. 

Conflr» ■■■''■ 
^6.h, j Iiuienfatur numerus r , pro quo , (emitota ^ 
I fefquitota ^: ^ f6 ad ^3> niaiorfir^quam vt 
. . 1 4 ad ^ . 
Dico, pro e radice, c^di niaiorem e(!e,qu^pa 4; b. 

Demonftr* . ', 
30.1. u, maioTcft» qujlro /2?» i .■•■■> t 

jd, 2. M, mmorcft,quim^3. ': • * * *' 
8. y. I q di maior eft, quim/<?j ^3. Quod &c. • 
QuareSo;. « > 



« « 






Proyi. 8. Prop. 60. 



t > 



I ■. ' 



DAta rationej&prbpontisdtiabus non io' eadembafi 
iacentibus maflis : numcjrum iniienire, pfo quo> 
maila, qus iacet in plus ordinata ba/i ', ad alteram > malor 
eft» quam in data ratione . ' " 
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Sit data ratio 4 ad b: fintque dus mafla! e, d r, qui- 
dem, in quinta bafi j </> in tertia . 

Oporcet numerum inuemre, proquo^ e zdd, maior 
eft^qu^m vt if ad^. 

Conflr, ' 
Fiat, vt mafla c ad fibi fynonymam quadra- 
tricem r, dcaadf: Qtvt fynonyma ipli d qua- 
dratrix £, ad ipfam </> fic fiat h ad ^; & inuenia- 
turnumerus i> pro quo, quadratrix r> ad qua- 
I dratricem g, maior.eft , qu^m vt / ad h. 
Dicopro i radice, mafTam c admaflam ^, maiorem 
efle , qudm vt 4 ad ^ . 

Demon/hr, . 
c«i/?r. j f j f : <^ y^ 

coiifir, j ^5 ^: maior, quim fi h. 

eonfir, \g\ d: h'y L 

^, b. \c', di maior,qudm a'y k Quod&c* 
Quare 5:c. 



jp. fc 



Probl. 9. Prop, 61, 

PRoporuis in eadcm bafi iacentibus duabus maffis $ ^ 
datis duabus ratiooibus , non ijidem , quam quali ha* 
bcnt ad inuiccm maflx , fedmaiore vna,minoreaIter^ 
numcrum inuciiire, pro quo , maflk propolitx ratiooem 
habent niinorcm^qu^m dataa)aior,& maiorcm>qu%n dj- 
taminor. 

T ffy. 
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SiQtmafl^ d, d: &fic racio i ad s, ^u^m qiiaG habec 
4 ad d: SiGte Sid ^^ maiQr,qii^m i ad #>6e t> adr, miaor. 

Opiortetnuaieniminuenire>proqu0> aad d^ eftmi- 
nor> quiim « ad ^ j & maior, quam « ad r* 

Cioflrr, 

Sumacoripfi a, fyaonyma quadratrtx IfySilpCid fy- 
nonyma c. Fiac deinde. 
a^ k $i fi i-y k n-y 0. 
il d: ^ in hy n fi n 

Dmon.fr* 

■ 



conftr. 



I 



qtiafi 



/-+/; X. 



zy.b. 



bypotb. 



4j k i; t^ 
c; ^: i; x. 
^; c: quafi i^.i 
^; c quail xqualitas • 
k^ l: acqualitas. 
aypoto. ci h. maior,qu^m i; x. 

^-^1'^ K>/'-*/5 ^,-^^; ^: maior, quim i; ^^-+i^ 4-*^/;/. 
co»/?r. I f; /• i; k. 

I^ ^ maior,qa^m k; /. 
.\fi maiQr,quim.^. 
kyft^ »> n mtnor,quim i; /. 

"' ' ^ nunoF^qn^ i; L-^kj 4-+/; /. 



A/519.5 



€onfi> 



J ^ ^ M ^ M y^ w ^ m M 

n^, |x^ 0: '5 k. 



h 



in 
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01 p: ininor,qu^m k; /. 
«:inmor,qu^m p. 

Conjhr. 

I Affiimaturalterutra / ad g, vcl p ad 0, mi» 

58. *. • non &fit aflumpta Z' ad ^ . Et inucniatur numc- 

I rus ty pro quo, quadratriz h ad quadratriccm c, 

I fit minor, qudm / ad ^ maior, quim ^ ad / 

Dico, pro /> maflam 4, ad maflam d , miaorcm eflc, 

quam f2dhi &maiorem9 quam » ad f. 

Demmjk. 



eonflr. 



a-y k ei f. 

h-y c; minor, quim / ^. 



tonar. I C'y d: £'y h 

A'y d; minor, quim e-y k Quod &c. 

fi ^ minor, quiim ^5 0, 

^y /: maior,qu^m a; p, 

Iry c: maior , qu4m ^ / 

hi c maior,quim 05 f» 

Ai k ni 0. 

^b, 1 4} </: maior, qdim »5 r. Quod&c. 
Quare&c 



4. 6. 

tffumft. 

€mifir, 

epiflr. 
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Petrus Mengolus , D. lacobo Tefioo Philofophiz 
Doaori S. D. 

Ibifrimum ex meafchoU, Vir Ex- 
ceUentife.atefueallerii/choU Excel- 
lentifeimi Cafsini, amico noftra lo. 
Gaiealio ManXio , conti^t hoc ele- 
mentumcommunicari: tjuodmn, fi' 
ne tuo, atefue iUius nomine, pMicari oportelraf, 
quoniam ipfimihi lum pUcere cttpit , cum vtram- 
que •vefirumobtinmlapfrobationem. Pojiutabam 
honeftifurislaudem. quod,cumhuiafmodi contem- 
fUtionis alienafit materia,eorttyn videlicel ,quilmt 
logaritbmos debemus; cumque aliena fit eliam for^ 
ma,Q^ coniempUtionismoifiis, ipfifeimus Euclidis 
in quinto : meumfecerim ex vlraque compofitum. gj" 
quemadmo4um,prtcedenlium elementorum in vtrd- 
ipiefubie(ii,(f modinouilategtoriabar: ilaprxfen- 
lis in velufiale, nouam laudeni qumebam . lUe, vi- 
fisdefinitionibus, (ff audila primarum oSo propofi- 
lionum , ex Euclide , tradutimefideli ; ftalim om- 



14^ 
mhtsiitulis^opolttiomm, a me eurfim ieHis , ^fi^ 

ne demonfiraltione fAcilem,proftii acumine ingenui 
prafiahat ajfenfi*m : ^ fuggifsit » potuijje totanu 
hanc Iwubrattonem y vnica propofitione comprehen'» 
eli. Quas demondrac Euclides io quinco clcmen* 
corum , de magnicudinibus maioribus , minoribus^ 
sequalibus,!cqucmulciplicibus, dc eamdem, vel m^- 
iorem racionem habencibus : po/Ie demonflrari de 
racionibus aIcioribus,depreiI]oribus,<^quealc/s, ^que- 
mulciplicacis , & eamdem , vel maiorem logarich- 
micam racionem habcncibus • Cogitabamfi pojfem 
hmufmodi vticonfilio: ttbi^fueinterimrure fuperue- 
nienti CApi commumcare . Itacfue fingutispropofitio^ 
ntbus ^ demonflrationibus , toto animo intendebasy 
^ cum quinto Euclidis dtltgenter conferebas , cuma^ 
duo incider/mus, in traducendOidtjtciltora (vnum, 
minoris inasqualicacis rationes , quae , quo minores 
(unc,e6aIcioresdicuncur,pro maioribus magnicu- 
dmibus vfuuenirc atterum^ racionem ex racione 
(ubcrahi, vel decomponi, perruae compoficionem 
conuerfae : ) intellexi non effe operis dtfpendiunu% 
mutatis mutandts , ex Eucitde tnte^am tradu&io» 
nemperfaere, (^ exhtbere * Tucjuetpfe iuflum^ 
furtum, (f honefttfsimumfrobafit: quod non ab 



tm^ 
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tmmbuj fMtle protarentur peeuliaretfropo/iiiofies, 

<fi* fub illa vaica contiaeniur . (f certe k wo 

noB fojfent eommode tiUegari , aJiilia in fetiuentUmt 

eUmentisdemonfhranda . Quos ergofemelapproh». 

fii lahores meos, ii/ amieis (f commuttices, 

(f commendes ,eui)ii rcgo: nam non 

mihifoli, nonpaucis,fed 

ommbus laioro . 

Fak^. 
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GEOMETRIiE SPEClOSiE 

ELEMENTVM QVARTVM. 

"0 EF l^ ITlO-tl ES. 

RsUnMKKidllCltlogMI 
«»»!»»JfWJ««BSJMJ 

» • Vatum ratioDOni mzqaalicatRjVtraramque 

maiori^vel vtraruuique minoris, Aliior, 
dicctur, ab icqualitace remotior. 
a. EtDcpreffior,xqualicatipropior. 

j, Submultiplic3taeftracioracionis,deprcHior,aIcio- 
ris , cum depreflior , aiiquoties compolica , facic altiorem. 

4. MultipIicataver6a!tior,depre(riorisjcum depref- 
fior, aliquotics compolita , facit alQorein . 

5. Raciologarithmic3dicecur,duaruinracionumin;- 
qual] tatis , vtrarumque maions , vel vcrarumque minori^ 
mucua qusdam; fecundiim alcicudinem , vel depreflionea 
kabicudo . 

6. Proportiologaricfamica,dicetur,6milicuda loga- 
rithmarum rationum, vel ad iiiuicem, «clad alias rationes. 
' 7. Radoaeralogarithmicamhabere incerferaciones 

dicen- 



r 
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dicencur , qux inultiplicatx,po(runc(e inutu6, aftkudiiie 
ifijperare . 

8. Ineadcm rationeIogarithmic^)dicunture(]crati6- 
nes duXi prima, ad fecundam, atque duae quantitates, pri- 
ma, ad iecunciam; cum primx rationis, qu^libec multipli* 
caca ratio , & primae quamicatis «quemulcipfex, i (ecund^ 
racionis qualibet mulciplicaca,.&2l fecunds quantitatis 
9quemultiplici, vel vn^ deficiunt , vel vn^ aequales funt,vel 
vn^ cxccdunt j ratio quidem, altitudinc ^& quantitas ipfa 
quantitatc . 

9. Et dicetur prima ratio ad (ccundam , proportionsr 
lis logarichmice, (icut prima quantitas ad fecundam . 

I o. Cum ver6 prim^ rationis niultiplicata ratio,aIcior 
fueric, quam mulciplicata recuhdx; multiplcx autem prim^ 
quantitatis, nonmaiorfuerit, qudm miilciplex fecundas 
dicecurlogarichmica racio racionum , maior, qudm racio 
quancitatum. 

1 1. Cumquc h contra , multiplex prima?quantitati$, 
maiorfuctit mulciplici fecundx $ mulciplicata autem ratio 
prima; rationis, non altior , quam multiplicata , fecuodz: 
dicctur ratio quancicacum , maior, qu^m logarithmicju 
ratio rationum . 

1 2. Rurfum in eadcm ratione logarithmic^, dicen- 
tur efle rationesquatuorprima ad fecundam , atque tertia 
^d quarta: cum prima;, as tcrtia»,rationesa:queraultipli' 
cata;, ifecundse , 6i quart^, rationibusarqucmuhiplicati^ 
qualifcunqucfit h«c muItipHcatio > vtraque , ab.vtraquc/y 

vel 
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vel rna altiorcs runt> vel vn^ iizquealta; , vel vn^deprelSo* 
res , (i e^ Aimantur , qvz inter fe refpondenc . 

1 j. Eamdem autem habentes rationem logarithmi- 
cam > rationes, logarithmice proportionales vocentur . 

J4. Com vcro aequemultiplicatarum , multiplicatab 
primae ratioflfs altior fuerit>qu^ multiplicata iecundx; 
multiplicata autem tertiar> non altior fuerit , quim multt- 
plicata quarta? : tunc prima ntio ad fccundam > maiorem^ 
rationem logarirbmicam haberedicetur> quam tertiaad 
quartam . ; 

1 5 . Hoftiologa» rationes rationibus^aut qaantitatihu^ 
dicuntur, antecedentesquidem antecedentibus > 6( confe- 
quentes confequentibus . 

16. Homologia logarithmica eft fumptio homolo- 
garum rationum, aut& quantitatum, vt inaliaquadam lo* 
garichmicaproportionalitate, fiant homologx. 

1 7. Alterna ratio logarithmica, efl: rationum fumptio 
antccedentis comparata: ad antccedentem, &confequen" 
tis ad confcquentem . 

1 8. Inuerfa rario logaritmica , cft rationum (umptlo 
confequcntis,ccuantecedcnris> comparata» ad antece- 

' dentcni> veiut ad confequentem . 

ip. Compofitio rarionis logarithmics, eftfumptio 
compolita? ex rationibus ameccdcnti> & confcquenti,ceu 
vnius ad ipfam confequentcm . 

2 o. Diuifio rationis logarithmicaf > eft fumptio ratio- 
nis> quacum compolita confcquens facit anteccdentem->y 

V ad 
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ad ipfanci cenfbquentcnu^ 

21. ConuerHo rationis logarithtnicacteft (uoDpdo an- 
tecedencis,adeam»quae(in]coaipofita conlequens facit 
ipfad» anteccdentetn * 

itu £x asquiilitate ratio logarithmica eft» H plures 
duabtisfmt riftiones» de his» vel quantitates , vel alije ratio- 
nes> ftittftitudine pares, qoa; bin« fumatur^ Sc in eadem ra* 
tionelogarithnnica/cumvtinpriniis rationibus, prima^ 
i<^arltbmic^ ie babet ad Vlttmam , (ic in (ecundis vel ra- 
tionibus, vel quancitattbus, primaad vlciman fc(e habue- 
tit. VelaliteriOmptiocxtreittanmijper {ubdudionenLi 



2 3 . Ordinata proportio logarithmica el>, tribus pofi- 
tisracionibus,&aIijs,velquanticacibus,vel rationibus, qu^ 
(inthis midcicudjnepares: cum , vtin primis rationibu^ 
logarichmic^ fe habec antecedens , ad con(equentem > ita 
in (ecundis, vel quanritatibus, vc! rationibjs , anceceJcns 
adconfequcntem:&vt in prfn}is>con(equens, adaliam 
quampiam; (ic in (ccundis,con(equens,ad alia quamptam. 

24. Perturb^a autem logarichmica proporcio eft: 
cum vt in primis » logarithmic^ (e habet antecedens^ad 
confequentcmj ita in (ecundis> antecedens ad con(equen- 
tem : Se vt in primis> con(equens> ad aliam quampiam 5 (ic 
infecundis^atiaquaTptam^ad aotecedentem . 



n 



tor. 



s 






nuto^rOi 



cat£ : qu^m toulciplicata cft vna') vnius j xhn muldplicataj 
eftcomporiUQmniiiiiiyCQftippfiidrQitMuiim* ' . 



45; bi: multiplicata 4«; k. 



^55 4/3: zquemultiplicata Cy dt 

Dico 43 j h>-*^Si dsi arauemDltipIicataaa 4j ^, 



bypoth, 43; ^3: 45 bt-+Ai by-fOl b, 
fypotb, I f3J ^3: c; </;-tfj ^,-i-q ^: 

f. /. 1435 b$y*cii d$: 4{ ^H-cj «/,-*4j b,-+c', dy-va^ 

bi-^C'\ d, 

Multitudo ratioouin a^ b, $i Oi b, St a', b: 

• • ^^ • ■•» fl— v^ 



ibjiporfF. 



I 



........^ .«...^u..w .., Vj >,pi .., ir, V .., •-• 

xqualis cft roukitudini r; <(> 6< c; ^^ & q 
^: nccnon roultitudioi 4; ^>-^^> d^ ^ a^ b. 



-+f; </, & 4; ^,-+f ; ^. 



I -i-f, Cl, (X «) «'J"**) *•• 

^'M-h'] a^y ^3>-+f3> ^/3: «quemultiplicata 4; b,-^c', d, 

j c:^d &C. 
Quarc&c. 



SI prima rario, fcciindir^fucrjc a?<^emulciplicata,atque 
pffiiui<|uantitaf> tfkmiitifkx. ^cuod^ fijeric aacem 
^ ttif la racio » i^cuodx , i^qiieflMiltipltcaca , acquc terci^ 

V a quan- 
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quaatitas> eft mulciplex (ecunda? : cnt compofica ratioex 
priaia> Si teitia> fecundaf, ieqaemukiplicata > atque aggte- 
gata quantitas ex prima^ & tertia, eft multtplex fccunds. 

di'y bii nuiltiplicata 4; k ficut ic; o multiplex. 
43; kix multiplicata 4j y, ficut jq c, multiplex. 
Dico 425 bi,-+a$i by, mulciplicatam 4; k (icuc 
2c-+3fj f, multiplicem. 

Detmnpr, 
hy^h, I <f2j ^2: a-y by-^M', b, ficut 2<7 r h-(. Et quot 
I funt rationes a^ by ^ a^ b: tot (iint r, & 
I quantitates . 
bypth. I43J ^3: 4j by+a; by-t-Oi b ficut 3f:c-+cH-f. 

Etquotfiintrationes 4$ ^, & 4; ^, 6s <Q ^ 
totfunt quantitates> r> & c, & c 

f. p. 42$ ^2>-+43j ^5: 4; ^>-+45 ^>r+4J ^>-+45 b,-*^ 

b, ficut 2C-+ $c: c-t-c -+f -»-c ■+C, & quoC 

fiintrationes a^ b, 8i a^ b, 8i Oy b^ 8i a; 

b, & a^ b: tot (Iint quantitate$> c, 8i c, Sl 

c, Sii c, Si c, 
drf.^,h, 425 b2,-*a}i bs: mulciplicaca ^ b: ficut 2r 

H-^cj r> multiplex. Quod&c. 
Quare 8ec. 



aa 




Thcor, s • Pfop, ^, 

l prima ratio>(ccund2e> «c]pi^fiieritmultiplicaca>ac- 
quc tcrcia> quarcac^ fueric autem & quinta$ (ecuo- 

dx, 
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d«> «quemultiplicata > acque iexta > quaitae : eritSi coai- 
pofita ex pritna, & quinta,fecund£ dcqueinultiplicata,atq;. 
compofita ex certia, & fexta, quarta; • 

4a; ^2: multiplicata 4; y, (icut «i; ^2:' multipli- 
caca £; i. 

43 i ^5:- multiplicata a, k iicut r^; ^5: multipli-' 
cata Cy d, 

Dico 4i; Ifit^asy by, mulciplicatam 4j b, (icut 
rs^ dty-^c^; d^: multiplicatam c, d. 

Demonjhr. 
byfoth, 42j ^2: 4; ^jH-^j ^. ficut rij </2: q ^,-»-^5 d, 

Etquotfunt a^ h, 8i ^ k toc funt r> ^x 

51 q d, 

435 ^3; 45 A,-f45 ^-«^4; k ftcat.es; diz q i/, 
-hc; ^>-<-q ^. Etqjotfunt 4; ^> 6e 4;^> 51 
I 4j ^ totfunt c; d^ Si Q ^ 6e Q ^. 
^^ |42j ^j>-i-43; ^3: 4} i>+4; ^>+4f ^,-4-4j k-^a^ 
j ^. ficut «j di^-^cyydsi Cy d^-^c^ dy^Cy dp 
I -frfj ''>-+^; <^ Ecquotfunt 4^ hy &i OyhySc 
■ 4} ^, & 4; ^> & 4; ^ cot fuDC cii, &iCi 

dy &t ry dy ti €y dy eC C^ d. 

^^* 142; ^2,-*43; hy, multiphcata .<^ k ficut f2j 
I i/2>^r35 1/3 : muktplicata rj <^ Qjod5cCr 

Quare&c 

Theor. 



bypa$b. 
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Thicr» 4. Prop^ 4> 

SI prima rddoi &c\iadx arquemulciplicau fucrit, atqne 
prima quantitasi (ecuodes fumantur autcm ratto > & 
quantitas3 & fiimpta ratio> (it ^quemultiplicata primz ra- 
tioniS) atque (iimpta quantitas>multiplcx prlmae quaocita' 
tis : erit & ex xquo, fumpta ratio , ^quemultiplicata ieaiih 
dat rationis> atque fumpta quantita$> fecundas quancitatis. 

Bypoih, 

ay, h: multiplicata a^ k (icut }q o multiplcx. 

45j h6: multiplicata 4$i ki» /icut 6c'y $c^ mul* 
tiplcx. 

Oico 46^ hS: multiplicatam a^ k ficuc 6ci 
multiplicem . 

'Demonjlr. 

fi^tfc. Ijj; lr$t nul(iplicata 4$ k Gcut 5cj r» inulti> 

I plex: 
2. ib. \aii h>-*^$> ^S: multiplicata oi k ficut 3^ 

-t-3£{ Cy multiplex. 

hyfvA, \a6i b6: an hi-*-4Si h*- tot. ^^ ic-^S^* 

: Bt quot ruQt> <f /$ ^j^ & jiji ^5: cot raot 

; Jf, ««. 3^* 

4d$ h^t puinplicata 4$ ^. (icut 6ci c, mulci- 

jilei. Qtiod36(;. Quare^ 



^mtt^itt^t^mti^mmg^^mmim^^g^^i^mmmmi^timmmimmmmmmmmmt 




Theor» ^.Prop»^, 
[ primt racto>iecMfKla?«quen}ukipl«c«cafiMnc,«tqu( 
tertia>quartaEj fumanturautem asquemultiplicatx ra- 

tiones> 



f1IM- 
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;, prinue, & tercide: erit & cx «quo, (uaiptarum vtra- 
que, vtripfquc, arquemultiplicata ; aitera quidetn fecuadg, 
aitera autem quarto; . 

ffypoth, 
d^i ij: multiplicata a; b. ficut *3^ ij: multiplh 
cita r, d. 

aS\ isz multiplicata 455 ^3. fioic r^; ^; muki- 
plicata ey, d^» 

Dico <f5j bsi multiplicatani ^ k Hcut r^^ dS: 
inultiplicatam c; i. 

Denunfir, 
byfth. ]ay, bi: multiplicaca a, b, ncutc^; d^i mul- 

1 tiplicaca c, d. 
3. h, j43; ^3,-*«3; ^3: multiplicat» 4; b, ficut C3; 
I «'j,-^^^; di: molciplicaca q ^ 

i)r/»o»&. \a6'i b6l 43; b$y->ra$'y h^, ficut <:5; </d! cj; 

<'3>-+<"3> ^l' Etquodunt az', ^3, & 43; 
^3; totidemfuot cj; cj, & ^3; «/j. 
.45; ^(^: mukiplicata 4; k ficut <5; ^5;mul* 
I cipli€ata c; //. Quod&c» 
Quare Sk. 



0m 
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Sl fuerint, in «adem ratioBC iogarithmica ■> prima^ 
ratio, ad iecundam, atque primaqaaiitttis, ad fccun- 
dam*.^tiam multiplicata prim« rationis,<i8e apqnemukiplez 
prim^uantttatis^ ad mult^licatam , ^saadx tacioms , 81 

arque- 



' 
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^qucmulcipHccm {ecuodx quancicads > in eadem erunclo^ 
garichmica ratione . 

Sincraciones Ay & ^; dsquancitaces a, & h: &iit 
racio ^^. ad rationcm ^, Ipgarichmic^; ficut quaDtitas 
4, ad quancicacem b, Sicqueracio sA, multiplicaca n- 
cionis Ai ficut quantitas 54, multiplex quantitatis « 
itcm ratio 4?, multiplicata rationis ^-y ficuc quanutai 
4^, muitiplex quantitatis k. 

Dicorationem sA adrationem 4S, eflelc^aritli- 
mice ficut quantitas $a, ad quantitatem 4^. 

Acdpiatur ratio 64, multiplicata rationis $Ai & 
quantitas 6a, aequemultiplcx quantitatis 54; itemra- 
tio 20S, multiplicata rationis 4?; & quantitas 20^, 
. (quemultiplex quantitatis 4^. 

'Dewonfir» 

Ratio tfi^, aequemultiplicata cftrationis 4 

atque quantitas 6a^ multiplex c(l quantitatis a 

item ratio .1 o?, . a^quemultiplicata eft rationis 

S; atquc quantitas 2 o^, multipiex eft quaatita' 

.^«'^- 1 tis ^ Suntautemrationcs A ad^ logarithrai- 

defA,b. c^, (icutquantitates a ad ^. Ergo fi ratio 6A, 

e{^ altior ratione lo?; etiam quaptitas 6'<^nU' 

j ioj: t(k quantjcate »2 ok fi f qucaita) a?qualis:ii <^' 

«•^ni I prc$or; minor .. Scd e(l ratip. 6^^, , «qt^multi' 

I pbcaca jajtionjs .^4 '3t<]^ quanticas ^4» ta^. 

tiplex' 



if^S.k 
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I tiplexquanticatis 34: &ratio io9, rationis 4?> 
a^qpcmulriplicata eft; atque qoaotitas 2 o^> quan- 
tjtatis 4^ . Ef^o rattones j^» ad 49» (unt lo- 
garitbmic^cut quantitates> 3 4> ad 4^. Quod &c. 
QuarcStt, . 



■^ «MMww*» i^MWMH» «■■■ir ^■■■^«■■■■•■a 



TW. 7. /Vyp. 7. 

SI primaratio,adfecundam>camdcm habuerit ratio- 
ncm logarithmic^) atquetertia > ad quactam : erianL» 
a*quemu]tiplicat£ rationes prima;, &terti£> ad arqnemul' 
tiplicatas fecundx > & quartx» iuxta quamuis muldplica- 
ttonem, eamdcm habebunt rationem , fi prout intcr fe rc- 
(pondeQtj ita iumpta? fuerint . 

Sunto rationcs quatuor A ad 9,&CadDjogarithmi- 
ceproportionalcs: 8e flinto ipiarum Ay C, xquemulci- 
plicats rationes $Ay 5 C; necnon ipfarum S, T>, xquc- 
multiplicata;, 4?; 4D. 

Dico quatuorrationes 3^ ad 4?, & 3C ad 4D,Io- 
garitbmic^proportiooalesefle. ' 

Sumantur ipfarum 3^^, 3C, xquemultipli cat2 raltia^ 
oes 6A, 6Ci &iprarum 4?, 40, : irquemultiphcatc^ 
ao!?, 20Z). 

Demonfl. '."'.. 

4. h, I Rationes d^, ^C> oequemultiplicatiae fiint ra- 
) tionum, A^ C: •& 20:?, aoZ>, jequemultiplicatje 

iC ' funt 



1 
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lyp^h, I {tiotratiooum S> />« funtqae A ad ^, togarith- 



ifefli3«l^ 



fcXpiti 



itf.ix*b 



mic^proportionatc^vt C adiXX Ergo(i5^>al- 
tioreityqo^m 2o2f^ etiam 6C, altior eft,q(iim 
loD.' fixquealta;a5queaita!fi dcprefliotidepreA 
fior. Etfunt 6A, 6Cy ipfarum lAy iCy asqae- 
muItipUcatasj oecnon loS, %oDy ipTarum 4.7, 
4D,9quemuJtiplicat«. Ergo lAzd 4?, & 3C 

I ad 4/), iuot logarithmic^ proportionalesi . 

|Quod&c 
QuareStc, 



»>MMaMhiMM»«l^Hfe««MBM^ «MnM**i«M«MMa»«MMMMHH*««MM««i 



SI fuerint duae rationcs^ Gnguiieiexbioiscomponta?, 
altiores , ex depreffioribus , & quodammodo tot£,ex 
abrcifla, & refidua .* fuerit aotem vna tota ratio, ad alteram 
totam, aequemultiplicata; atque fua abfci(Hi,ad alterius ab- 
rciiTam: erit & a^quemultiplicatas atquefua refidua > ad al- 
teriusrefiduam. 

Ratio A-+S, exrationious Ay $c 9, altior>ex depref^ 
fioribus,tomponitur;item C-t-D ratio, cx rationibus C, 
^Z>, componitur:&efto^-i-2^>ad C-f2>, xquemulti- 
plicata,atqae ^ ad C. 

Dico A-*3 ad C-t-D, aequemuitiplicatametiamefle> 
atquc S ad />. 

Fiat ratio (7 ad Z>/ sequemultiplicata; atque A ad C. 



hypath 
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'Demonflr. 

t' ^* I A-^G ad C-*Pi jequemuldplicataeft, atque A 

adC 
-<i-+2? a4 C-f Z?, fquemultipliakcg eOvatqac -<rf ad C. 

4-t? .rati<)>«adem eft, quac A-^G, 
Et CQtnpofita VJtrimqiiecoMier& ritiQOfS A, 
P' f' I ? ratiosCademeft>quac (7« 
p. f . I 9 ad X>, asquemulciplicaca ed, atque i< ad C. 
f. ^. I ^H-S ad C-^P, dequemultiplfcacaeft>atque S ad 
f Z). Qwpde^c 
Quare ^. 



^^^^imm^mmrmwmmmiiri^iimmmwm*^ 



Theor. p. /^rflp. p- 

SI ratio , & quantitas , cuiufdam rationis > & cuiufdanu 
quaotitatis, sequ^ Hnt multiplicata , & mulriplcx ; 8i 
abfcifla ratio, & abfciflaquantitas, eioticm rarionis , 6< 
eiu(dem quaotitatis , a:que Hnt multiplicata , tc multipl^x: 
refidua rario,& rendua quaatita8,eiuidem ratioois, & eiuf^ 
dem quantitatis, vct func «quealta, 8s«quali9$ velxqu^ 
ilinc multiplicata ', 8i raultiplex . 

£fnoth» • . " 

. Ratio A-^% rationif C, «quemukiplicata- e0, atque 
quantitas a-+h, multiplei quaotitatis c; &ratio A, ratio- 
ois C, eqoemukiplicaca eft, atque quamicas 4, miiltiplez 
quamieati^ <-. 

Dico qudd , vel 9 arquealca eftipO d {kut4^qua- 
li$ ip{i (i vq\ d jeqoemukiplicata eft ipGus Cj ficuc b 

X 2 mul- 
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muldplex ipfius c. 

m 

Detnonfir, 
kyfoth, I Numerus racionum C, ex quibus A-^^B coo- 
ponitur, idcm eft qui quaotitatum c, ex quibus 
ti-*y colligitun item oUmerus ratioaum C ex qui- 
bus A coiiipOfiitur,idem eft qui qitanticatum o 
ex quibus a componitur . Quorum numerorum, 
I vcl cli diflerentia vnitas, vd nUmerus . 

Si vnicaseftdiflerentia; vnaeft ratio C, qua- 
cum compofita ratio A% facit rationcm ^-i-Sjfit 
vnaeftquantitas r, quacum compofita quanticas 
kffthl 4, facit quaocitacem ^h, Sed & 9 ranoeft,qtu- 
cum compoJira A, faci; rationcm A-i-^Bj & ^ 
quantitas eft, quacum compofita 4, facic quanci- 
tatem a-^b, Ergo 9 ^quealca eft ipfi C5 acquc 
^ arqualis ipfi c . 

St verd numerus eft dif&rencia , cot (unc racio- 

ncs C, quibufcum compofica racio Ay facicra- 

cionem A-^Sy totidemque fuat quantitatcs r, qui- 

bus cum compofita quantitas 4, facic quancica- 

tyff9th. tem 4-+^. Sed 3 ratio eft , quacum compofirg^ 

I ratio facttrationem A-^^i &. h quancitas , qua- 

cum compofic4 quantitas 4, facit quantitatenu 

n-^b • Ergo quot ex C rationibus componicur 9; 

coc ex c, quancicacibus componicUr ^ . Ergo ? 

ad C> xqUemulciplicacaeft,acque b ad ^ mul- 

tf^^.k I ciplex. Ergo 9 ad C, vel arqucalca cft: acquc/ 

^ ad 



I 



iLBL'p,l" •■ 



^Km 



if-adcy «qtial(s: vd ^queaifldplicata 'cift i atquQ mulci- 
plex. Qaod Scc, 
QasffcStc 



«^■■■■■••«■■«■•^■■«■^^^^«■■■^•■■HMsaMapaaaH^ 



S 



The«r, 1 o,Prop» i o. 

daae rationes, duarutn rationani, lint «quemulcipli- 

catx} & abrciiTs quacdaiii,(uit earumdcm ^equemulti- 

plicatae: & refiduf^ eifdem, aut zquealtac func , aut aique- 
multiplicatx . 

Hyp9ih, 
Ratio A'*^ rationis C, a;qucmul(tplieataeft,atquc 
ratio D-*Ei rationis FjStratio if> rationis Q zquemul- 
tiplicata eft> atque racio D, rationis F, 

Dicorationcm 3 rationis C, a^uealtam efTejacque ra- 
tio E rationis Fi vel asquemulciplicacam • 

DemMSr» 

kyfotb, I Quoc ei^ C racionibus> racio A-^^B componi- 

I cur> idem numerus eft, fndicans etiam> quot ex F 

I rationibus , componicur ratio V-^E, & qnot ex 

C rationibus> ratio A componitur> idemnume- 

ruseft>indicansetiam>quotex F rationibus> ra* 

tK> Z> componirur : qnorum numeronim vel eft 

1 difTerencia vnitas> vel numerus • 

j Si vnitas eft difterentia : vna eft rado C> qua- 

I cum compofita rncio A^ facit rationem A-*i^ 8c 

I vna eft ratio /*, quacom 'compofita ratio D> £t- 

^^- i citratioaem D-^E. SedOiS amA,SiEcam 



1 
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ji£rgo 9 adCeacletneft,&a?qtte4lt4>ar^tiexatio 
j £ ad F. fienimbinx noncflent^quealt^icflet 
^l vnahmarum«a(quaiitati propiQr>quainalccr^& 
non eflent «(decD intef fjs . 

Si ver6 ^mmer^ eft diBbemtii totidem ront 

rationes C> quibu^um r atio A coo^oiica > facit 

<>/^3 racionefn; quotetiamrationes F,qfM- 

cum ratio D compofita , facit D-^B rationenu 

bypoth. I Scd & !? cum Aj U£ cum Z>, faciunt ratioocs 

^^b, I compofitas A-^^B^^ P-^F • Ergo 3 ad Cfquc- 

I nitthiplicacaefl>atque E adF« Ergo 3 ad C,vei 

I a^qugaltaefti vd arquemulciplicata> atque ^adf. 

lOuQdSlc. 
QuarcSic. . 



/3p Queakac> adeamdcm> catndem habent ratioocm 
'^^•^ logarithfflicam : & eadem> ad f quealca$. 

Byfotk 
RatioDes .^> ^ 9 fuckt jequealtx . 
Dico ^ lationem > ad C> efle IogarKhmic^> vc % ad 
C. £c C rationeiD> ad Ay efle Ioganthmice> vc C> ad % 

Pr4f4r, 
Sumancuripfarum .^>:3> ^quemulttplicaca? rationes 
0> j^: 2c fuinatDrf: racio! fQoltipUcaca> tmom C 






D^ 



Q V A K TVU. is^ 

iUf,iJf, I QuonUOi AsAC^ ratia eft logarithtnica; cu- 
ius taa:<|ualicaci8eftnicio C^ eiuf^€ eft QcAi icem 
qaoniam 9 bd C,' tacioeSlogarichmicaiCuius 
in«quaiicans«(VC,:eiurdenieft& 9» crgo ^ 9 
racioneSyeiufdeniincerle fonc ina^oalicacis ; $t 
func A, S^uealtsefergofunceaedemincer fe. (i 
enim nmv eflenc ea^dem locer fe» eflec vna remo- 
tior ab f qQalicate^qt^m a|cera,& ooin eilenc f que- 
aftie . Sumptfie anceiti (Iinc /?> E arquemulcipli- 
catc Yatiofium A, V eat^mdena incer (e : ergo 
f, f» I eeiam D, E, func taf dem mcer - fe rationes, d< 
a^queak^ firgoti D ^Val(iof,qolm /*, cciam E 
altior eft , qudm F: 'fi as:^ue^ta ; a^quealca : fi de- 

4li^4x.i^ I preiTtorjdepreffior. Ergoratio ^ ad C] edlo- 
garichmicd, (icuc ratio S ad C. Qu<:>d8ec Nec-^ 
non ratio C ad A, eft logarichmic^ ficut C ad 
9. Quod&c 
QuareScc. 



««aMMi«*rfkli^M*iMiMi« ■Ma*^»M**ii*M* 



RAtionum non a*qucaltarum , altior adeandem, ma- 
ior cft logarithmici, qu^ depreflior : 8i eadem ad . 
deprefltorem , maior eft loganthmici , qu4m «d alciorem. 

Eftoratf6i4-rSaItior,qu^m R ^ ! 

Dico A-+^,zd C,maiOre{nc(relogarichmk^;qu^9y 
ad C. £c 



ief.^Jh 






ief.joh 



m EZEMENTVM 

Bt Cy ad ?> maiorem logaritbmic^, qtuUn C, ad A-^% 

. Sumatur A ratio»qfajecum 9» componitr^ 

tionem ^-^l^zd&duartimiraiionuni ^>^> funuh 

I tur dtea oon altiQt « qii» 6t «4 : & rationis i^, to- 

' tuplicataZ)>quO!tiesoportct| vtfiacaItior> qo^ai 
Cj & rationis 9, asquemulti^icataiumator E, 
Qiiopiam ^ynQA^^eftateiPr^quiin 'B\^T>yl 

j funt squetxiultiplJcatatiprarutB A, 9; oportet d 
non e(reaiciorcm>qu^.£,. fienitn eflet alcioriex 
i )Tdem> vci ex propioribusjequalitaiti > vtriiq; ma- 
ioris>?elvtrirquemfporis infquaOtatis rationibuS) 
effet r<mofiior ab fqualfcate fiirio compofita.ergo 
£>, eil aliiior^uam Q:-ergo E^ eftaltior>quainC. 
Sumatur ipHus C, bis>ter,quater>vel dciac^ 
quotiesoportet>mulciplicataracio/'> vt fiatpri' 
m6 altior quam E, Quare ratio F, non eft altiof) 
quam ratio E-^Cx eft autem D altior, quilm C: 
crgo Z>-t-£ altior eft , quiim £-f C. alioquin cx 

. ]£mQtiojibus ab ^qu.alttape' rationibus > vrrirqiK; 
maioris, vcl: vtrifquc minoris inaequalitatis , noai 

. j akior (ieret compofita ratio > idcoque non remo- 

I tiorabaequalitate, cotttrap,p,i^p. j. Sed F.noa 
, cft.alMOr, quam E-^i ergo p-*^E, eft altior, 

• quJlm f*:* 8s eft E dippreflior, quilmF: & fuQt 

} O, E rationc^ zquenH]ltiplicat3e>ratioBum A ^* 

K I a<jO->-£i:atioieft$quefi}ultipHcaca>r^tioni$>l-^^* 

Ergo 



drfj4»h I Erga>4T«JS tacioi adBiKioAem C, oiaior eft-' lo- 

4Uf.i4A \%^nthmich, qphmStdC, Qiiod &c. Ec ratio 

j C>dtd ratiQOBO'^>.«aaioreft!logi|r2tilinic^, quaai 



QVas yadeamdem, camdcot faabef\e racioaemj logari- 
thmicam;interie (untexdcm rationes-JogariCbmi- 
"' -e^t^oc-acr^uaseadcmicamQem nabec lo^ajitbmi* 
camj inter fe iunceasdem rationes Idgarithmicds • 

Racio .^ ad.rationem C> e{b>Jogaritkiilc^' 'Tifiit £a- 
tio » ad rationcra C. . , : ; h '•.] A-.i ;. ' r;i!: ., ^ . , ^ 
Dicorationes Ay 9,LC0«ca(^eminterie. 

Quoniam A td.C^ ^6i:3i':«i' C, Amt ratipncs 
fogarithmicx5.ctiiusi|i^uaIitatiscfl; C ratio,ma- 
ioris, vel minQii^^iui<l?mAt(1C Ay^3 rationes: 
qtt^ii niQoc{edebvef]bll5nff6c &«non eflent sequc 
attosS: aifigaaret#te4Kvmra!tef«^tior. Afngneoy: 
13.2'/ M, it fieripo(eft^lliOT>^i9im ^ 2?: ergo ^ ad C, 
miuur.edlogiskiiniic^iqu^m % cmtrahypoth. 6r- 
.gOTationcs ^^fdint e^dem idter ie. QUod &c. 

Ratio Cyjbd ran^Aemi^» eJb«iogjirithmj^e> ficut ra- 

tio C, ad rationem 9. 

, \ Y Dico 



dtf.^-h* 
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Dico tidones M, 9, t^taifikm iiiter ie . i 

Demmflr. . 

iii.il. I Aflign^^>ii 6etiponnftd«prflfioir^qu^tn 
3: Ergo C ad i^y^otaMr^dlogiMchQiic^» qQdaii 
ad %' contra hypoth, Brgo A non eft^ibpieiifior, 
qoain '9: itenr denKRlftnuntur) qood iieque S 
efl: deprei&or, ()(dm j^: iiific et^o A, 3 raciones 
tei|uealta^6i^3Kkiiiifltsrie. QModte. 

-...Qiiaitte-'-'* •■'■ • ' "• '.'-' 



II. h. 



• .^ • ' 1 1 



* * « « 

RAtionum, ad eaiAdem rationem , qune maior eft )o- 
gandtonc^ilia eft akior: & ad qaim,6adem maior 
eft logarithmice> illa eft dcprefllor. 

Ratio A, maiorcftlb^miimic^ad C> quiro 29. 
Dfoo Jf> akioram«fle> qa^ S. 

Vtnfmflr, "- 
I Efto .1 >fion-af()or>quibii .9> ii fieri pbteft.erit 
I itdque vdla»)aeali:ji> veldoiveffior^ ^ Sonto A, 3 
*uk, « 2quei^de>ti fie»f ^iMfieft; • fii^ A ad C, eftloga- 
I rkhmic^ ricit^p. '^MftAh^,. £fto :i(< i deprcT- 
^u h. 1 iidr, quiim 9> ft^ poceft . £1^ 1? a(f C, mi- 
I noreftkigafftfaiBic^qi^ A, tnun fffjfoth. Er- 
j go c^> non cft \ aeqaealta , neque deprdfior> 
<( qu^tti 9: 4rg^«Uior« Q^ 8«;* ' 

■•,..:'... 
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DemcnflK- 

i Efto ^ non depisffioi) qw^ 9»fi fteri poteft; 
eric itaque vel aeqiilBaka> vd alcior. Sunto A, 3 
aro»eaIt(e,riiienpfOteft. 'Bi^ C «d 4» efliioga- 

i*. &. I qu^m », fi fieri poteft. Ergo ;C zdAytmDor 

.■ \. eft logarirbiDic^ % quaot ad 9.. ivntrit ^^}p^ '£1'-' 
I go ^ hon eft atquealca, neque alciof « qukn 2^ 
I ergo eftdepre£Got« Quod&c« 
•QuarciSic. \:\ : -•:..;. 



ir/lr. 



, » • 



Theor, 1 ^ , Prop. i $ , 

QM^^id^ iiwtieifid^ i^ttonesjiiter B^ fitocepcfem> 
tum logarithmice, t5m abfolut^ . 

ad -</: $i f ^3kI.</ ,q«M«(ljf 4U9tfsKl:qMaetit4Cf;9 f frf /^' : 

Oitffliraf jojie^;^ M ^]ogirittei\iQ^ <flfe, ^kutcquao^ 
titates f ad / * . ' . t. : 

ffyfoiku 
.. i^tiwietA' 14 3> kgafithoik^ront, vtqoanicitaccf c 
.a4. i^ fif :.tf jod../ qmiitfKS» rUftt tot Jog^ot^fnice ra(- 

. i^ K>ic{fc catiioi}^ Asd s/efleiogarithflaic^ficuc rariones 
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Quandtates 4 ad ^juat interft, {icut logaritiimic^ 
rationcs C zdDiSt r^ixiKsC ad D, I<5gawhim<Je te, 
ficut quantitatcs tf ad /. 
: Dicb 4I id i, eflc yt^ «? 'adp ^ - ' \ 

- ■■'■ ' fiypwii'^ 
- Qoantitates a ad ^ji funt inter /c , ficut logarithmic^ 
ratibncs C ad Z)r& racioncsC^ad Alog^rithalicerunt, 
iKCtationes £ ad*/?, - .- •{ : j. 1 : 

• XWcojquantitaieis 4: ad ^ efleyiicut4ogarithmice[, ra- 
tioncs 4^ ad i5* " r;r - .'■.) '«:^'. ••; : 

Rationcs c^ ad S, logarithmic^ fum , vt rationes C 
•ad.Di -&i;a»oaes--C- ad D^ 4ogftri(heHc^fVt~FatioRCS 

, - JWco ratidnses ^c ad »:.logarithaiioif «fe, ^^^"^ f^^'^ 
ncs z; ad F. 



«- »f'.'i. . , * 



« * 




> I. • 



n%Qon ipiarum 3», x», /«y aaqucdiultipl 
multiphces , 42, 4D, ifF. 

DeAM^, comm. 

Ti^ifd j Si j Ay altior erf, vcl niaior i quSni 4»j oianu 

JJ. ' 1 3 Ci alrior eft, vcl maior, qu^m ^D. Quod fi jC, 

c I altior eft , vel maior, qu^m 4Z); eriam ^B al^ 

J eft; vclroaior,qiiam: ^l Ei^fi 5^/i akior cft, 



ieftpel 
ixJMfel 
tf. 5. 



f vej fflaior^^tn 4^5 cti^ S £ altior eft,vel ma^ 
~ ior, qu^ 4/^. Irem (i aequealc», yel xqaali^ 

etiam a^uealtarV^l «^afis : (i depreflior > vel mi- 
'■ oorj etiam depjie^rior ^ veriminer . .' fii^o pf opor*^ 

tionalc^ funt fiue ratioQcis, ^equamtitaiies, vel 
] mixtim A ad 9, (icuc SadFi t^m logarithtni- 
I n^, fiqu^ func rationesj ti^m abfblut^r ^ n*^'!^ iunc 
1 rationes^j rcdfbl^ quantitates , Quod6cc. 
. Quare &c. .- . / . 

Theor, iS.Prop, 16, • 

SI fmt quorcunqoe rationes ^ogarithmic^ proportio* 
nalcsy quemadmodam ie habuerit logarithmice vna> 
rtti^eccdenciunvajd vnam confequentium ^ italogiirithniice 
k habcbit componta ex omnibus aatecedeocibusiad com- 
p6iitamex<>maibusconfequentibus. , . 
-»- « fiypoOi, .1 

Rationes ^ ad 9, & C ad P, & £ ad F» &nt loga- 
rithniic^ proportionalcs . Exrationibus..^,C>:3( iScoin- 
pofita cft A-^C-^E : Sc cx rationibus ^, D,aBi^iCO(J»po- 
fit*eft S-*2) *i^- _. . 

Dico ^-^C-+£ ad 3-*D-tF, SiAzd 3, eflc logari- 
thmic^proportionales. . ; 1 . .; . : 

•; Racionum w4, C,' E ftipantur arq(ii9iiMiki|iIic9Ca; ratipr 
iies 3^, 5C, 5£: cxiqaibus compQfitii!r«tt0,|*47^iC 

tiE, Iceoi racioQusa ?> Z>> fi iu§aatin:> an}(iC9U|lti|p4> 
- . " ' "" catae 
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cdt^MCionc» 43; 4i>, ^x cx^f^tirus ^wpoika rado 

4$^ ctiam ^C idxiQr«(l,quE^in 4D: (hequc^tii 
fqucakatitdeprefltor^dqirdfior. Itcm quoniam 
C ad Z>, &\£ ad F, fuct logarithtnic^ propor- 
tionales; (i 3 C alcior eft , qu^m 4i?;etiain |i^» 
I akioc eSty quaai.4f : ilagqncalf aj gqucalta. d^d&: 
preflior j dcprcffior« Ergo fi %Ay altior cft ^ qui^m 
49: eciafn sA-*- sC-^^E .ddoreft quibm' 4?^ 
4J>*+4F .* fi aM)utalra$ ar^oeaha; (i dcpi^or j ^- 
pretfor. 9it^ iA-*$C^s^£ad A-^Cr+B, tocur 
•^plicata>quotopticatac{b ^ .ad:;^t ii^m 4?^ 
I 4Dh^4F, ad 2H-Z>-feF.totupHcacaeft>qttotttplh 
ilef.\i,h I cata 4» ad 2. Ergo .4-+C-h£ ad ^-*D->-F, 8i 

IA ad 8, fufit logarithmic^ propoxcioofaks. 
Qudd&c. 1 



-c. 



i.< 



P >4 



-• • r ' .V. ". : Thtcr. i y,n«pof, ty. 

SI fcx vcl racionum, vcl & quandtatnm mtxdm^prnni 
ad (ccundam camdcotiHtbucrit radoncm , quam ter- 
Tfia ad qaflrib|iiii0CiidaTerd:a4 qmirtiimliiaioceitthabueriry 
^6^4"fiiMBdi^(joinittiRkppinNi adrccudduxt , vcai» 
^ktM)^qo^qiun(^a4riQj6Cami.: . > : : 
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Qiantitates a sdhy U€ id d, funt proportionalcs: 
kd<fiantitsmn e zd d catib» maiorcft» qaiailog»n- 

Dico jqBantitawnii « ii ^ lati^em maiorer» cgo> 
qaimlogarithnaica ^ ad /* rationuink 

Quantitat€s 4 ad ^, &j-arf©ac$ C aJ />♦ iuat lo- 
garithmic^ propflfftiQnilcsir f«d rattonttm feg*rithiHiw^ 
ratio e ad D, maior eft quim qaaontwuj^ < ad /. 
Dico A.id k maiojffm eflTcquam # ad /.- 

Hypotk 3 . ^ . . 

Rationcs ^ ad », & quaocitates c ad </, funtlo- 
My«hiioic^prop«i«ioaak&:f6dqjuntieattwi MW f ^ad 

«^ jiiiior.eft, quam * ad / - . ■ 

Oaeo ratioaum bgarithmicjm A M ^$ uiaiof cnu 

d&^qa^ i ad f, ' 

.Quawifitcs 4 ad *, «irationcs C ad D, funtlo- 
garithmic^proportioi»les:icdcatiooum C ad D loga- 

:5i;hww^matoreft,quim E ad-f. • 

/ D[ico.qaaBtitatum 4 od A rationecn nMJorcm cte<, 

quatti ratiooum logaririjmictt B ad ^. - 

RationBf jrf ad.S, &quam)itates «: ad <l funtpro- 
portionalcsIogarithmic^:fedqaantitatum f 'id d, Kai" 
ior«ftttto,quamlogamhmicaratiomim S.^-f^ -- 



s. 



1 



\ 



Dico A^^B^ maiorem difelo^rithm ic^^quam £ ad f . 

Rationes.^ i^SfStCiadD fitat.pisopoitionalcs: fed 
C zdD ratio, logarirhmic^ m^orc(^^^U ad /^ 
' Dico rationum A siiia^B logartthmicam.fiitii^m> ma- 
iorem efle, qu^m quantirarutii h^df.'. < : : ; 

Rationcs Ai^d 9,6^ C ad-D, fiintproportionalescied 
C ^ b rationom rario logarithmic^m^ior:cii quam £ 
ad F ratio k>g(arithc&ica . . ; :: 

Dico A ^ S Ipgaritbmic^maiorcimeile} quiinb 
E zd F. 

Sumantura^quemuldpticat^ rationuin ratioaesj&gqu^ 
muItipHces quantitatum quantitates ;< antecedcntiuai A^ 
«C, :g, amcccdemc j 3'>4'-3C, 345 & coofiqucotifim ^) 
Vy F confcquentes 4^, 4Z>> ^F: iccUndom.eas niulii- 
pUcationesjquibus 3C,.altiorquidcm eA,vel maior,quki 
4Df Ctd $£f noti alciorjvelnonmaioreft^jqusm 4F, 

• 'Deimnjk.commun,- •'.'->'•' 

Qgonlani 3 ^ eltalcior, velmafor/tpte 4O: 

ergoetiam ^A eftakior,veImaio>r,quaai^4^:6t 

ihtcrim ^E nohaIrioreft,veInoomaior,quanL' 

4F. ergo A adi ^, roaior eft , qudm C ad P, t 

yeli^. \ u^ Idgarithmic^, ilu^ abfQlac^ . Quod &c. ' 
Quare^ . ' 



iefZyel 

6. J. 
def. 10. 
yel II. 
>eli^Jb 



V' ... 



Thc(h 
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Theor,i2,Prop,i9, 

RAtionum logarithidice proporttonaliuiii > fiprii 
fuetit alcioi, quam.tertia; eric & fecunda altior, 
quiim quarta: fi ^equealta ; ^quealca : fi dcprelfior 5 depref^ 
fior> ' 

fsfypod^, cmmun, 
Rationes ^ ad ?, & C sAD, (unt logartchmic^ pro- 
pottionjdes» 

Altk>rcftratio Ay ratione C. 

>qu6d altioreftratio ?» racionc D. 

'Demonjk. 
I £Ilo, n fieri poteft, non altior 9 ratio > <^dm 
D: crgo vel cft ^equealta , vel depreflior. Eftofi 
ficri poteft cequealca. Ergo A ad 5, maior eft 
logarithmic^^qujUn C ad jBi (cdC aci S eadem 
eftI6garithmic^,qua; C ad !>. Ergo^iad Sma- 
I ioreftlogarichmic^qu^m C ad D, contra hypoth, 
Kon funtergo 9, D rationesacquealta;. 

. £fto, fi fieri potcft, S dcprcflSor , qudm D.-Er- 
go C ad 9, inaior eft logarithmice , quam C $d 
hypoth. j D. Sed ^ ad S>cftIogariihmic^,vt C ad Z>. Er- 
go C ad 9, maior eft logarithmic^ , quiim- ^ iid 
S. £rgo C altior eft, qu^m A, contra hypoth, 
Non eft ergo ^ depreffior , qu^m Dj nequo 
^equeaIta:crgoSeftaltior,quam'Z)^ Qaod&c 



I». b. 
II. b. 

17* h. 



IX. b. 



ly.b, 
14. h. 



Hy- 
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i£quealt2 func racioncs AyC* 
Dico qu6d & a?qucalca: func ladoaes ^, D, 

DemonjL 

I Sunto ?, D non xquealtje, rificripoceft:& 

11. fe. I efto 'B aItior,quini Z>. Ergo C ad D, maior 

ibl>o''E'. I eftlogarithaiice,quam C ad 9. Sed ^ ad 9,ea' 

17. H». ! dem eftIogarithmic^,qus C ad D. £rgo A ^ 

14,'h. I S, maior eft logarithmic^, quam C ad ^. Ergo 

I Ai alcior eft , quam C. amtra hypeth» Sunt crgo 

I ?, D ;cqueak£. Quod &c. 

. Hypoth, 
Deprdfior eft A, quam C. 
Dico qu6d & 2 deprefljor cft,quam £>. 

Demonflr, 
bypotb. j Altior eft C qUam Ai & ett C ad /> logari- 
/i«p. • thmice , vf ^ ad ^ crgo akior cft D, quam 2: 
def.uh, 1 ergodcpreflior eft S, qudm £>. Quod&c 
Quarc&c 



SVbbiuItipH catac rationes, cum pariter mulciplicatis, in 
eadem funt ratione logarichmica , (1 prout iibi muuio 
.re(pondent, ica rumantur . 

ffypothi . 
RatiOnu A, 9, fnnt a^quemutciplicat^ ratiotjes $A,$% 
Dico A ad 2, atquc 3 -4 ad 3 S, cffe logarichmice pro: 
poriicnales . pe- 



' t tf • h. 
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'Dmonfir* 
Rationes ^ ad S,& ^ ad B,&^adB,quot- 
cunquc oportet,accepta?, (unt prop<utionales:er- 
t go ex anteccdentibus compofita jv4, ad ex con- 
I ^ucntibus coinpofitan 3B> eft logarithmic^ 
jytiladB. Quod^ 
Quare&:c. ^ . ' 

/ 



m 

TheoK, ao. Prif. 20.- 

RAtiooes rogarithoiic^ prbporttdiidlcs » permutan- 
do, funt logarithmic^ proporcionales . 

ftyfoth, 

Sint rationes logarithmice propottknales , ^ ad Bj 
vt C ad D. 

Dico permutando > e0c logarithaice. prc^ortioDales, 
w4adC,vtjBad©. . , :: 

Rationum A^ % fuaiantur aequemuItipHcat^ 3^, 5B: 
& rationum C, Z>, anjuemiikiplicatae aC, aD. 

.Dewimfif^ : '. / 
tS'h, I Rationes 3^^ ad i%~ &^ od ^^ fiintlo- 
hypothy garithmk^propprttonales.itom ^ad S^ & C 
19. b. I aJ D, item C ad D, &. iC ad iD. Ergo 
]$.ib. I |i^ ad sSr 6S ?C ad 2D fuat logaritbmio^ 
prpportronales. JErgoG i^» eftakiQr>quaiiu 
2Cj etiam 3 9» cftaItfDr,qu^ 2Dt Tixqi^- 
alca$aaqufiaIta.'fideprefliorj4epreflior. Brgo ^ 

Z 2 ad C, 



i«.i^; 



4<f.ia,fe. 
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ad C, & S ad D> fuat logarichmice proportionales. 
Quod&c . ^ 

QuaFC&c 



t^mmmmm-^^^mmmmmm^ 






The(nr, IJ. /V«p. 21. 

RAtiones interie^velStcum quantiratibus> logan- 
thmic^ proportionales, diuidendo> iiinc logari- 
thmice proportionales . - 

f^poth,!, 
.Rationcs A-^9 ai 9> & CfD zd D, iont lc^a* 
rithmice proportionaies • 

Dicodiuidendorationes A ad ?> & C ad D, efle 
logarithmicdproportionales. 

Pr^tpar» 
SuniaBtur ^iiniini A, 3, C> D, jequemultiplicatx 
3JI9 3^y 5C, 5D: necnon ipfarum C> 2^> ali^qux- 

libet xquemultiplicatae 4C> ^D, 

Difmnpr*. 

. Rationes sA s^> ^quemultiplicatje funt ra> 

p* h, tionum A, 3i JE^oratio sA-+i3 totuplicata 

ttnfk, eft rationis ^-*Sr quotuplicata eft sA ipnos 

f. b, cAv nccnon 5C, & s^Z^ ipfawm C, & ^ 

necnonratio iC^iD rationis C-^D. 

tm^. I Rationesquoque jC» sD, rationum C;Z>; 

1 6s rationes. 4C, 4Z>>' eanimdem C> D ratio- 

jf.fr. I num funt aEqncmtiltipIicata;: eigo etiam 7^ 

, i 7D, eanimdem C; 2> rationum fuot a^quenHilo: 

Iplicatx. - £j 



4« 5- 
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kyptib. I Et quoDiaoi radones^ A-*3 ad 9y & C-+0 

de/M.biad D, {unt logarichtnic^ proportionales : Ci ^A 

W3y> altioreft^quani ySj etiam ^C-i-iD, al- 

tioreft,qu^m jDi (i aequealcaj ^queaka: iide- 

prefliorj depredior. .: v .. 

Sed ii 5 c^ altior eft , quam 49j adcomponca 
communi ratione 3^5 criam ^i^n-^^ alcioreft, 
jquam j% iv>m ciuidem' maioris^ Vcl eiufdem^ 
minoris inaDqualitacis , ex rotiotioribas rat joniixis 
ab jequalitate , conipofita ratio ', tfflf #emotior j & 
ex proi>iortbus> propior . '& oftenfufti eft > qu6d 
fi sA-t-S^y alcior eftqu^m 7^3 cciam 3C-<-3D> 
altior cft, quim 7D: Se (epofjta communi ratio- 
ne s'D', alcioreft 3C> qudm^ 40. namfi 5C, 
oone(r^cior>qu^ ^D: compotica, 3^$ (ic* 
rcc ratio 3C-4-3Z>>flon-alcior> qudm 7D. c0ntra 
fiperiks frolfann 

Ergoft 3^4 alcioreft,quilm 4B> etiam 3C al- 
tiorelt> qusUn 4D: fimilitcr oftcodetur , H f que> 
altaj xquealca: fidepreflior; deprdfior. Ergo A od 
I B>eftlogaritbmic^>vtCad'Z). Q{iod3cc. 

Bypoth.i. 
Raciohes il-i-B ad B> &quandcaces a-*^ ad h, funt 
logarichmic^ proporcionales . 

Dico diuidendo, ratiooes AadBy 6Cquancitates 4 ad 
A efle logarichmic^proportioflales. 



4-3 



jefAl.b 



Pr^e- 



1 



iH EXE.MENTYM 

Ratipnom 4x ?> & quaomatuin 4, h, /timaocurfqi»' 
mviltiplicatf ration^ 5^; 3?, ^ a^qu^ultiplices quaoti* 
tn^s 3 /<) 3 ^* item^ratianis ; Wi Oi quantitati$ ^« multipli- 
cata ratio ^"B, & acquemultiplex quaotitas 4^. 

I Ratio $A-*i% totuplicataeftrationis A-*% 
quotuplicata cft iA, ipfius A; &quantitas 34, 
quansicati^. 4j^ 6iquantita$ l^, qu^atitacis ^j& 
quantHas 3»H-3^,quantitatis a-fla ... 

Quanticac^ quO(qu« 3^, iti quanticatunr t, 
:b'y ^ quantitates ^y 4^, earumdcm 4, ^, funt 
j xqucmultiplices ; ergo 7rf> 7^» earumdero <«> h^ 
ru.nt a^quemulttplices . 

, Et.quontamratiQoes A^t^B,,^ 9> ^ quaoti- 
tatca tf-i^^^ i^>, fijiu;Iog^ithmic:e.j>rapc|rtioa2- 
les: ftjii-i-sS, altioreft>quam ^^j ctiam ^t 
-^lby maioreft,quam 7^: (iasquealtas xqualis.ii 
depre0iorsminor» , 

Sedfi 3;^>altioreft>qu^m 4Bj ecigm sArri^ 

akrpreft>quam ^Rt &f» jyMli» maioreft» 

quam 7^5 etiam>dctnpta communi 3^, relin- 

} quicur ^it^ tnaior.quim. 4^. Ergofi. i.Ai akior 

Ieft,qu2im 4!?^ etiam i<s maiorieft>quam 4^' 

6(fimi^(er piWodctaf <> fii gtqueailca^aiqMali ; fi de- 

drefllor; miaofi.i£i:go.,raiC»neR .^^...od. ?> * 
1 quantitates a ad ^, funt logarithmice propor- 

I tionales. Quod 6ic. Quare &c. 



.canfr, 

» 

def%.h. 



fup, 



def.S.b. 



• V 
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Thcir,ttrProp,ii. ' 

RAtiones interfc, vel& cum qaai)dtat2b«B , logari- 
thm ic^ prdpdtt»>nales,co»p6fteo<i>j^unt logari- 

thiiiic^proportionrfcs. / .l 

Hyfoih. I. '^- 
Rationes ^4 ad », & C ad /?, fantlogarithmice pro- 

portionales. 

Dicocomponendo,ratioocs A-^^ ad ^, & C^D ad 

Z), clfe logaritbniiccfproportionales. 

Afluniatur E ratio , ad quim C-+D fit logarithmice, 
ficut A^3 ad B. 

Quoniam -4-+B ad B, & C-4-D ad £, funt Ic 
ganthmic^ proportionales; ergo diuidcftdoi cx^ 
ad B, &C-tD-~£ ad £, funt logarithmicc 
proportionalcs . Sed ^adB,&C ad*/> funt 
logarithmic^ proportionales . Ergo C ^d £>, & 
C^D — E ad £, funi iogarithmic^ proportip- 
nales. ErgoD, «queakadl,.ideoque<a(i«m>> 

atque E. • - 

Nam fi D, eflet altior, qiiira E: eflet C altior, 
quimC-+D— i^. Scd contra, eflct C-+/> altior, 
quam C-^£: 5c C-+D— £,altior,quamC; quod 
cftcontradiaio. Rurfumfi D, efleidepreflior, 
quam £: eflet *C, dcprefliOr, quim C^D—E, 
Sudcontra, cflet C-»D, depreflWrj quim C-^B\ 



con/Ir. 1 


11. /j. 


bypotb. 


i^.h. 


18. i>. 


1- J. 


4.> 


X%»h. 


4.3. 



4. 5. 



18. h. 

ecnflr. 
1;. b. 
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& C-«-D — £, d^rdfior, qu^nn C: quod eft 
contradidio . r . 

. Ergo 7) eademe(l>acque E. Ergo C-+Oad 

D, & C-+D ad £, funtproportiQnales logarithmi- 

i c^. Scd A-^^ ad S cftvt C-^Z) ad--£::crgOi< 

t^S ad 2» eft vt C^Z> ad T> logaritlimid 

Quod&c. 

lifypcth. 1. 

Rarioncs A ad.9, &quantitat05 ^ ad ^> iunclogs- 
rithmic^ proportionalcs . 

• 'DicoconiponendOjrationesc^H-B ad B, &quanti- 
tatcs a-*h ad ^, efle logarithmice proportionales • 

Prapar, 
' Airuaiatur e quantitas, adqu^m, a-i-l/ eftlogaritbmi' 
ce, (icut rario A-+Sy ad rationem », 

Dtmonjhr. 

conRr. I Quoniam A-+B ad B, & 4-f^ ad r> luntlo- 
garithmiceproporrionalesrergo diuidendo A ad 
9> 5s a-*^—c adc> funt logaricbmice > propor- 
rionales. Sed ^ ad 9> & 4 ad B, funtlogari' 
thmice proportionales . Ergo 4 ad ^> 8e a^^ 

I — c ad r> fimt proporcionales . Ergo i, f> fuot 

I quanritates a^uales . - 
. Nam fi ^> maioreHet^ qu^m h eflcc 4, oaiori 
qakma-^y^c, Sed contra> eflec 4h^^, maior, 
qU2^m 4-+c: 8? 4H^^-rr> maior^qu^m 4: quod 

I ell concradi^io . Rurfumri ^> minor e(]ec>quaai 

« cflec 



Jyp«th. 

t$.h. 



14.5, 



14. j, 
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f c\ cfiec Oy minor, quiiii a-*y — c, (pd contra, ^C- 
I ict 4«+^, nninor, quam 4-*« & .4-+^ — r c, minor 
'quam a: quod eft contradidio . 

7-i' Ergo ^, f, runtJcquaks...Etgo 4h:^> ad b^ 

conftr, eftvt 4H-^ ad c: Se4ratio ^-^jB ad rationem 

15- K I ^, eft logarithmicc, vt quantitas 4-+^adquai^ 

. I titatem c: Ergoetiameftlogarithmic^,ve 4-+^ 

'f ad bi Quod &c. 
Quare&c. 



«9 



Thetnr,i$tProp.2$. 

Sl quemadmodum tota ratio, ad totam,itaIogarithmi- 
cefucric abicida ratio> ad abrciiTam: crit & reiidua , ad 
refiduam , iicu; logarithmice tota ad to^an). 

Hypoth* 
Rationes t^-VB ad C-^^Di & ii ad C, funt pro- 
portionalcs logarithmice • 

Dicottiam A~^"B ad Q^D, & 3 ad P, ciTe pro- 
portionaleslogarichmic^. « 

'Derronflr*- . 
hypath.. | Rationcs A-^^B ad C-^Dt & ^ ad C, fimt 
zo. h. \ proportionalcs logarithmice: ei^opermutandp, 
(iint proportionalcs logarithmice. ^-i^? ad A* 
& C-*J) ad C: ergo diuidendo, B ad Ay SA 
\d ad Cj funt propprtionalcs : ergo permutan- 
ido":5 ad Dy & ^ adC, iuntproportionales.* 
I Sed ii ad C, & ^^» ad C-t£> funtproportio- 

Aa- * nales. 



II* h. 



XO. h. 
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ij. A. jnales. Ergo^n-Sad C-^-Dy & 9 ad D,Cm 
I logarithtBic^propordonales . Qiod &c. 

Quare &c. 



'««H* MMM^tfkMM* AMMMmMMAM li^Maa» «kMMMMMM •■■■■•«■■fli 




' Theor. 2i^. Prap, 24. 

I Cm tres raciones , atque tres quantitates > qua^ bin£) 
6s incadem ratione logarithoiica fumantur : ex xqao 
autem prima ratio, qu^m tertia> altiorfuerirj enc&priiDa 
quantitas , qudm tcrtia> maior.quod ii prima rado, fiieric 
a^quealta tern^'5 eritScprima quantitas, squalis certiaT: 
fm illadcprefnor^ hec quoque minor erit . £c e conuerfo. 

ffypoth. commun* ' 
Tresrationes Ay 9> C, & tres quantit js 4,^,^1»' 
n^j&bina?, funtlogarithmic^proporcionales: A ad % 
vc a ad h'3 3 ad C, vc ^ ad ^. 

Hypoih.i* 
Alcior eft radb c/^, qudm C. 
Dico^maiorcmellequanticacem a, quim c, 

'Demonflr, 
"•^* I Racio^ad C, maiore(lIogarichmice,quiini 

^,5;. » ad ^: fcd ^ ad tf eft logarirhraic^ yc 3 ad 
17. fr. C: 81 3 ad yf> eftiogarithmic^> vt ^ ad 4: er- 
10.5. go k ad o maior eil, qudm b ad a £rgo 
Imaioreft 4, qudm c Quod:^c. 

ffypath. 2. 
iEqueakae funt rationes A, C. * 

Dico>«qaale$e(fequanQtaces a, c 
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Dtmmfir. 
"•^' I Ratio ? ad C> cftlogarkKink^,vc 9 ad 
^'^. ^. Ergo ^ ad r> eft vc ^ ad .4.. Ergo scqua- 
lesfuoc Oy €, Qttodfiec. 

.Dcpreflioreft.rattO wJ> qu^m C. . 
Dico^ttimoremdliequaottcateai Of qudm ^. 

dtf^f.hA Alcioreft» C> qittm ^: ergo maior eft r, 

/if. I quam 4: Ergorotnoreft 4>quam r. Quod&c. 

Eodemmododemooftrabicnrecomierfb: qupd fi a 

quanticas, maior cft quaocicace c eciaiii racio i^>.ifitio- 

ne C cft altior : (i xqualis j a?quealca: fi minor j deprefllor. 

Quod. &c. 
- Quare &c. 

V 

SI fint tres rationes> aliarqueipOs ^quales numero> quf 
binje> & in eadem rationelogaritbmica fumantur: cz 
aequo autcmj.prima qudm tertia altior fuerit ; erit &quar- 
ta> qudm fexta alcior . Qjiod (\ prima .terti je iiicr & asque- 
alta; ent Stquarta «quealta icxta; : Hn illa depreirtor 5 hntc 
quoque dcprelfior erit . 

ff)/poth»commutu 
Tresrationcs A, % C, aIiaK]uetres Z)> £, Fy bi- 
natj&binaEfuntlogaritbmic^ propbrtionales: A ad'^» 
VI D ad /;j 2 ad C> vt :£ ad.K. .: . 

Aa 2 ^ 
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Altioreftratio A, quim C. ' 

Dico alciorctn qXSq D^ qudm f. 

'Defmn^» 
IX, b. I Maioreft S/ad C, logarichmic^ , quam S ad 
*3?»<*ii>. I A, Sed 2 ad C eftlogarithmic^, nE ad F: Sc 
defxiJb I s ad >^, logarithmic^, vt E ad £>. Ergomaior 
17. &. ! eft £^ ad F» fogantbmic^, qu^m £ ad A £rgo 
.14. ibri aicior e(^Z)>qudmF. Quod&c. • 

Aqueakx fiint r^tiooes A,C. 
Dico , sequealtas efl^ rationes DyF, 

Dtifttnfir, 
tuh, j Eadcm eft 'B ad C, logarichmice , qux $ 
/i^. I ad A. Ergo eadcm eft £ad F logaritbmice qu2 
1 }. k I £ ad D. Ergo xqueaksi iuat rationes P^ f* 
I Qpod&c Ffypoth,^. 

" Depreifior eft A, qu^m C. 
• Dico > depreifiorem efte D, qu^m F. 

Demonjhr, 
• defp.h. j ^tior eft enim C, qudm A: ergo altior eft /'j 
^ ^*^* I qu^m Z): ergo depreflSor cft D,qudm /^.Quod 3«. 

Quare&c. 



■MlftiM«Mii^MMaaMM «* 



s 



, >- ; Thecit,%S.Pr(f,i6. ^ 

I (iot tres quantitates,.atque tres ratiooes,qu^ bin^ ^ 
ineudemracionelog^dimica fonuuuur; fueritqoc/ 
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pertuibata earum proporcio :ex aequo autcm prima quaii' 
titas, qusLm tercia, maior fuerit; erit6eprima ratio yqu^m^ 
tertia, altior • Quod (i priraa tertia; fuerit a^qualis quanti- 
ta^ eric & prima t^rtiie, arqucalta ratio: (in illa miaor>h$c 
*quoquedepreffiorerit. Eftconucrfb. 

' ' . . ffyppth. cdmtmtn, - ^ 

Tres quancitates 4, h, cy acquc trcs rationes ^, 9, C, 
bin^, & bins, iunt togarithmic^, prop(»rtiona]esj 8c earum 
pertarbata eft prpportio : qoantirates cnios 4 ad ^, SC 
rationes S ad C, funt logarithmic^ proportionalcs: 
neaion quantitates ^ ad c, & rationes n^ ad 3^ (lint 
logarithmic^ proportionales, 

Maioreft 4, quam c, 
Dico akioreni dlc A, quam C. 

DeH^ftr, 

Maioreft ksd c mio, qiAm.h ad a^ Sed 

^ ad r, eftlogarithmic^,vt >1 ad 9: & ^ ad 

a, Idgarithmic^, vt C ad 9. £rgo A ad 9> 

maior eH logarichmic^ , quilm C ^ 9. Ergp 

I altiorefl; A, qudm C. Quod^ 

£fypoth.2, . 
^quaksfunt 4, r. 
pico a?quealtas elle A, C, 

'Deimnjhr, 

Eadem eft ^ ad r, qux bsd m, Ergo eadetn 
. eft logarithmic^ A ad 9,quacCati9. £rgo AyC 
|funca?quealt£e. Quod&c. Hy- 



».5. 

hypoth. 
def.S.b, 
17. it. 

14. b. 



7.5. i 



'f9^fir, 



a«5 



hyfpth 
def%.h. 



KAtiQniim4% ?>^ quaDCitaruaa 4^ A> (aniaticur^que- 

mviltiplicatf ra.uon^ $A^ j^, 6c (Cqu^ultiplices iquaDti- 
ta^^s S^» 3^* itcpni^^iQniSi^i -^ quantitatis ^« tnultipli- 
cata ratio 4^, 6:a;quemultipkxqudotitas.4i; 

/. &. I Ratio j.<4-*32?, totupUcata eft xationis A-+Si 
.jmf.r, I <}u<otuplicata cft iAy ipfm ^^; &quantitas 54, 
f. 5; Aquaosicati^. '<> 6iquantita$^ 5^, quantitacis l>yii 

Quaotieai^ quQ«que s-^ij 3^^ quanticatuor^^ 
.-^3. $2 quantitfttcs ^, 4^, eanimdcfn s, b, /unt 
xqucmukiplices ; ergo 'ja, fh, earumdem a, h, 
funt «quemultiplices . 

, .Ecquomam ratiodcs .^3,.^ 'Bi ^ quanti- 
tatcs xi-f^^ i^,. ii«i£logiiiith)nicie.j>ropcM'tiona- 
les: ft3\4-+32, altioreft^iqu^M -^j?^ Ctjam lA 
-+$k maioreft,<^^m 7^: lizqucalta) sequalis.fi 
depre0ior3niinor* ^ 

Sedfi 3;^>aliiorcft>qulm 4B> etigm 3y4-+3ft 

altrpr eft^ <|uam yBt &fi 3^-*l^,maioreft, 

quam 7^; etiam > det.npta communi 3^, relio- 

I quieur 3 tt^ tnaiQrqu^m. 4^. Ergo fi }:Ay ^ior 

feft,qu2lm 4^3 etiam la, maiorieft^quam 4^' 

&f)CQi^(Cr pftieodctuf <» G^u€ak4^.a}qiia^ ; fi de- 

drefllor; raiaor*.iijrgo.^raf*Qnegj4..iki. 2f, ^ 

) quantitates a ad h, funt Idgarithmice propor- 

* tionales. Quod &c. Quare &c. 



fup, 



defS.h. 



• V 
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RAdones interie, vcl& cum qQahdtatibas, logari- 
th(nic^prdpdrdooales,'coaip6rieacb,*runclogan- 
tbinic^ proportionales . • •" 

Hypoi^.i, ^. 
Rationes A sA % ^ C thX Dy runtlogarithmice pro- 
portionales . * . 

Dico componcndo, ratioocs A-^^ ad S, & C^D ad 
Df edfelogaritbmtc^proportionales. 

Prttfau 
Afluniatur E ratfo , ad quim C-i^D fit logarithmice, 
ficut A^3 ad B. 

Densonjk, 
Quoniam A-^l& ad B, & C-^D ad\£, funt lo- 
garithmic^ proportionales: ergo diuidcndo' c^ 
ad B, &CH-D— -£: ad £, funt logarithmic^ 
proportionalcs . Sed ^ ad B, :Sc C ad £> func 
logarithmic^ proportionalcs • £rgo C ad /^, & 
Ch-O — E ad E<, Tunt iogarithmjc^ prdportio- 
nalcs. Ergo O, a^qacakacft, jdeoque <a(ieiiLi> 
atque E, • _ 

Nam ii D, cflct altior, qu^ro E: d&t C alcior, 
quim C-^D — E. Scd contra, eflct C-*D altior, 
quam C^E: 81 C-+0 — ^, aItior,quam C; quod 
cfteohtradidio. Rurfum fi D, efletdeprcfllor, 
quam Ei eflet .C, depreffior, quim C-^D — E, 
4. 3. I Scd contra, cflfet C-»Z), depreffiof 5 quikm C-f£: 

& 



(ctfir, 
xu h. 

hypotb. 



18. 2>. 

-1. ?• 
4.> 



/ 



ip* E L EM E N T V M 

& ex aequalitate in eadcoi erunc ratione logarithmica . 

Sint quotcunque rationes A^ *By C, 0> rotideniqoe 
quantitates 4, by c, d: bina;,'& binie logarithoiic^ pro- 
portionales: A ad ^> vc a ad h^, 2? ad C, vt ^ ad (j 
C)ad £), vc i! ad. i. . . 

Dicoex.a:qu3lit2te>^jad Cy & 4 ad c, eflie logarithaai- 
ce ' propostionales / ^ •; 

Itcra ^ ad £),. & rt-ad </ eflclogarichmic^ propor- 
tionales. 

Pr^ar, 
Rationis A, &quantitatis a, rumantur ^qucmultipli' 
cara , & multiplex, 3^, ^m itemrationis,&quantitatiS) 
1B, ^, {umatiturv'49j 4^: Sc rationis ». & quantitatis, C, 
f, furaantur, 2C, if, 

. . ■ Demonjhr, . . . . 

lypoth. Quoniam A ad S, & 4 ad h, funt I(^ 

rithmic^ proportionales : ergo 5 yj ad 4?, 3c 

34 ad..4^; <fimt^'Iogarithmic^.proportiooalc& 

6.h, Itemquoniam '^.^ad C, & b ad r, runtloga- 

. ^oth. rithmic^ proporciondc^: erg&^ 49 ad iC, & 

.^.6. I 4^ ad 2c, ruti.t1ogarithmiceproportioQaies.£r- 



defS.h 



bypoth, j 



gocxa?quali, Ci sA d\ aItior,quam zCj etiam 

371 cftmaiorjqu^m 2« fi aM[uealta;arq»aI»*''^ 

dcpreffiorjminOr/ErgQ vj ad C, & ^ ad ( 

I itinciogarithmic^ proportionaics« <^odlcc< 

Sunt autem C ad !>, & c ad <4 logmthoii' 
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/¥• I c^proportiooales. ErgOi^ad D, & 4 ad V> 
I func logarithmiceproportionales. Qaodficci 
Qpare&c. 



* 



SI noc quotcunque ratione^ & alia^ ipfis xqvuks nuiiic» 
ro, qux binx , & in eadean logarithmica ratione (u- 
mantur: &ex squalitate,ineadcmeruac logarithmica# 
ratione * 

tjyvow., 

: Sint quotcunque rationes, & alis tptidem, A, 9> C> Z>> 
8e iS, /*, <7, ^ qus blna;, 6( io eadcm ratione fiimantun 
videlicet, ^ ad », & ^5 ad Fx item 2 ad C, & F 
ad.C7; necnon C ad 7?, & C7 ad ^. 
' Dicoexa?qualitat$ A ad C, &£ ad (7> ellelogari- 
throic^, proporcionales . 

Itcm c^ad Z),& E zd ff, eflelogarithmic^propor- 
tionalcs . 

Pfitpar» 

Rationum A, £, rumancur a?quemultiplicatx , $A, 
^Ei item rationum 9, F, sequcmultiplicatx 49, 4/^: 
& rationunm C, (7, aequemuttiplicate iC, 2(7. 

ikfnonftr» 

bypoth, I Quoniam ^ ad S, Sc £ ad f > fimtloga- 

7. i^. j rithmice proportionales j etiam s^ ad. 49> & 

I 5£ ad 4^-runt logarithmic^ proportionales. 

hyfotb, I item quoniam S^ ad C, 6t F ad G, (uot lch 

Bb gari- 
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7. b. I garichmic^ propottionales ; etiam 43 ad iC, 

I&4F ad iG, (mt logarithtnic^, proporcio- 

<^. 6. I nales. ErgQli $A alcior eft qu^m 2C5 ecianb 

1 3 £ alcior eft ) quaoi i<7; (i f quealta 5 xquealca.- 

defAiJ} ! deprcfltorjdeprc^l^.JErgo ^ ad C, & £ ad (7, 

' I funt logarithmic^ proportioaaies . Quod 8ic. 

Quare&c 

Thear, $ o. Prop, 5 o, , 

SI Hnt tres quantitates, totidemque rationes, qux bins 
incadem rationelogarithmicanimantur$ftiericauce(n 

percurbata earum proporcio : & cx squaiicacc yin eadenu 
erunt rationeiogarithnoica. 

Sinttresquantkates 4, ^>^, totidemquerationes^ 
3y C, biois , &bin^ logarithmice proportionafes , & c^ 
rum Ht perturbata proportio : nempe liac a 9/d ^» ^^ 
ad C, iogarichmic^ propOrcionales : & ^ ad r, St A' ^^ 
9> logarichmic^ proporcionales . 
' 'Dico^ a ad c, H A s^ C, eHe logarichmice pro- 

porcioaaies . 

Sumancur ipfarum 4, h, quancitatum arquemultipii- 
-ces sa, lif, & rationis A, ftqtiemultiplicata 5^* 'P* 
(aram quoque ratiomnn 3, C, Scquantitatis c, ru<nao- 
curaEqiiemuIc^Ucaceraciones 4?^ ^C/ 6c «quemulcipl^ 
•quaDtitas 4^, - 



bypoth, 
6,b. 
15. 5. 
bypotb 
19. b* 
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Demotifir. 



Quoniam ^ ad.r, 6c >^ ad 3, fuoc logarithmi- 

c^ proportionales : eciam 5^ sid 4^1 ^ $iy^ ad 

4?, func Iogarithmic^proportioaales:/qntau- 

tem $4 zd $h, ficuc a ad ^: & .4 ad h, Hcutlo- 

garithmic^ 3 ad C: & 3 ad C ldgaHth(tiic^> ii- 

17. b, cut4? ad 4C. Ergo $a ad s^eft vt 4^ ad 4C. 

jSedoftcniiimefty j^iKl 40 eifeIogaricfa<nic^,.vi; 

26, b, sA ad 4?. ergoex a;quali> fi |4eft makxr,quam 

4^ ctiam 5>1 eft akior, qu^ 4C; iia^qualif; 

4fe/.8.2>. < acquealta.-nminondeprefltor. Ergo a ad c, eft 

I logarithmice> (icuc ^ ad C . Qtiod &c. 

Quare &c. 

The(tr.i,uPr9ptll. 

Slfinttres rationesialin?queip(i$xqoa1esnumero » qux 
binie in eadem rationelogaritbmicafumantur>fueric 
autem perturbata earum proportio logaritbmica : etianL» 
€x asqualitate, in eadcm erunt logarithmica racione. 

Tres ratiooes A, % C, alixque trcs />> E, F^ binx 
funtin eadcm ratione logarithmica > & earum eft pertur- 
bata proportio logarithmica > fimt enim ^.ad i, SiE 
ad F logarithmice proportiondes: necnon S a<i C, 3< 
'Bai£ ruDtiogarithmic^prQpOftionales. . 

DicO)exar^ali>.4J ad Ci.^DMF, efle logdritbin^ 
c^ptoporcionales.:' 

- Bb 2 Tfrf- 
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Rationum c^, 9> D, iumantur «quemuItipHcats 
M> S^> iDi &ratioQum C, Ey F, alia; rumaotur ^uc- 
multiplicata? 4C, ^E, 4F . 

Demonftr» 
Rationes s^ ad 59, &^ ad 9, funt logari- 
thinic^proportionaIes:rationcs A ad ^> 6e £ 
ad F, funt logarithmic^propottionales: ratio* 
ncs £ ad F, & 4^ ad 4F, funt logarithmici 
proportionales:crgo rationes 5^ad 3?, &4£ 
ad 4/^, funt logarithmic^ proportionalcs . £c 
quonia 9 ad C, & Z) ad £ rationes, logarithniic^ 
funt proportionales: etiam 5? ad 4C, & j/> 
ad 4£ rationcs, logaritmic^ iunc proportiooa* 
les. Ergo ex aequali) li $A c(k altiofiquam ^C; 
etiam sD eft altior , qu^m 4F; (1 9quealca;;<^ 
alca^ndeprediorjdepreflior. Ergo^ ad C, 82 
T> adF rationes, funt logarithmic^ proporcio- 
nales. Quod&c. 
Quaic Scc. 



19. 

lyfoth* 

19: h, 

hypoth, 

7. b, 

Xj, h, 

4ef,\zA 




Thcor,ii,Prop,i2, 

I prima ratioad fecundam , logarithmic^fijerit,/icac 

prima quanritas ad fccundam j tertia quoque ratio ad 

{ecundam, logarithmic^ fuerit» Hcut terria quanritas id f^ 
cundam:eciam€ompoficaex primay&terria ratioacyad 
fecundam> cric Iogarithmic^> (icut a^regata ^aotior 

ex 
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prioia > fictertia > ad fecundatn . 

ffjfoth. 
Sint A, 9, C raciones,8c m, h, r, quantitates: fit fic 
^ ad 9 iogarithniic^> (icut 4 ad ^ iceni C ad 3. logari- 
thmice,{icut r ad ^. 

Dico A^C ad S> efIcIogarichnuce,ncut 4h-c ad ^» 

Demonjk, 

Quoniaoi C ad 9> eft logaricbmic^ (icut c ad 

hv conuertedo, 9 ad C, eftlogaridunfc^, (rcuc ^ 

ad c: Sed A ad 3, cftiogarithaiic^iicut a^fXkt 

28. 1». I ergo ex gquali ^ ad C,e(ildgarithfhice, (icut 4 ad 

2z. ir. i ci ergo componcndo ^->-C ad C, eft logarithmi- 

ii^jrpo/ib. I c^,ficuc a-^c ad c Sed C ad ? efti<^arithmic^, 

a8. Jr. ficutrad^ ergo ex squaii c>/-i-C ad S eftlo- 

garithmic^ficut d-^c zdh. QMod Scc. 

Quare &c. 



hypctb, 
bypotb. 



I 



Theor.^$. Prtf.H, 

SI prima rario ad fecundam , eadem logarithmice fiic- 
rit, quac tertia ad quartanijfueritautem , 8f quintaad 
(6cundam,eademlogarithmici,quxiexta ad quartanij: 
erit & compiofitaprima cum quinta ad fecundaai^ eadenou 
quac compofita tertia c^m fexta ad quarcam . 

Hjfpoih, 
Rationcs ^ ad 9, & C ad O, iiiotproportionales: 
m £ ad 9, 68 F ad P, fiiotproportionales.. 
Dico 4-^& ad d^ & C-^F idD, cifcproporcionales. 
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hypoth, I 

4tfJi, h 
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Demonfir, 
Quoniam E ad 3, SlF ad Z>> funt logan 



thmice proportionales: conuertcndo ^ ad £3 

& D ad F) funt bgarithmic^ proportiooaiefl 
hypotb. fed ^ ad 7, & C ad D, funt logarithmici 
35>. fr. proportionales : Ergo cx xquali A ad £ydt d 
ix. h. I ad F'i funt logarithmic^ proportionales : ergo 

compoocDdo A-^-E ad Ey & C-+F ad F^ roar 
hypoth. fi logarithmic^ proportionales . Sed E sd %H 
%9» b. F. ad D> fimtlogarithmice proportionales . £r- 
' go A-^E ad 2, & C-+F ad D, fbnt logarithou- 

ce propordonales . Quod 8cc. 
Quaredec 



*^ 



mm 



^mmm 



- Thtau 34. fnp. 34. 
I rationes quatuor fuerint logarithmic^ proportiona* 
kj les : compoiita ex duabus, altiore oauiium> & depreP 
(iore omnium, akioreft, qudm conipofua cx rcliquis 
duabus. c 

Sint ratk>oes w4'^. S^ & C ad i)- logarithmic^ 
proportionaies^ £c cfto A ahior, qudm 3, necnon.* 
altiorqu^mC. £t quoniam ^. alcior eft, qu^m C: er- 
go S altioreft^qu^m i>* Ergo A altior eft omniuoH 
^ D depreffipromoiinii. 

Dfco ratioQon c^^X>, akiotem cfic ratiooe/ 
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Pritpar, 

Quoniain A alcior eft , qui^tn 9s rumatur £ratie 
quacutn compoGra 9> facitrationem A: vtitaratio^ 
fiteadem,qu9 ^-*E, Item qaoniam C alcior eft, qu^m 
D: fumicur F ratio , quacum coiiipQfita Z>> facit ra^^ 
tionem C: vtitaratio C, ntea<kai>qua^ /?-^.^. 

'Demonjhr* 
hypoth. I Quoniam ^ ad 9, & C ad />> runtloga- 
confbr. richmic^ proportiOflales; 5<e(l ^, eadcm > /quae 
lub. 'B^E: &C, eadc,qa« 0-+F. ergo »-f£ad», 
I & D-^F ad Di funtlogarithmicfproportiona- 
XI. b. I les: ergo diuidendo, E ad V, &t F lid D, funt 
bpotb. I logarithmice proportionales. Sed 9 aleior^eft, 
i8. b. I quim D: ergo iS altior cfl;> quam F: compo*- 
4. ;. litifqu^communiter 9, Si D racionibus; ergo 
fafh, 3-¥Ef*D ratio, altioreft, qaam 'B^D^F. Sed 
3 ^ ^, ratio eadem ed, qu9 A: ^ D-*F, ea- 
I dem quae C: ergo A-t-D altior eft , quioLi 
|S-fC. Quodficc. 
Qoare Sic. . 

TW. i^.Prof, 35. 

RAdones proportionales,,pcr conneriioncm ratio- 
nis, funtproportionales. 

Rationes ^ ad 3, & C ad D funt logarithoiic^ pro- 
portionaks : ^eft A alcior, qu^ 2; ideoque etiam C, 

aluor 



1 
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alcioreft^qusimD. 

Dico A sd A-^S, dk logaricbaiic^ » ficut C ad 

Deimnftr. 



iypoA. 


A\ 'Bi d D. 






ts. h. 


A^^i »: C^ 


-Z>, D. 




irfitJt 


9; c^ Z); C. 


■ 


■ 


tff.b. 


^— 2i A: C- 


-Z)} c. 




ief.\%h 


Ai ASi C; 


c— z>. 


Quod&c 


Quare&& 


- 





Thew, '5 6. Prop. 5 6, 

RAtioneslogartchmic^ prpporcionales,per hofflolo- 
giam funtlogarithmice proporcionales. 

Demonftr» 
iefMJh j Nam conoertendo , rationcs fiunt proportio- 
xj. h. I nalesritem homoI(^as deprelfiores ab homologis 
xt.b. I altioribus decomponendo : & adcomponendO} & 
}5. fr. I per conuerfionem rationis; 6i diuidendo; & ^' 
multiplicando^&^quefubmultiplicando: ^p^''' 
mutando .* & coUigendo : & ex a»)uali in propof' 
tione logaritfamica ordinatazconiundifque omni^ 
fanam argumentis fauiufmodi, quocunquc ordi' 
ne, per homologiam, logarithmice proporciooa- 
jlesfiunt. QuodS^. 
Quare&c. 



21. h. 
ip. h. 

Xo. h, 
16, h, 
%t, h. 



i 



«V 



mmmmk 
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Petnis 



Petrus Mengolus, lo. Galeatio Manzio, iuucni 
ftudiofiinmo. S.D. 

Vmtum hoc ttemenlim, dt nouis, (f 
mUuralilms logarithmis, cmufqitLj 
rationis infeftrMiter proprijs,quo- 
cam communicarem , neminem in 
mea, aut ctliufcjuam allerius Mathe- 
maticifcholafalis noui diffofilum,frMer te, omnium 
btmarumartmm, (^ inprimis Mathemalicarunu 
fiudiofifsimum- plhteprofeao inpgnis ftlicilas, 
- incomparabilivirtuliaccefsit, (fmeritis Excellen- 
tifsimiprtcepforis lui Cafsini: quodte , tiimfreejaen- 
Jem in Mu/ioauditorem, tum in fuis Aftronomicis, 
-O" ■^fuaiicis lahorHmsfomitem indiuiduam , ^fo- 
JfrtemnaBusfueril adiutorem. batjue cumiuainj 
mihi confuetuSnem,rariut hoc anno,^uam aaie con- 
fueueras , offerres ; mimdaui , mtum tui defiderium, 
litifignificari : vt meorum etiamfiuditrumparliceps 
feres,(^ confultw . Cratiam likeraliler fecifti^uam 
voltlfam: meaue domi a/iqmlies coauenifii , huiu- 
J '^^ ^„ 
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fieofufcHlifartmhaocfirifMAntem. Ettxme, 
tum defnittoms prdcedmtkm eUmentmtm, ^rs^ 
tionesmminum,^frofriam cumfijHe vtilktuem^ 
elementi^necnpn quafdam nobiliares demonfiraUo-^ 
nes mdipifparf$m\ tnm velmaxime numerofanu 
f»fthodum:^Mhyperlogaritbmorum,(f hyfotcgd-^ 
rithmorum , ^ iogarithmorum rationes mibicontigit 
inuenire. tu^inuentifubtilitatemlaudafti^tjuod 
mibi Deus Itberaliter trthtttt : atque vtiktatem trip^ 
nometricamiadfacitiorem logarithmici canonis con* 
firuaionem^optimefrauidifti. Ex laude tua.fluri-^ 
mumprofecip mefateori nam Macriorfaiius^ (^ ex 
tecum communicatione vegetior, muUarum coneiu^ 
fionum , quasfranouieuidemifsmis arithmeticis oT'^ 
tifoijs, quamihi fufererant demmftranda ^medm 
iemmata reperire ci^ ^ iange fdiiciHS . JUbeiium^ 
igitur hucufipie non fine tuo adminicfdo ferfe^ 
clum , offero : vtfermones indemoKftralos , quos in-^ 

tncemhabiehamusyferteiffitmiegendafofsiscempie^ 
re . Faicmeque, ^iahores meos^ inpnmis Excei^ 
ientifsimo Cafstno\, deindeaiijs tuis^ eonfchoiar^us, 
(famicis^vt commmdes, rogo» - - . 



GEO- 



lO} 



GEOMETRliE SPECIOSiE 

ELEMENTVM QVINTVM. 
•DEFJH-IT/O^ES. 



1 Jlftcrentiaduaram quantitatum, quando pri- 
t maiuperacfecundain,dicetur,Exccirus 
Sl prims&rccundae. 

2 ^ Q]3ndover6prima(uperaturaiecumla,di- 
«tur, Defcdus primx, & fecunda: . 

3 . Similcs dilfcrcntis dicentur, exceifus exceffibus , & 
defcausdefedibus. 

4. Diffiroifcsver6,exceflusdefc<aibus. 

j. Quaniorqaaiititates,dicentur,Arithmetic^diipo. 
fita:j cumprima:8£fecunda,tertiK& quart» , fuctint fi- 
miles , & aajujks difterentis . 

6. Inuerfio Arithmetica, dicetur j cum quatuorquan- 
titatesarithmetic^ difpofitz,prima ■& fecunda, tertiaSt 
qttarta,iutiiim difponentur 3ritli»«ice,fecunda Sspri- 
inayquattaStiEttia. 

Cc » 7-P"- 
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7. Pcrmucatio Arith(i)ecfca,dicecur: cutn quataor 
quancicatesarithmecicedifpotitx^priaia &fecunda jtertia 
&quarta,rurfiim di(ponencer arichmetic^>prima &ter« 
tia,rccunda&quarta. ... 

8. Sifucrintaliquot quancitates>atque alix totidem, 
& fuerint prima & fecunda primarum,item prima & (ecun- 
da fecundarum, dirpoilca? arithmetic^ ; fucrint quoque fe- 
cunda 62 tertia primarum , item fccunda &tertia fecunda- 
rum,arithmetic^.dirponta!;&nc deiaceps vfqucadvlci- 
mas: diccncur prhnk Hmilicer ede diipolit^e arithmetic^, 
atque fecund^ . 

p. Quod n prfma & vltima primarum , item prima & 
vlcima iecundarum,fuerinc arictimetice difpoficae ; dicen- 
tur,ita difpofita?, ex aequalitace arichmctica . 

i^. Tresquanticaces,diccncur, arichmecice ordinacf; 
cum prima; & fecunda?, fccunda» & cercis, fimiles,& ^quu- 
Ics fuerinc differencix . 

11. Plures quancicaces, dicentur , arichmetic^ ordina- 
ta^jcum cernae deincepsfuerint arichmeticd ordinat^udel^, 
cum prim^ & fecunda; , fecundar & cercia?, certia; 6c quar- 
tx^ Si deinceps vfque ad vltimam , fimiles > 6s «quales fue- 
rintdififcrentia^. ' 

12. Serics naturalis arithmetica, dicetur; cuius ordi- 
imtarum aritlunetic^ quaotitatum prima > dimidi^ efl fe- 
cund»; i . . . 

13. Quatuor quantitates,diccncur, Harmoinic^ difpo* 
fit£ > cum dififerenda prinue & fecunda? » ad iiauleiti diffe* 

rcn- 
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rettriana tertia? 8e quaitae » rationem compoGcatn habuc ric 
ex rationibus , primx ad tcrciam > St rccundar ad quarcam. 

1 4. InueHio Harmonica>dicecur; c^m quacuor quan- 
tltates hacmoQic^ di/poficat, pfima Se fecunda > cercia& 
quarta> Turfiim di^onentnrhannonic^, recunda&pri- 
ma> quarca & certia • 

1 5 . Permutatio Harmonica > dicetur , cikm quatuor 
quanticaccs harmonicc difpoHcae, prima dt recunda,te¥tia 
Scquarcd^ rurtum difponentur harmoQic^> prima & cercia, 
recunda&quarta. .r 

16. Si fuenuc aliqooc quancicates, acquc ati^ cotidem; 
&fucrinc prima Se fminda primarom > icem prima&fe- 
cunda fecundarum >difpoficasharmonic^j.fucrincquoque 
fecunda&cerciaprimarum,icemfecund3 Se ccrcia fecun« 
darum, difpofit^. harmonic^; & fic ddnceps vfque ad vlti- 
mas : dicentur primx fimiliter efledifpofic«harraonicej 
jitque fccunds . 

17. Quodiiprima &v]tima primarum, item prima^ 
& vlcima fecundarum, fucrinc harmonic^ difpolic^jdicen- 
tur > ita difpoficx, ex a?qualitate harmonica . 

18. Tresquantitates , dicentur , harmonic^ ordinat^ ^ 
cum primx 5c fecundasdiflferentiatad iimilemdiflerentiam 
fecunda: & tcitixy fueric ficuc prima, quancicasad cerciam. 

19. PluresquancicacesdiceQCurharmonic^ordinaca^, 
cum cernse dcinccps flierinc harmonic^ ordinacas: idef): 
cum prima? dc fecundx differentia, ad fimilem diflerenciam 
fecOndas 6(cerciasiueric vc prima ad teniam jdificrenria^ 

quo~ 
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quoque {ecundac&terdxyadfimiieni difleiciiniii tenoi 
^ quattXf Bxtk Ctcut iecuoda ad cfmtam i 6f&e ddnccp 
viqiieadvkiman* 

20. Seties naniralis harnionicaydioecsr) oaius ord»- 
Dacarum harmoniccquantitacuiiipnau^piaeft iecQndgL 

21. Si d rationali^ (eries harmonica naturalis fiieric o^ 
dinaca; Scaquotoquouis ordinatonim tcrmiQorum quot- 
cuoque &ennt ddncepsaifiimpti , & aggregati ; (iiaiinao 
dicetur, Prologanchmus « 

22. Porr6 prologaricbmus , dicecnr Hyperlogari- 
thmusearum rationum y quas habent inuicem , primus af- 
ilimptus terminus> & prozimut vkeriorvkimp 9 nonaP 
fumpcus. 

25. Ec earum rationum Hypologorithmus j dicemri 
quas habenc inuiccm> vlcimus awimpcus cerminus, Sepro- 
ximusprior primo ^ non afTumpcus . 

24. Quancicasomniminor hyperlogarichmo canm^ 
dcmracionum>&omm maior hypologarichmo , earuin- 
dem Logarichmus>dicemr . . 

2 5 . £x cocenis dcinceps Prologarithmonim feriesydi- 
cecur:inqua>ex priohbus^dicecur» Primus; ex coddem 
immediaCefequemibus>Secundus;exalijs deinceps toct- 
dem, Tertius Prologarithiims j dc (icdeiaceps rcliqoi. Vt 
prologarichfflorum,ex temis h fecundo, dicetur > Primo5> 
qui ex iecundo, terdo » ^quarco fit collcdis j Secondus^ 
qui ex quinto» rexto>&repiimo;Terdus>qui exo^tauo^ 
nono, & decimo 3 & ita deinceps . 

25. Si 
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Si duo prologarkhiiii yex ifljequalibus muttitudi> 
ne termiiiiscone«^ ioertnt $ 82 cuius maior eft tnultitudo 
terminoniai> csistemiQi fiognU » peralceram niukicudi- 
nena fuerint acqualiter diuiH : iiquiclem h€tx partes ordi- 
naciai Ibmptxfflaionin primi!im terminorum,deindemi* 
norum> & coUedas totenst, quota cft itia maior mukitudo 
tenninorum, maiores fberinc iioguks terminis akerius 
prologarithaii : maiorprofed6 prologarithmus eritjex 
iiiaiohbuspartibiis;&dicetur>F^r/pe^mstor« 

2 7* Si Ycrd iadar parccs totiBox > «linores iiierint iin* 
gulis : crit profedko minor protogaritfamus , ex«oinoribus 
partibus ; & dicetur Peripe^^ minor. 

2 8. Si quatuorproporttonaHnm>rationaIisfuerit pri* 
ma:quarta,dicetur,Produ^siecuodie Si tertix.Ecii- 
gnificabitur chara6iere> ex vtriique ieittodas> ac certi^e 
chara(^eribus deincepsconicriptis compoiito • vtpote ad 
quam > rationalis babet ratiooem compofitam ex racio- 
nibusadcerciam>&ad fecundam. £xempltgraciam. »ad 
d^ c^n h id ah. Item. n ad 4 ^> eft vt r ad ah» 
a 9» Si vero quatuor proportionatium, rationalis fiie- 
rit iecunda : quarta > dicetur > Fra<fiio . & figniHcabitur 
charadere tertta? > ante cbaiac^rem primse fcripco > & 
patrentheiescIaufo.ExempIigratia <f ad m eft vr^ad 
^ (4). Itcm. a^ adtf eilvtcadc (ah)» Et c zd u,,Qfi 
vt 4^ ad 4^ (c). 

3 o. Tertiaautem > dicetur^Numerator frav5b'onis: cu* 
iuschara^cr, fchbccur iupra lineulam.vt incliara^v.'re 

fra- 
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fradionis, i («), numeutor eft ^. 

j I . Et prima, dicetur, Denominator (taSaoms: anm 
charateifcribecur infra lincoliiii.vt in charadere frai^o- 
nis i (a), denominator cft a. 

11. Numerofa ratiodicetur, cui eandem habet nu- 
metusadnumetuffl. 

5 3 . NoQ numerofa ratio dicetur , cui nuHa numeroia 
efteadem. 

34. Non nttmero& rationis logatitfamus, dicetur, 
quantitas,minoromnilogarithmo altioris numerofa: ra- 
tionii> 8c maior omni logarithmo depteSioris . 



Thm- 
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Tfjeermd frhm Propoftio primd . 

SI triufniocqualiutD quancitaciim, minima, non eft mf- 
nor,quiim iccumJapocdbs differemj; lextremaraoR 
j^/difie^cntiaettremaramyounor eft» ad ratfoaalem.<^ 
qu^ vt minima , ad deic^m minimae, /& medi« < ' 

Suntorresin«qoalcs<)uantftaces4^ 4-»j^ 4-t^-^c:^ 
cfto 4, non mj nor, qu^ ht-^ilc-^ci . 
Dico ^r;*ii:^nunofvmeifle»qdbn it; ^. . 

Demom/L 
byfotlh ^i-t<2^H^«:nonmaior,qQ^ 4. 
a.s* ^i-fsk-^rij ^; nonmaior,qu^m ^ ^c 

i|. f* ^<; «.* nonniaipr,qwbn 4; ^-fc. 
S. 5. 4$ ^H<: minor, quui 4$ I. 
1J.5. |A-»q «: nuaor,quibi ^ ^. Quod&c 
Quaie&c 



" Thoor» 2. Prop, 2. 

CVffl trium ittjequ^ium numerornm , minimus , non^ 
eft minor,qu4m iecundapoteftasdifTcrenti^ excre- 
niorum;ndefcdusmedij& maximi denominecur d mini- 
mojdcfe^ y erd minimi & medij audus vnicace denomi- 
necur d maximorfiuncdux Frai^oncs; quarum fumma^, 
minor eft , qu^m diflerencia eicremorum , vniute au^, 
dcnomioaui 



tf>« 



Dd By- 
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/>. 3. ^f-h«j Mt .nuoor ,quaixi yirf^ k 
j.j. ^f -+«5 ^«+0 pMia^ quira wni;; *. i 

Itaque fer 19.J, ptodtid^us ^r, pcr 4-tfc-ininor 
eft qu2lm produdus ^TtT-f% per «. - 

Addicoque comisani prododo ^c^' per a-*k pttkk- 
«aus ^c-f 4, per 4-*^: i»inor> quii&i ftiftima^pipci«<^ 
rum h-*c-+i4^ per ii; 5£ d-+^, pcr 4. 

£c communicer mukipiicando per c. ■ prodadus ^c 
-^a, per a-t-k^ per c: tmaor, qa^m (fwnma prodo^ 
rum l-*c^ti, pcr ^ per r; & 4-+^^ pcp is per c. 

Additcque commuoi produdo 4» per ^-+% per «m^. 
fumma produdorum y-^c-tOy pcr 4-^^, pcr f 5 & 4^ 
pcr ^-»«, |icr 4-^^: minor, ijuam pnodu^s a^ pci^4 

£tcommuniterdiukIecKb>perif> per 4^^h<> per4 

Hr^. c (a\-^b-^u (a-+h^c)t minor>^iUli h^c^ (♦-^f)- 
Quod &c. 

:Qu3reZkc. 



i«i> 



«MMWl««««MM|MM*tl 



Tha" 



SI trinm 'mf^foHxm fMimerorum , dekdois me^J U 
inaximi> au3tus vnitate , denominerari minimo \ dor 
fe&as vero minimi Sc medij denominecur h maximo : nunc 
dcsarfra^QDcs^quaainirttmaia eftmaior»<|uimdiffi;ren. 
tia extremorum,vnitateauda>denominata4 medio. 

Bjfcih, 
$untotresina;quaIes.iiUBieri> a, a-+t^, a-^b-tc, 
Dico (H^# inYih (A-^br*c^ maiareatefle, quam h 

Detmtfir. . 

Produi^us c-¥Ui per dtr^h-i-c, per k maior ^ft pro- 
dui^ 4) per £, per ^. - - .... 

Additoque communi produdo a, per ^, per a-i-h, 
rumma produi^orum c^ per a-*lM^c, pcr h^ it a, 
per ^> per 4-t^ jnaiorefl^qu^prodwte 4;, per h, 
pcr a-^h-i^c, 

AddFtoque oommnni produt^o rH-«, per a-^irh^^c, 
per 4. fummaprodudocam ch-i>> per a-*h-^c, per 4 
-+^ & 4> per ^) per 4-1.^ . oiaior efl; quam producius 
i^ per h-*c-^u, per a-*h-rc, 

£tcommiiniterdiuidendo>per 4, per a^^h-^c, per 
4-*^. r-+<* (4)-+^ (4-h^H.f): maiorcft,qu^m ^fH» 
(4H^). Q^od&c. 
. .Quare&c 



rf^MMMMM HM» ■■»«■ «M"«** 



D d a • Tifxa^ 
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Tiiear. 4. Pr^ 4. 

QVataor teniiuri aritbaiecic^ difpo&d « peraiutan<fo» 
(iiat arithiiiedc^ diiponti • 

Qoataor termini a, i^h^' <■> ^-^ Hnt arithaiecic^ 
diipoHti • 

Dicopermtttando s^cyd^hyc-^hdk aritbmetici d»- 
/pofitos. Demmjk, 

I Si<]uidein 4, maiorefl^quiim ^ taotumdem 
i/cf.^Jb. I ar*hy inaioreft>quiim c-^k (i miQor> minor. Ef- 

^g9 a, c, 4H-A^ c-+^, funt arithmetic^ diipofiti. 

I Quod&c. QuareSfic. 



9« 



Theor, ^ , Jhr^. ^ , 

Sl itiertacaliquot quanticacesi in vna feri^ (imiUcer ari- 
thmccic^diilpo(ttar> atquc totideoi, in akera: eruncex 
ae<]ualiratearichmetica}prima3< vltima» in vna (crie > itcm 
prima&vlQma,.ina]tera>dirpo(ft2arithmecic^ . 

ffypath* 

Sint M, l>, cy fJoMlicer. diiponca; arichaictic^ , ac<|ttc/ 
alix tocidem d^ c, f. 

Oico ex ^qualitatearithmetica^dle <iirpofita$ arichme- 
ric^-A c, H dy f. 

Dcmonjhr, 

def.SJi.y SoQCenim s, b^ d, e, arichmecicediipont^: 

4. b, ergopermucanclo 4, df.h, e, iuQC acidimeciGe 

(Uf.^.h. diipofit^: ergo dififerentia it, dy diilerenti^ ^, e, 

fimilis 
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' I (ifn3iseft> & aequalis. Similiter oftendetur diflb- 
I reotia ^» e, differencia; c, f, fimilis, & xqualis: 
' I etgodiflerentia 4$, d, difierentia!, c, fy fiqAilis 
<'</.9i'. |eft,&aequa}is;ergo 4t, J, c^ fy iiint aritlitnetK 
' 4. K I c^difpofitje; ergo peniiutaodo> OyCy d, fi fiint 
I arithmctic^ dirpofitae. Quodgzc. 
Quarc 8e& 



^.0 



. Theor, 6, Ptap, tf . 

ARtthmetic^dirpofitaruai fquemultiplices, fiint ari- 
thmedc^ difpofitat. 

Siot arithmecic^ difpofitit 4> d^h, c> c-^h, quoram 
asquemultiplices 54, 34^-3^ 3c, }f-i-3</. 

Dico 34) 34-+3^> 30 3CH-5^, efle difpofitas ar^ 
thmetic^ • ' 

DemMflr, 
19' 5. I piffereotta 34, 34^-3^, ad dificrcntiam 4> 
|4-4> a^qneainltiplezeft^atqtte 34 ad 4; fed 34 
ip»;. ad 4>sqiicafiulciplexeft,atque y ad e: & 3.r 
ad r, arquemultiplcx; atque 3c-«-3^ ad /h-^: er- 
go differentia 34, $ar*^h, ad differcmiam ^ 

4H-^> a?qoemultiplexeftiatquedifi&reotia 30 3r 
4^.5.K I -1.3^ addifferemiam r> r-»^. Sed di^rentia a, 
j 4H^4 arqualis eft difierentia! r, c h-^ crgo difFe- 
I reotia 3<S 3^3^i a?qualiseft difi&rentiar sc, ^c 

Rur- 
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fief.^.h. fetentiar a, a-fh: Sc diflerehtia ^ ar*^ fiinilis dif^ 

17. 7.. fecenciz c, c-*k 8( di&reatiaif» c^ fieiilis dif^ 

j&renti£ jc, ^r r«- ^ - £rg<i ddSbiSQtia 5^}^ 

1-^3^, itmiiis eft-, 6« »|uaii9 di&reBti^ ^q 3 cri- 3 ^ 
Ergo 3/1, idtsky 3fv3crt-3^>fiincarichmctic^ 
[ difporica? . Quod &c. 
Qiure^ 



■• «■HM «MMMt ^MBriM^HVm ■■ 



IN (^rie arichmetica naturali , ali(]UOCeiu ab voo, 3^ ali< 
quoteni ab alccro, per numerds alterutrprum mulcitu- 
dinis cermkiorum mulf iplicaci ; {tcnt primt prodttfti^ fimi* 
liter recundij&fic artchineti.c^ di^{ai:iCQaijierti|V6£ quar- 
ti >& fic ddnoepsw 

Hypoth, 
a, a-+Jy 4-J-2. 4H-3, 4-i-4j ^h-j. 

hf ^-+1, ^j> ^-t-3'. , ^-v4,^-t5,^-t.<f,.^-<-7. 
4^, 4<f^4, 4^-*-^^ 411-^1 2^ ^ii^^id» 44-^2 o, 

Sintinferiearidhniettcatiaciiralid(k>4ermini> ^ ^ & 
£nc.ab4, tcrnij&ccraorumprimi^ 4-i- 1> 4-t-i;' fecun- 
di 4-^-3 ,.^4^4, d-i- 5: ^ a i^, fmt quacem^ &: /juaternorum 

^riiaii, ^rf tj t-*-2, ^-+35 fecun6t^-«'4>6tt5>M<^>^7' 

Quoniam in feric aritbmetica naturaH proxiinoniiii^ 

difreremijr , funt vnitatcs ; erg63lc«ipoi]|ai»iimc'binarij; 

tertiorum,ternarijj quartorum, quaternanj>&ricdeia- 

ceps. 



ceps. Suntiute(nprKnq$piiiioru:nextcmfsr) StprimiB 
(ccundoraovab ioaiccm eeftij; &. pmh^s: primomm cx 
quaternis , Aprinuisicciiiidpruro, ab iauiqecQj^uarci :. cr- 
go difl^taaUA}^ 4-^3>> efr tttnjoriut -3^: &<ii|lbrcntia^ 
^-4-4, &quaternarius4. Mukiplicentur icaqucterni>per 
4: Scijaatapiy P^?^ 8efi[antiinftipficesi|eiini»£4qiiaC£r- 
ni prim^itemteiimV&quaternirecuDdf.- < 

IDicOvmuitipIices prirBorara ^^t-t-S» 44^4* .4«» 5^> 
S^-^3> S^-^t^) 3^-^P> cflc firoiltter aii thiiic i sici^ diipofi- 
tos> atquc iecundorum, 4tf-+zo> 44-fi^> 4«-^ 12, 5^ 

Demoitflr» 
hypak» I Ternini ^-1-2, ^-t-i, 4, liint deincepsin^ 
ierie arichaiecica naarak^ inqua iuncetiaoiter- 

mini 4-4-5, ^-^4« '-^S* ^^ ^-^2» 4>fi, 

4j lunt fimiliter andhmetic^ ordinati,atquc 4-^5, 

4^4, 4^ j: ft eorom asquemulciplices 44 -1- 8, 

44-4-4, 44, atquc 44-4-20, 44-^1.5, 44-1-12. 

Defo^s fimpiicium 4, •4-4-3, efticmarius: 

ergo-earanKkm>qua(inip)iciuth defei^ 44, 4>t 

-4-12, eft prodo^tus ^i,per.4. itenLdofec^us 

fimpliciuffl ^ ^^4,.<^qubcernanu&: ei^o ea- 

I rumdem triplicium defe(^us<3it, 3^-^1:2, eft 

14*7* jprodo^^us 4 per 3» S«dpiioda.te 3 per 4, 

I cftxqualisprodu^io per 3. ergo defedtus 44, 

Af.5<fr. i 44-^ 1 1> • asqaalii(6ft>dci^ctt|i 3^,^ si^ 1 2i < jBr* 

Igo 44, 44-4^12, 3^, 3^-fi2, fuae. 'arith.nQa~ 

ce 



itfJ6,h, 



6.h, 

fif' 

5. J. 

J 
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Jy 4-l-Iy <!-*•»• JH-}| 4H-4, 4-*-5, 

^, ^-*I, ^-*-l, ^J. ^-4'4,^-+J,^-»'tf^, ^-+7. 

44, 44rt>4, 4i(-«>S* 4if-4-i2, 4i(-4>i<^, 44-+10. 



5. b» 

def.t.h. 



4,b. c^diipofid. Efgoperinutando44,3^,44-i-ii, 

5.6. 3^-1-1 i,rui]C arichineric^ diipofid. Eigo ez sqoa- 

({^.8. fr. litace arithaiecicai 44^8, 44-i-4,44^5^, nioc fi- 

inilicerarichiiiecic^di(pofici,atque 44-4-20, 44 

-4-1^, 44-I-I1, 3^-4- II. 

Oftcndetur auccm fimilicer vc (upra , quod 5 1, 
Sk-^iy 3^-+^> 3^.-^9» fiincfimilicer aricbmeci- 
c^difpofid, atque 3^^-12, j^-h-ij, 3^h-i8, 
5^-i- 2 1 . Ergo ex ^qualitate arithmerica 44-» 8, 

44-4.4, 44, ib, 3^-*3, ih^6, slf-*9, Hmt fi- 

militerarithmedc^di(pofiri,acqUf 44^-20, 44 
-•-1^,44-1.12, 3^-4-12, f^^ij, 3^-«-i9, 3^ 
-1-21. Quod&c. 
Quareprimiteraiab 4, &.quatemi k h, fiint fimih*cer 
aritbmedc^ difpofid , acque iecundi • Ec eadem demon- 
vftracsonc oftendema5,tum (eoundos , tum primos , efie fi- 
• militer arithmcric^ difpoficQfi^acquc cerdos, & acque quar- 
cos, & fic ddnceps . 



*» 




Thm. B.PrifuS. 

Rodudii compofi^ hahenc radonem producai- 

tiuixu. ? : ; 



QVINTVM. ii7 

Efto qoantrtatoo] Of h, produ^ atf^ 6( quantiuti 
c» d> produdus cd, 

Dico 4^ cdi a^ c^^h', d. 

'DerMnflr, 
drf%9h [«ifyUia^ tf,^; u, 
def,2.Sb I ui cd: «j ^-^mj d, 
p. p. I aki cdi 4; f,-fr^5 d. Qjod &C 

Quare&c 



■•■■■•AMBai 



Tbear. ^. Prop. g, 

PRodudi communenihabentesproducentcn], funt ?t 
producentes oon communes • 

f:fyp(nh, 

Efto quantitatuffl 4, h, produ^s [ah} ^Cquantitatum 
Sf Cy produdus 4C. 
Dico ahi ac: k^ c, 

Derfmfir, 
B, b, Salryac.lr, ay^a", c, 
drf.5.6. ! ^5 4,-w<5 a k f' 
p, p. \ah', ar, Ir, c, Quod&c# 
(■^krc&c. 



F 



Thew.io,Propof,iio, 

Ra^iones cumdem habeotcs deoominatorem ^ funt 
inccr fe, vc nuoicratofcs^. 



4 « 



E^ fjK 



, f FradioQum cdmmipi&deQonuaacor cfto « fuiica niH 

• - 

meratores by c . . 

Dico ^ Wi c (4): ^5 y. 

7)enmfiir» 

ief.zph \a^U!ilr,y (4). 
".5. Uj ^ W- :<>:< W* 

a. f . \h (4)j <r (4): ^j f. Quod &c; 

Quare&c. 



• % • 
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m\ 



1 * 



■\ , - ^ Theor,ii,Pwp,tt^: 

QVatuor proportionslium quarca eftfradio , in <pia> 
numerator cftprodu&us (ecundx Sccertia: >deao- 
( , minatpi^priman 

Hypoth* 

Sunto proportionatesprima 4> iecunda ^> tettia u 

Dico 45 ^; f j cb (jf). 

Detmfi{h" . 
/(tf XP& I 4j m: c; c (4). 

lo.fr. I f ; f^; c (4); cb (4)» 

p. />. 1 45 b: c, ck X««)« QMod S^J Quare&c. 

Thear, i z,JPf:^iti't* 

Ra(%iones,quarutn nutneracores ^njuales^ redproci 
' funtjvtdenominatpiies. ift 

k 



t ' 
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ffj/pfith, 

' £fto fradionum numerator commani^ ^ 6c iunto^ 
nominacores ^,c, 

Dico Ifi r, a (c)j a (}), 

Dtimnfk, 

cim 45 4 (c); 

0) £;.4 (f); Oi, . 

k-y c, a lc)'y a (h), Quod62Ci 







Quare&c. 



rtllV«*M»M*M«**kia^M^H««rtM*arfM«te««rf^^«feHVHMMP«i'MM»ti 



Thetr. 1 ^ . Prop, 13. 

DVorumprodudorum,quorum producentes patom 
communes, partim funt non comrounesjpsf mo al^ 
tcrum dcnominante, fit eadcm fcadio ; qua;, non commu- 
otum producentium^ primo aleenittidenomioante . 

HyptAj, 
Suntoprodudi abcy dha quorumcommunispro- 
ducCQS > y Cy oon communcsy Oy d. Bt dcnominant<i« 
a B.fy numetatorem db c^ necnon denominante 4, nu- 
oneratorem hy fiant fradiones dhc (4^0> ^ 00' 
Dko djfc {abc)i d (a). 

Demonpt. 
irfJtpblabfy tn dbni dbc (abc). 

..»..f. LAbc$'^dhc:.Mj dhe (abc), 
.9,4t.^f.a^diMBci'dbc^ 
11.5. [4$ </; «j dbc (abc). 

£e 2 a^ ui 
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%. p. j 4$ u: d^ dbc (akc)» 
4tf.i^h I i^ h: di d («). 
«?. 5. \dbc (dhc): d (4), Qjiod&C. 

Quare &c. 



«» 



i«BBiW 



KiJfi 



IX, b. 



Theor»!^, Prop, 15« 

FRadioneS) quaraaa numeracorcs 3tqm\c9iS(4e\ 
natores arithtnetic^ difpofiti , fuat haimodidb dh 
fyoCitx. 

ffnow» 
. Efto quatuor fradionum numerator communis a, Si 
ilintodenominatorcsarithmeticedilpofici h, r> dy e, 

Dico 4 (% 4 (O^ <» {£)y 4 (^) eile hatmonic^ 
dirpoTicas. 

Dmonfir, 
Si dif&rentia^ ^> r, ei^ 6ck&03S: ergo reci- 
proc^ dif&rentia 4 (^), 4 (c), eft exceilus : fie 
efl dif&rentia 4 '> defc(^us:& reciproc^dif- 
ferentia 4 (</)> 4 («) cdexceffiis. Quodfidi^ 
fercncia ^, r> efl exceHustctiamdifrcrentia .^ 
Cy. cftexcefrus:5tdif{erentia 4 (^)y 4 (c), red- 
proc^ efl defedus : necnon diiflbcnda 4 (^, 4 
|(r), efldefe(%]$. Qpare fadionum 4 (^), 4 (c), 
5e 4 (^, 4 (r), firailes funt dificrentix • £fk> 
difTerentia h.% c, defcdas . . Etgo drfFerentiau 
4 (h)y 4 (r) eft exccfrus: icem dificrencia 4 (</), 4 (#). 
f— ^: r— rf. ' • \ .'. 

pro- 



bypctb. 
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Iproduoendo per ade, (g abc , 
acdt^-^akde^ alfce-^aicd: ade; aba dc, bc. 
I denominando comaiiiniier per hcd e, 

M- *• 4 (^)— 4 (Oj 4 (</)-''• (f)« ^'i ^^- 
'•*• I J^ ^« di by^r, c, 
>»• *• di b: a (by, a (d). 

**• *• , ^ « <» (<^^ 4 W» 

11« 5. 

.r M.\ -+^ W; <» W- 



de\ bc, a (^); a (</)>-*<» (0> << W« 

4 (^)«4 (05 4 (^-- ('f): 4 (% 4 (A 



4 (^), 4 (r)> 4 (<()> 4 (0 funt harmonic^ di- 

fppficae. Quod&c. 
Simiiicer oftendecur> (idi£^nda b^ c, eftex* 
ceflus. 
Quare &c. 



m^mmm 



Theor. 1 5. Prop. 1 j. 

FRa^ones, quarum numeratorcsaequaIeS| &denomi- 
nacores, arichmecice ordinati • funt harmomc« or- 
amatje. 

. £ftofra<%anamnumeracorcommunts 4: &runtodo> 
nominatoresarithmetic^ordinati» b^ c, d^ e, 

Dico 4 {b\ 4 (r)>4 (^, 4 (0 efleharmonic^or- 
dinatas. 

Demenftr. 

ijfdtb. \b, c,J^ &Dtanthmetic^ordinati. 

h e, 
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•def.$.h. 



I t>]£krcntia a (^), 4 (r), ad (iaiilem cftfl^ 
(fe/.i3& 1 rentiacn a (c), 4 (^), radonem Ikabd&compo- 
def.i^^] ritamexrationibus>-4 (^) ad a (c), Qi a (c) 

jad 4 (^: ideftcamdsoiyqdLailiabcc 4 (/») ad 

def.ish a {h% M (c)f ik (4)i dint barmonk:^ lordin^tie. 
/up, a (c)y 4 (d)y 4 (e), iimt harmonic^ ordinat^ • 
4Uf.tpb 4 {h)y 4 (c), 4 (^, 4 («)) fuathamiofucc or- 
I dinata!. Qnoddcc* 
QnarcSec. 



MtMMi 



Tfvor. 1 6. Prop. i S, 

SI aili<)uot fra«2:ioQCs , aliaeque totidem »commuiiem« 
habentesnumcratoreai,dcnomiuatorcs habucrinc &■ 
militer arithmetic^ c^ipofitos, crunt & ipfa? fimihter hX' 
monic^ dirpoiitac* ^ 

Hyfoth, 

Sunto tres fradiones, alixque tres, quarum commo- 

oisnumcrator ar. (int autem denomioatores ^, Cy d^d- 

militer arirhmetic^ dirpoitti^atquc denidnninBtores eyf, /. 

Dico 4 (b)y 4 (c), 4 (d)y fimiiiter .^armonice di- 

lpofitascflc,atquc 4 (^), 4 (/), 4 (^). 

hyfcth. \ hy r, </, func fimilkcf! atttimictic^.di^6fiti,ac- 
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drf.z,h, \hy cy e^ fi fwc arkboicckib difpofitu 

c, dffigi funt arkhmetice difpofiti • 

a (jf)y a (f%^ U)y A (f), fuot hannonic^ 

fpofita;^ 



14» h. 



. )> ^ (A ^ (£)p fiiotharmonic^di- 

fpofitJB. 

def,i6h]a (l), a (c\ a (i)» iuQtfimiliterharmonic^di- 
) ipofitar» ac^ie 4 («)» 4 (/% d (g). Quod &c. 
Quare&c 



^^ 



IN (crie aritbnietica> noo maior» qu^ dimidius termi- 
ni proximi> non eft medius • ^ 

Hypoih, 

Suntoin{erieaticbmetica»jcrestertnini a, h, t. 
Dico b, maioreme(Ie»qu4mdimidium> ad €. 

Dgmonftrm 
Hfto ^»nQnmaior,qu^dimidiusad c, fipo- 
teft .* eritque hy ^qualis , vel minor > qu^ dimi- 
dius ad c eritquediii&rentia hy c> defedusicoius 
fimilisdi£&rentia u, b, erit de&dus. 
b^ n nonmaior^qu^dimidius. 
, ihi non maior> quam c 
I k nofi maior> qu4m c — k 

ir; oon moior» qu^ h — 4 • 
I ^H- 4: non maior>qu2bn ^. quodeftabfurdum. 



4ef. xo. 
bypotb. 
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) h non eft dinudius ad c Quod 3cc. 
Quarc &c. 

Theor, 1 9, Prop, i ^ 

N fcrie harmonica, teraitnasnon minory qu^ dupb» 
teraiini proximi> non e(l medius . 

ffypoth, 
Suntoinferiebarmonicatrestermioi a, ^, c, 
Dico l>, minoreme(re,qu^mduplum>ad c, 

Demmfir, 
I Efto ,^ non minor> qdlm duplusad c, iipo- 
teft . eritque dif&rentia &> c, excefltis': itetn di^ 
ferentia a, ^> eritcxcefliis. 
4— ^j y — c: a^c. 



itfAt.h 



def.\S.h 

hypoth, { bi a non minor, qujlm duplus. 

19*1* 



14. y. 



j 



k non minor> quam ac. 

^^r: non minor > qu2lm c, 

a^-k non minor, qusim a, Quod eft abfiirdam. 

^> minor eft> qudm duplus ad c Quod &c. 



Quare&c, 



T^fctftfr. I p. /Vojp. 1 9. 

QVxIibct quantitas > & omnes eius mult^lices oidi- 
natx > funt in ferie arithmetica naturali. 

Efto quantitas u, cuius multiplices ordioaca!: tu, 51^ 

Dico 
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Dico M, 2f»> SM| 4», 32 r. «0einreriearithmetic(L. 
naturali.?,;' • .. .•'. i. ■-- ' 'i" :■ / . ' 

Omnes dtfhiioti^.u, iu, Sc ^u, su, St su, 
\u, 6(rdi^uaMtHHf iii;ailes»:6e «qualcs fpliratio- 
nali u: 6( eft m ad 21» dimidia. Bigo u, iu, lu, 
J^N^ & c« funt <n. Cerie antbmecica.naturali. 

IQuod^, /i.v ;^ ' 

QuareSft^ 






> (. 



» ^ ■ * I 



QVaelibet qiiantitas , & bmqes eius rubmultiplices or- 
dinat^, funt k) (erie harmonica naturali . 

ffmth, 
Efto quantitas u, cuius lubfnultiplicc^ u (2), u (5), 
» (4), &c V 

Dico % M (2), » (3), « (4), &c. cflcinieric harmo- 
nkafiatorali. 

• uctitottn, 

t9,h, M, 2^ 3, 4, &c. funtinfcriearithffl^^a. 
.,1 j. h, u, H (2), M (5), M (4), &C. iunt jnleric har- 

monica. 
bxpotb, I «; M Xa): ^|( duplaw y v 

d^aohUiU (2), u {%),u (4), &c func io feric har- 
I niomca natMrali . Quod&c. 
Quarc&c» . . 

' .^ • _ 

' Ff ' 7/7^0^ 
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Theor, ii./*r»^.ii, < 
TNduabus feriebus arichmecicis nacurilibas^ tenniBi 
1 func {IiQiliccr propoitionales^in proporcione ordioau. 

Sincdaapicri«$arith»ifliica(riaciiniie»:Vn3r vi^ la, ^m, 
4<i, &c. akera i, i^ j^ 4^, &c: 

Dico 4, a;^ 34, 4^> ^ fimilitlsi: propoitioQales at> 
que ^> 2^> 5^> 4^> inpropordoneordi^taJ ' 

Demonfir^ 

ief.wJh. [ Del(K^deicicep& ^ ^fii^ 4^ imraequa- 
lcs incer ie; dtipfi primo t^rmino 4. icem dck- 
<5tus deinc^ ^* 2^ i ^> 4^ ' &Q^ f<]jiiaks j^cHc» 
& ipfi k ' •• : ' 'x^ ' 

a^ 24t b^ iL ' ^^ 
zoi sa: 2h s^h ''^'' t ■ **• . 

34,' 44; a^j 4^» ' ' , 

4> io^ 34y 44^ fiint.i%QiiiftW|>K)porc(OBate^ 

acque ^» 2^, 5^> 4^>, in propoftrcxie ordi- 

I naca. Quod&c ^ • 

Quare 8ir* • 



ief,iiJb 



i •Jjrj 






•»MM^«iBl^«p^ 






|i,.rtg<i iJ I ■! 



■I " ■ 



T^tfr» 22.. Pro^. a«.r 

IN duabus. feriebusi harmonicis; tiaruictf tbdS,dnrmffir ioDt: 
fimilicerpropoEQonak&j inpcopoitkmeordtnaia « 

Sintduarieries^harinonic^nacurales.^-vna) a, 4^(2), 4 

&)> «»• (A)y akefa'^> ^ (2), ^ (5)> K+X • • — 

' DicO' 



f 
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Dico <i, 4 (a), a (3), a (4), cfle fimiliter pro- 
portionales, atquc ^, ^ (2), ^ (j), ^ (4), in proportione 
ordinatfl . 

. DnfMnfir, 
4i. 4, (2): ^ i (a> 

> £fto,(ip^fl:» 4^ (2)i a (j)8 maior, qa^nu 

^ (*)5 K^). . 

H^^-a;^ 4 (*)— «<5): niinor,quain i (2)5 ^ (2) 

4,-4(2); 4(a)— 4(3); mmorquim b, — ^^(2)5 

^(2)~.U3). 
Oy-^a (2)5 4(2)— 4(3): 4; 4.(3). 

*,-Ha)5^(*)-^;<5>fcU5). 
4; 4 (5); minor, qu^m h', b (3). 

4 (2)5.4.- y (i); ^.. 

4(2)5 ^ (3)* miQor,qpaal ^(2)5 ^(3). contnu 

iuppofitum,. 

4(a)i.4(g):.A(2)5 ^(3). 

- (5); ^ (4): ^ Cj)? y (4). 

4, 4 (2), 4 (3^), 4:(4) imi fimiliter proportio- 

naJes^atque ^, b (2), ^ (3), ^ (4) inpiopor- 

tione ordinara : Quod6dc. QMarc&c. 



''.186 

def»2oh 

f'3- 






• .' 



r*m 




Varum fcrierum naturalium arithmeticf, &harmO' 
nic^,intcr ajqueordinatos terminos, meJij pro- 

Ff 2 por- 



portionales funt {Bqualts .'•,•■ ^ 

Sintduxferiesnaturales: vnaarithiietica> alv^tj alce* 
ra harmonica, d h. &{int quartTterminij in arithfnetica» 
^ inharmonica) h (4). (itauteminfter a, b^ media pro- 
portionalis c,-\ •' \. ,•-<'>- ' 

Dico tf misdiafxi pTc^djtjoaalem efle>inter ^a,tcl> (4). 

*DemmJhr» ' . . 

I Quonlam 44^ h (4), funtquarti tetaiin^ in* 
ip. h, I fuis (eriebus : 44 ad 4^ cftquadruplus: 8$ h (4) ad 
»0. 6. U fubquadruplus » • ' - 

445 4: i; b (4). ; *^ 

Jbjpot*. 43 a rj i^, ;•..■,. , • - . ' 

Quare&c. ' / ' : • ■ ■ ; 

.The0r,2^.Pr0p.z^, - 

IN fcrie arithmetica duo termint, cum sequeordinatis in 
harmonica , (iint reciproc^proportionailci^ . = " 

Sint in ferie arithmeticaouo termini $ a,) 44; 3C ih har" 
monica duo dsqueordinati b (3)^^ (4)1 • 
Dico 34} 44: ^(4>, A (5). 

Prapar, 

Anumaturinteracqucordioatos 54, ^^(3)» medius 
proportionaiis r. 

2V. 
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Demonjlr, 

44J c: cj y (4). 
ci 4<f: k (4)5 c. 



u: 



22p 



eirfir, 

f.f. I 3<«> 4'** ^ (4)5 -^ (s)' Quod&c. 
Quare&c 



19* 2r. 



Theor, 2 5 . Pro/». »5. 

SEries naturalesi arithniecica,6e harmonica, plures terr 
minoshabcnc>qu£im quocquiTiiaedixeric > & cuiufqj 
numerofie racionis . ^ 

^ Demonfbr, 

I Nam numeri plures fuot , qu^m quoc quifque 

I dixeric, fecundum quos acccpti multiptices ad 

%9,b, I primum terminum in ferie arithmecica>&fut> 

mulciplices ad primum in harmonica, func plurcs 

cermini, quam quocquifquedixeric. 

Quod (i multipliccs accepci fiierint > fecundum 
numeros numcrofse racionis : erunc in arichmeci- 

* 

ca ferie cermini, eamdem numerofam habentes 
j racionem . icem fi accepci fuerinc rubmulctplices: 
*4. h, j erunt in harmonica , cermini , eamdem rcciprocd 
numerofam habenccs rarionem • 

Dcinde numeri bini > eamdem numcrofam ha- 
bences racionem, minimi omnium, 5c minimorum 
xquemultiplices numcri^fecundum plures, qu^m 
quoc quifquc dixcric numeros,pofluac accipi : re- 

cun- 



II. jb. 



ao. p." 
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fup. I cundum quos accepcos binos numeros> termiiii 
tiiultiplices in arithmetica, St iiibmuldplices ia^ 
harmonica , poflunt accipi bini pluresjqu^m quoc 
quifque dixerit , eamdem oumeroiam hdbentes 
rationenL;. 
QuareStt. 



*»mm 



i 
V 



Theor. %6.Prop» %6. 

N reric aritbmctica oaturali ab voi t^^e^ tennini {liit) 
vnitas, & omiics nuineri ordjnatim accepc% 

'Defnonjh\ 
I Naai in ferie arithmetica naturah* abvnitatc, 
omnes termim funt,. ip^ vf^as, ^^pmnes.mul- 
tiplices ad vnitatem > ordinatim accepti : fed qv- 
meri (imtmukiphces ad vnitacemj&eorutti ordo^ 
eft idemmubplicium. Quod&c. 
Quare &c. 



I9.h. 



v.9m 



mm 



Thear» xj. Prop. »7. 

IN ferieharmociicanaturalia rationali^tcrminifuntjipia 
rationalis^&fradioncs, pro communi numeratoro, 
habentes rationaiem > & pro denominatoxibus , habemes 
ordinatim omnesnumeros . 

Dmbn/h; 
\ Nam in ferie hannonica tiaturali a.rationah'^ 
20. b. I tctmini funt , ipfa Tation^^ , & ^moes cius fub* 
iitf.iSfh I muhiplices ordinatim acceptit Scd fradiones, 

m 
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in quibas ipfa rationalis cft numcrator communis , & 0111- 
ncs nameri flint dcnominatores» ip(x (iint rubmulciplices 
zd rationalemj & earumi ordo, eft idem ordo numerorum> 
per quos ipfx iubmulciplices ordinantur. Ergo &c> 
C^iare ^c 



Theor, a 8. Pnp^ a 9 . 

SI flierint 6ux feries totidem terminorum ; & inter pri- 
inos, idemfueritmcdiusproporuonalis,qui inter fe< 
cundos , inter tercios^&deinceps inter ^queordinacos: fi- 
' qtti<leniinprimtaierie,runcquatuor aricfametic^ difpoGtij 
in feeunda iecie^ funt quatuorharmonic^ difpofiti. 

jFfjfpotk 
Sint in prima ferie, quatuoi* arithmedc^ ODdtnatr , a, a. 
-^By c, c-^h', litmedius i\ &nntinaltera ferieordinatf 

' rfi (i»), di (a~+h)y di (f), di (e-^h)* 
" 'Dico di {a)y dn (4-^), dz (c), dz (c-t-h) cflb 
harmonic^ difpoiitos. 

Demonflr, 
tyfotb, I Quoniam » ,ad 4 cft vt ^ ad di (4); 
I ideft quatuor proportionalium prima quancitas 
* *• *• eft 4> fccunda & tcrtia cft ft er go quar ta eft fra~ 
dio, cuius numerator, fecunda potcftas di deno- 
minator , prinna quanticas a. Similicer oilcndc- 
curquod di (a-th)y cftfecuudjpote/las </, dc- 
nominatapcr a-ik & di (cjy ifcunda potc- 
l tcftas -d, tfcnominata pcr c: 6ft-den:quc ^i 



(c-i^ 



/i 



44* b. 
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(c-»i),iecundapotcftas d, denominatapcr c-»-^ 
Ergo di(a)y di{a-^y\ </x(f), <^»(<:-»-^), runt 
quaruor fra^iones : quaruro nume^^tor comtnu- 
nis, fecunda poteftas d^ denominatores vero, 
funt quatuor arithmetic^ diTponti, 4, a-^lff c, c 
-^d. Ergo </2(4), d2>(a-*lf)f dz(c), d2.(c'+if), 
funt harmonic^ di^ofitx ., Quod S^c 
Quarc &C. 



Theor» 2 9- Propof 2 p, 

QVonim produdorum quidam funt communes^ qui» 
damnon communcsproducentes, aggregatum,eft 
produ«^usproducentium communium , 82 aggre- 
gati producentium non communium • 

Hyfotk 
Duorum produdorum ah, 4r, communis produ- 
cens cfto ai non communes funto ^, c\ qi^orum iimi- 
nia d, 

Dico ah-i-ac: ad. 

Demonfir, 
9. h. ahi ac: b^ c, 
X, p, ab-*ac^ ac: b-^Cy c. _ 
hyfoth. b-*c: d, 
7. y. I ab-^ac^ ac: d^ c. 
p. h. I adi ac d-, c, 
ii. 5. ab-+ac^ ac: adi ac. 
p. 5. ab~t.ac:ad, Quod&c. Quari&c. 



n^ 



Theor»\^Qifyii>p, 5 o, 

QVorum produdorum quidam iiiae cdramtto^s > qiH-^ 
dam non communes , & in^equaksprQducente^jdif'- 
ferentia , eft produdus produotoi^ c^a^iiiiMS , & 
dificrefid£producentiumnoncomtoi|uuiih% ;.. : .>. - 

Hyfodr, ':. ... :>: .1 :.:, * .- . 
Duorum produdorum ah, ac, commuois produeehs 
efto <i^.njgui£ommuoesiiutQ.^, r.-,&.^.&jnaior,quam 
c, quorum differeqBa <^ . . r: t . r.."7 

9. fc. \d{ ac: If', c, .' . ..\ * *'' 

7. y. yah-^ac', ac: d^ c. ,\ . , :i . . . ( | 

9. b. \adi aa di c, ...-i-.'; 
XI. S. I ah-^acv-ad. QDodfiiCiu :: j ji ; ? 

Quare&c • . ^^ 

\ • -.— 

I I j "r I ti i III i ii -| . . 



Q 



Z 



-A 



Theor,$i,Prop,iJi 
Vatuor proportionalium produ^s 
eft acqu<disprodu<^onicdj^ujii ^;» 

I:fypoth, 

SuBtQ pcQpQraonalcs a^.k: cs d» 
Vico adi bc, 

Mnn^UfprQdih^ti&ilternorum 4f. 

* ' Gg Vt- 



• 



- !. 
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.Demmfir. 

4iyptih. I 4$ fe <y ^ 

xu^.XM-y idi ac'y hik 
,. j. \adibc, Quod&c. . • 
Quaic&c 



wmmmmmmmmmi^miammmm^0mmm^ 



Theor, 3 1. Prop^ j 4* - ' 

QVatuor tertnini>quorum extrenoifNirprodMluseft 
squalisprodudomecNoriim» (iioc propoitioaafes; 

HyfoA), 
Quatuor terminorum 4, ^ c, d» prodnAui esac- 
morum 4^, &produdusmediorum ^^ytfuoccqpiak&^ 
Dico a^ k ci eU ■'■ t • --. 

Pr^epar, r > -. 

AfTumatur produdusjboraordm^^r* 

Demmjir. 

7. $• I 4Cj ^ 4(f 4^ • 

p,h.\aciaJiqtL\' ••;';);:: 

it. 5. I ^ ^: O <^ Q^odr&ix 
Quare &c. 






^w^^mmamm^mti^imSmmmimmtm^/m^mimm 



• > . 



s 



Theor.ss, Prop, 33, 

I fuenntdua?(eriescosfdenBtermmorum;& iQterpri- 

mos idem fueritmedius pffopomoofidis ^qniiaitfre- 

CUIh 



cawiios^tetimios^Mc^cei^ mcer^qpeoKltnacos ; fi- 
<|uklein ioprima feric» funt quatuor harmonic^ (JiffloGci; 
in fecunda ferie^funt quacKOir,a^hmetic^ diipo(iti. 

• ; . . ffypfidh 'L.- . 

Sint inprima feriequacuo^lurinoBice brdinaci 4, h, c, 
di Scficmedius e: &rmcinalter4i^ieordinaci ei(a)yez' 

Dico e2(d), ez^h), ei l^c^^i ei^ ^, cfle arithmccic^ 
difpoficos. . .' / 

*^h ^-^^ ^i-fi» 
acd^-hcdi ahe-^ai^d, 

a^hibjro commujQiproduccnt( 

ezacd'-' edfcd; >e^alrc^^%0kd, 
•eoBiaNHiUerdeQtminandoper 4^</r . 

4% (*)> fi"(f), . « (f), ^tt (d)i Cmt awbweticc 
I dirpo^N . t5u»d Stc. 
Quare &c 



.vi .^ 



8. h, 
ri> 5. 

30. cJ* 

m • 
9« fr« 






• "^ «. 



k • I « t « 



"\ ,Y 



• 4 



I» 



••■*akartM(MMM 



w mmmtmtt 



Jb 



/rx V^of cgrcflini hiiriiioniQ^^Qrui^pernuicando, 
v^ funt harmonice diipoiiri . \\ 

' Sint quatuettcrmint Oyhy c, «^ harmonic^dirponti. 

Gg 2 Dico 
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.Demmffr» 

•Irypoth. Is^ h €^ iL 

II. y. \ acy gtk tu'i ki 
p. y. I ad: bc. Quod &c. 
Qiiare&c 



i . 4 ' 



QVatuor termini»quorum eittemomtofredMtus eft 
squalisprodu^ooiedioriiiiiy (iint proportiooales. 

HyfoA), ' ; 

Quatuor terminorum 0, b^ c, d^ prodti^lui extK- 
morum 4^ &produdusmediorum ^cyifuaUB^piflks.^ 
Dico 4j ^: Q </• ' i^*. ■": 

Adumatur produduswfilQ»iimf4r; 

Demmftr. 

7. $> l~4CJ ^ 4(| 4<(, 



. j i « 



t c • • •' 



-^^ ^ . «.. -„^ -^ ^^ . r-^ i ^\^\:j .!')'■:» ic . ; if' ^ 



». fr. \aci adi G «'•^'1 
II. y. I <«» ^: O*^ QtjoditJcd -^^ • 1 - ;• - • ' jvj.. -^ 
Quare &c. 



rti^n«,|MM^*«ata^ 



4 .' • . i 



s 



Theor. s s , Prop, 33, ••- 

I fuerint dux (eries toiideni terminorum j & inter pri- 

mos idem fueritmedius pffopoitiOQfi|lis yi|>iinier (e- 

cun^ 



ciiadQS|4oter{Cfi«c>Sv6eWeiocepiinter.iQ(|Beotdm^ : fi- 
quidcm ioprima ieric» (unt quatuor harmonic^ diffioGcii 
in {ecuoda ferie^runtquacMOf^aiqthmetic^diipofiti. 

■ ; . .,Hyp9d9i- . ^ • i. . 

Slnt in prima ferie quatuor hirqiOBice ordinati 4, b, c, 
d\ 5e fitmedius e\ &fintinalter4i^iegrdinati ez (a)yez' 

(h), e2(c), ei(d), • 

£>ico et(a), e2(h), fiic)^i»^, cfle arithmctic^ 
dUpofitos. , .' r 



.^ ^ 



def^lJh 
8. h. 

9« ^* 



■> ,f 



b. ■• 



acd"-lf€d: ahe-^aM, 

aidhibir9 commuoiproduccnc 

ezacd'-' ed/cd/; ^T^aiH^-^^iakL 

-eQmiiHHiKer deD^minando per ahcd, . 
aW— *«!.(»: #2(4)— ra.(c). 
4% (<f)> ri(f), . a (f), «ea (<0* fiint a 
I dirpoftbi . .t)u»d Stc. , 
Quare &c 



-•- * 




mmmm^t 
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Theor, $ 4. Prop. 34, , 

V^oc tgro^i han|ionk^di(porui>perntticando, 

funt harmonice difpoiiti • t. v . 

Sint quatuortcrmtnt a^ k o ^ barmonic^difponti. 

G g 2 Dico 




1^6 EL E M E N T V M 

Dicopermatando 4, c, ^ WdTe harmoaic^ diipou 
iicos. < • 

A(Iuma(ar<|U2eIibetquantita$ r, 84 fiat 

•.;... jo^ ei i^^f, ■"■■'■•' ' ■'■ ' 

Cy ei ei h, • , 

Demonjhr, 

hypoth, Xoy hy c, d (unc barmbnic^ difpodti.^ 

33* *• [ff^y ^y ^ rimt larithmetiice difpofitr. . 
4. h. ifi h^ £y l funt arichnietro^ difpofiti • 
i%.b. \a, Cy by d funtharmonicedi^&r;- QjuodSflr, 
Quare&c» V - 



• >. ; 



^m^m^^ma^mmmm^hmm^mm^^^^ n 'w wmAm,mdtm»m^mmt^m^mmim 



SI flrerintaliqcmt quantitltesinuHaieriei^Mtirerhar' 
monicx di^rfne,-ataucaIia&.tOtidem>jQ ^dtca-a.-eruht 
. cx^^oabtate harmcoiica, {)f rmadt vkima^vin viia ferie^, 
item prima & vkima > iaakerar di^oifioc ^atmonic^ . 

Hypoth, 
Sint Hy by e (imili(€rbaFmomc^diQ>ofiea!yatquealig 
totiJem dy e^ fr ' 

Dico 9iL jequaiitate harmonica \ tfk dlipofitas hariiK>^ 
iMC^, Oy c, bi d, f, ' , .. 

Adumatirr qua^ibet.quantkas^ ;^. 8( fiat 
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*i ii ii ^ 

h ii £-> k, 

d'y ii a m 

' h ii & n 

fi i' r* ^' 

Demonfhr, 
ilef.i6b\ay hy d, e iunt harmonic^ difpodta? . 
33. fc. \hy kj nti »* funt arithmetic^ di^oiitae . 
ief,i6h I h^ £, «, / funt harmonic^difpo(itae . ; 
33. fci \k^ /> », funi arithmetic^ difpofitje. 
jef.SJf, \K C i ^unt fimiliter arichmecic^ difpofit£> at- 

I que m, fiy 0. 
5.6. hy /, m, funtarithmetic^difpofitae. 
i9,b. ^ €y ^ /funtharmonic^difpofita?. Quod&c* 
Qujtc &c. 



The«r,l6,Prop.z6. 

HArmonice difpofitaium $quefubmukipliccs , funt 
harmonice difpofitje. 

- HypoJj. .... 
Sint harmonic^ difpofita^ 4, ^, c, d: quarum seque 
fubmultipliccs 4(3), ^(3), c(3), d(s). 

Dico 4(3), h(i), c(i),.dXs)^^ faarmpnicedi' 
ipofiias, " : 

Prapar, 

Affumamr quatlibet quanticas ^. 6(fiacr 

at e: 
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d'i 9: ^ h 
Etquotuplicesfunt/i, ^^O^^-ad a(s), ^(j), ^(5), 
d(s), totupliccs accipiantur ipiarum fi £, h, l, qux 
quxfint sf> Siy sk 3/. 

7>emonfir, . , 
hypoth. ^4, ^ ^, d, raatharniooid^di^oGrasy 

35- ^* \f> i^ ^ <^> ^earitflihetic^difpofit^. 
<^-^' I 3/> 3^ ^^ 3/, iumandinKti€edifpofita&. 

a^ e: e-, f 

^(3)5 ^- ^5 ?)• ' 

<^(3)j « <f> Sh. 
fup. \d(s)y « f,- 3/. 

xS.fe. |*(3)> K3)» <^(3)> d(s) funt haroiomc^ dlf- 
I pofitie. Quod&c 

Quare&c 



prt^ar. 
fr*p«r. 

f.p. 

jnp» 

fup. 



*^m^mmmmimm»mmmimmmmKmmm^i^Wmm^mm 



Theor, 3 7. Prop. 3 7. 

SI fuerint aliquot primiK quaricates,arithmettc^ fimilificr 
d^pofiraf, atquealix totidem fecundst, vtrasque in^ 
vna fericfucrintautcm Si alix rotidem quantitates primg) 
shxquc totidem fecunda? in ialtera :&fucrit vnaeadenu 
quarititasmediaproportionalis intcrprimas primarunb, 

&in- 
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9t inter fecundas prifnaruan , & ddnc€ps incer sequeordf^ 
natas; item imer primas fecundarum v6i inter fecundas,Sc 
ddribeps inter an^ueordinatas: erunc in fecuada ferie pri- 
inac lifniliter h^moiiic^ onlioat«> atque iectindas . 

Dttncnjhr,. 
Quoniam enim primarum inprima /enepriy 
drfSJj, t ma> & fecimda ; & fecundarum inprimareriepri- 
%t. h. ma >6c iccQBda, fuot aridimetic^ difpoTita» : con- 
: ftat> quod eaam in Jeeundaiferie primarum pri- 
ma^ & ieaunda;.& iecundarum pria;ui) & iecunda, 
runt.haraionic^ dirpoiic; . conftac (imiliter > quod * 
in (bcunda (erie , primarum iecunda > & certia i &i 
ieandanim iecunda, & tercia func harmonic^ di- 
^fitat . £t iita deinceps vfqtie ad. vlcinias prima- 
I rum»&.iecundarum. Quarc primx in iecupda^ 
I ferie>ii]nt itmiliter h^xm^iaic^ ordinatg, arquo 
I fecundir. 

Theor, 3 8. Prop, 5 8. 

SI fuerinc aliquot prioMe quancicaces harmonic^ iimi- 
: litsBr difpoditatyacque aliae coridem iecui\d£> vrraeque 
i]ivaafefie3focriBCautem&aIi2et.acidem quancicates pri- 
m$> ali>quc totidem iecunda?>iRaItera ierier6efuerievna 
eadem quantltas media^proportionalis intcr primas pri- 
marum > & intcr iecundas prin:}j|r.um > & deinceps iacer 
acqueordinarasi necnon media propprtionalis ioter.pi^ 
masfecubdaai^j&ittfier ibcuQ(^ iecm)daruai> 8( dein- 
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ceps ihter«qaeor<£R4Cas : erHRt inalcet^ ferte>prunx fi« 
ffliliter arithmedc^ difpofita?, atque {ecanda; • > 

Detfionfi, 

def.i6h I ' QuoRiani eni^ prftnaruni m piima.(cnc,pri- 
I ma & (ecunda >^ recuiidarum in prima ferie,pri- 
f^*P^ I ma&recunda)rantharmonic^difp6ficx:conftatj 
i quod & in fecunda Terie , primarum prima. St ie- 
^ 1 cunday & recun-darum prima & iecuada> funt art- 
j thmetice difpofita;. item oftendetur, quodpri- 
. , . ... I nMttim in fecunda fcrie (ecundo^Sc teFtia,^ {ecQn- 
' ^ ' ^darum fecund!:^ 6c ter^ia , funt artdniiecic^ diTpo- 
fica: . &i dc deinceps v(que ad vlrim^ primarum^ 
& fecundarum . Quare primarisi focuilda ieric/j 
I iunt finfHliter afithmctic^ difpofitac,4tque /ecud^. 



defAJ). 



L. 



r . \ 






INter duas quantitates media propQrrioaatis, .eadeoL» 
eft eciam inter fubmultiplicem vnius , & aequemukipl^ 
cem alterius . , • 

Eftointcrduas 4, l>, mediapropordonfdes e: &efk> 
-^(lus^fyfubmintiptex 4(5); 6(ipfui$^,«qaeouikiplex ^i. 
DiCd «(3)}'« r, 3^. 

- /^. •>-)«» (»5)5- « cj" sii, •■Qood^cd^: .Qoarc.&c; ;. ..' 



i.#i 



mM 
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IM fcrie harmooica naturafi , aliquoceni abvno,3£aH'' 
quoteni ab altero^per nuoiepos aka-utrorum multicu- 
dinis terminorum fiibrntidtfphcati ; ficut primi quotientcs, 
<lirailitcr lccundi > fiint harmonic^ difpoiici : item tertij, & 
quarci > & Hc deinceps. 

Sint in feric harmonica naturali duo termini a,h:$£sh 
a, fumantur terni fubquadrupl^ ^^ h quatcrni rubtriplf. 

Oico primos teikios itibquadruplos ab a, S£ primos 
iobtriplos k hy fioMliterefledifpofitos harmonice ; acque 
fecundos fubquadruplos cemos ab 4, & fecuixios rubtrt- 
plosquaternos a k 

Prtepar. 

Ordinecur (eries arithmetica naiuralis: in qtia (int, c 
«queordinarus, atque a^8£ d xqueordinatus, acque L Cu- 
manturque quadrupli tcrnia c, & tripli quatcrni d d. fu- 
niatur etiam intcr a,^c mcdius propornot\alis e. 

Mttfir. { Quoniam e, medius^pro^rtionalis cfl inter a^ 

c: medius^tiam proporcionalis cti inccr h, d^ &c 

t^.h, inter squeordinacos cerminos in vtraquc fcrie na- 

39* h. curali arirhmecica, & harmonica . item el( medius 

proporcionalis intcr mulcipliccs tciminoriim ari- 

cbmecicac icriei natucalis>&intcr ^qucfLbmuIri- 

T. b: pliees terminorum harmonicar.fcd quadrupli ter- 

ni ^ c, & tripliquaternia d, primi^runtrimiliter 

Hh ari- 
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cepsintcrsqiKordinaus: ernni inalcer^a lene, primzli 
milicer arithmecici difpdfitx, atque lecunda; , 

Dmunfl. 
itf.ish I ' Quofiiani enitn priinarum in> priiiia.lerie,pti' 
I ma & lecunda,&recuit<]aruin inprima&rie^ 
fi'P ! ma&feCunda,filntliarmonic4di/p<>fiia;coA 
I quod&inlecundarerie.DriniaruiD Diimi Sii- 
Jcunday&fecu 
j thmetice difp 
•• ' ( nMniminfecii 
darum fecund 
fitK.SJfieda 
iief.8J>. gj fecundaruf 
^untfimilitera 
■ — '• ■ • • 



' ■: Tha 

INcer duas quancicai 
elletiaminterlubn 
ccmalterius. 

Eftointerduas 4, 
-^(luso, fubmitltiptez • 
Dicd a(iy,i: r, 

yyftlh. |<((3); <« k; 



Thur. 40. ftny. 40. 

IM £:rie lurmoDJca naturali, aliquoteni abvno,5taIi' 
quoteni ab altero,:per numcros akerutroruni multitu- 
dinisterminorum fiibmultiplicatij licut primi quotientcs, 
4unilitcrlccundi,fiintharmonici difpoiiti : item tertij,St 
quarti , St fic deinceps. 

ffffuh. 



/" 
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QValibet quantitace , d fe ipfa > & a fuis ddoceps per 
ordinem molcipjicibus > denomjnata } fit (eries ha^ 
monica naturalis. > • 

Hyp&^. 
Bfto quxlibet quantitas 4, eiufque multipticcs nhS^ 
j^a, & deinceps. 

Dico 4(4), 4(24), 4(94), 4(44), &detnceps eflc^ 
feriem harmonicam naturalem. , - 

Prigpar. 
Efto rationatis u: 81 a rationaK ordmetur feries hanno- 
nica naturalfs M> M (z), t*($)y m(4)> Scdeinceps. 

Dimo»frm 
def.iph\ai u: o; 4(ay 
n: a(a), 

d(a)^ 4(24): lOi a: u^ »(2} dopku 
4(24); w(2)v 

'«(3^> <*(3> 
4(44): »(4). 

</c/.io& I 4(4), 4(14), 4(54), 4(44), cft feries barfno- 

) nicanaturalis. Quod&c. > • 

Quare &c. 



IX. b* 

/ttp. 
fiip.- 



7%or, ^^ , Prop, ^f, 

SI fuerint duo prologarithmiycx termtnis ab vnitatQ 
alter> ex quotcunque termiais 5 ahcr > ez tocidem >& 
vno amplius: eritquiexpluribus>eoqutexpaucionbu% 
pcrrpcote maior. ffy- 
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Sunto duo prologarithoif, cx terminisab vnitate : alter 
Ay extotterminisyquotuseflnutnerus^ alter C, ex tot, 
^otus eft <^. 6c efto dy vnitate maioo qu^m h* 
I>ico C, perfped^ maioreme(fe> quiim A. 

Pritpari 
l m n 

Sumaturnumcrus ^ totics, quotused d: $i nntfumpti 
numeri efy jj, ^h. hi, /j^. Item fumatur numerus d to- 
ties>quotuseft ^: & iintfumpti r/, /;», i»»9 »j^. 

Demonflr. 

15. 7. Qqoniam produ(fius A per ^,eft azqualis pro- 

du^o d pcr b: fumma numerorum efy jj, ghy 

hij iki cft aequalis fumm^ numcrorum ely Im, 

mny nk^ cftque idcm numcrus «k. Etquoniam 

ef fi> ^> hiy /k, funt a;qualcs inter fc: ergo ef eg, 

eh, ei, ek, funt (implcx ^, duplcx , triplex , & 

rcliqui dcinccpsmultipliccs. Itcm quoniam cl, 

Imy mn, »k, funr azquates : crgo ely em, eny 

eky funt (implex d, duplcx,triplcx, & rciiqui dc- 

I inccps multipliccst 

Dcinde quoniam d, vnitate maior cft, quam k ergo 

idy binarip maioreft, quam ikdisdy tcrnariomaiorcft; 

qudm 3^; &nc dcinccps, &nmiliter el, vnitatc maior 

qudm efi 6i emy binario maioT>quam ef, 8c eny tcrnarro 

maior% 



> 



^i^ 
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/ 



m 



n 



f 



i 



h 



,K 



maior qvacn eh & (i^ ^cif^ps. i(eoi Gmiiitftr ttk» vui»- 
temaior,qpam<k:^ mk^hiaamm^lQr^iJijam hh, & 
//', tcrnariomaior,qu^tn^^. Qluare/7, £Wy hn, & de- 
inceps,runtvnit9S$ binarm$,ternariu^&deinccps: itcm 
in, hmy gl, funtvnitasjbinariusjtcrnarjus, & deinceps. 
Eft ergo efy vnitatemaior,quam Igi & ^, vnitate maior> 
quam rrth ^ ^?^} vnitate ni^ior, quam /u; ^ fw> eft-vfutas. 

Cup itaque trcs fint quantitatcs inasqpqles tf, 
el, (fgy quarnm ef min^ma» d nnediM» ^i im- 
3. h. xima . fi ^, v(iitate au^a, denominetur ab ^& 
//,9^ ^: fiunt du^ frai^iooes, quarum iumma/, 
. mjMoreft^qqam )^ vni(ajte ai;^, denominata 
I ab ff/. Sed ^, vnitate auda,eft ffi^fi> vnita- 
* te au(aa, cft */: ergp 

ef{ef)^fl{e£)\ maioreft,quira r/ (<?/). 
Simiiitcr oftendetur , 

Ig {e^^gm (eh): maior, quam lm(emy 
Et mlXfh)-\hn {et)i maior^quira m^(efi), 

Dcinde , cum duo fmt inxqudes oumeri , ei, 
43. b. el', quorum minor «, maior ei, difterentiaik; fit- 
quevnitas nt: & difTereptia i>, vnitate 9U^,fit 
nK ergo 

m (ct) -i-iK: (eK): maforeft,quam nK(iK, 
44' b. Scd ef(ef)y fl-+l£(e£)f imHrmh(d7)j hn-^m' 

(ei). 



t 
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\(ct)y iK(elC) fiint tcfflf^irii conaponcntes prolo- 
l garifbdHii$) C. nam ffifhi^, ^m-^mh, hn~+ni, 
j iKff iiAitntm€rii<ir^ afqualesipH ^, quoi derfo^ 
«ilrttor) ^ 1^^ ih, eif eK, nempe iimplex k, du- 
plex, triplex, & dcinceps multipliccs . 
I Eadcmrationeconft4t,quod el{et)y lm(em), 

(nm (en\mK (eK) font teniHni ComponCBtes pro- 
logaritbmum A* 
, _ , . Ergo^ C, ^c(^t&h rtoaior eft, quam ^* QwkJ 
I &c. Quare &c. 



fcj^i ij (t " - ^ ~ -^' ^ ■ I iri liii 11 



JX 



Theor» ^S, Frop» ^S» 

Sl duorumin^^qpaliuttvnumeronundifrerentia,' derto> 
minetur ^ minore 5 vnitas ver6 , a maiore : fiunt dua? 
frat^iones^quarum fumma, minor e(l , qu^m difkrentia» 
vnitate aui^a, denominata^ minore. 

Hyfod^, 
Sutito duo inxqtialfts numerri a, d-*k 
Dkc ^(4)-n (4-4): minorennefle>quaai ^h-i (a), 

'Demonflr, 

11. fc. I I (4-+^); I (4): 4; 4H-^. 

i(4-^i): minor,qu^ 1(4), 
addito communf ^(4). 
<i i fr. f ^ (4)-n (4-+^): minor, quim ^-f i (4). Quod &c. 
Quaredic» 



y 



»48 E LE M E N T V-M 

Theor, ^j. Prop, ^y, 

SI futf rint prologarichaii ex duobas certninis ^ &cun<]o, 
cztribus ltercio,ex quacuora quarco» & (ic ddo- 
cepsiquicxpluribusjperfpci^^ nvopr^^^» !iM^ > quiei 

paucioribusvno, ,• • : • 

Sintcluoprologarichaiijalter ^, ex carniinis ab i(^)j 
&excoc cerminis, quocus eft b^ alter C> ex cerminis ab 
I (</)^ 6c ex coc cerniinis , quocus eft d: ^ efto b^ vnitat&« 
ininor, qu^m d, 

Conftac,quod i{b), totusordineeft, quotu$>eft ^ Sf. 
I (</), cocus ordine, quQtus eft d. prbp. ij»h, 

Dico C, pef rpeA^ minorem eitej quam A^ 

Prapar. 

m n 
f— lo^ — f / 

Sumacur produi^us bdy qui iic efi eique adijdantur cot 
^,quotuseft </, quifint)^, ghy hi, /i^> i^; eidemque efi 
tot </ adijdancur,quocuseft^ qui (inc y^, ;»», »«, 0/. 

Demonjhr, 
16. 7. Quoniam produdus b per ^, & produdus d 
per ^, Tunt ^quales : fumma numerorum fgy ^, 
hiy ik» kli lummae fm, x»», »0, 0/, eft a?quap< 
listeftquc idem numcrus//. Ec quoniam ^, ^' 
hiy iK, Ki» Tunc ajqualcs : ergo )J, fh, fi, fl» 
/4 func fimplcx b, doplex, criplcx;& rcliqui dcio- 

ceps 
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inceps muldplices . Icem quoniam ^, mny no, oly (unt 
:equales: ergo fi»y fiti fiy //, fiinc Hmplex dy dupIeT» 
triplexy&reliquideincepsmulciplices. Scd efyZiih to- 
tuplex eft,quotuseft d-^i: ^ e^, quocus t^d-n: ideo- 
que ^ e^y eh, ei, cK, fiinc cotuplices ad (f, quotifunc 
d, d-Hy d-*2y d^+^y d-h/^ Itcm cum fit <?^ dd ^ totu* 
plex> quotus eft k eruoc ef, emy eny eo, cotuplices ad 
dy quotifunt Ify b-*iy h-Hy Ir-fS' 

Deinde quomam Vy vnitate maioreft^ qudm k ergo 
2^>binariomaioreft>qu3im 2^; 3i $dy ternario maior> 
qudm 5^; &{icdeinccps,&Amiliter^, vnitatc maior> 
qusUn j^i 6c/ff> binariomaior>quam /% & /^, terna- 
riomaior> qudm /1$ &(ic deinceps. item (imihter oi, 
vnitate maior, qulm Kh & nl, binariomaior>quam /'/; 
& i»/j ternariomaior,qu^m hl. Quare ^nty huy io, fiint 
vnitas> binarius, ternarius, & deinceps : item oK, ni, mhy 
funt vnitas, binarius, ternarius>& deinceps. Ergo £m, 
aui^usvnitace>eft hn} & hny audus vnitate, eft /0; & io, 
audus vnitatc, eft iK, vel h, 

Itaque func ina^uales, & minores prim^m>de- 
inde maiores hoc ordine , efy eg, em, eh, en, 
ei, eo, eKi quorum minimus ef eft produdus 
M&differentia ef, eg, eft ^, nempe ^: cft 
autem hd ad ^2, ficut d ad h, maior : crgo 
minimus. ef, non eft minor, quam iccundapotc- 
ftas diftcrentias ef, e^, ideoque neque eg, mi- 
noreft>qu^rfecundapoceftasdi£ferenriae eptk 

li ncquc 



9« h» .. 
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I arithmetic^ diipofiti > atqufr (ecundi; icem , atque 

37. b* tcrtij, atqacqaarti» & ddnceps . Ergo eciani My^ 

quadnq^Utexni ab 4^ & ruhttipfi qnaterni^l^ pri- 

mi , fuRC {ioDiliter haimoDic^ difpofidr^ atqocie^ 

I aiiuJi^item^tqueccrtijVacqueqpatftijdcdeiacfQtSr 
I Quod &€• 
Quare &c» 



SVmma. fradionuoi! cormnuaemi habantium denomi- 
natorem, efl: fuoinia numeratonun^ ab eodeoidena» 

mtnatoredeaominata^ 

Hypoth.. 

Fradiones a (^), c (b) communem habcnt dcnominar 
torem: numeratorum /lunmaicft a^t^ 
Dica a(l>).-tc(lf): a-t<(h)^ 

Danonjki. 

jo. /?.. \A-^c.(h)i f(^)r <i-+fj c 
1 1 . 5 . !: ^ (^) -+ 1 (^); c (b): d^c (%. c (^). 
9.5. I ^(^)-i-c(^).- 4H.f(^).. Quod&o: 
Quarc Siic^ 



D 



Theor^ 4.2 • Prp/»i 41» 

Ifferentia fradiooom commuiiemiiabenciani deDO- 
minatorem/eftdificrcatia.numeracojrua»>.abeo- 

dem 
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dem denominatorc doiomioaca . 

ffjnpoik 
^iOioDes 4(ii), r(i^), fcoimnunem habetit de{x>n>< 
natorem k diflerencia numeratof um eft 4— >?. 
Dico a (h) — c(l>): a^c (i). 

Denmfir, 
lo.b, a(fyy c(b): 4j c. 

a.^ ^(^) — <^(^X ^(^).* ^♦-G f. 
lo.*. 4 — c(l>)'y c(b)i 4-^c; c. 

.i.y. a(h)-^c(h)', c(b): a^-c(hy, c(h), 

9.%' \*(h)--c(h)l 4— <:(^). Quod&C. 

Quarc Sac 



tmmm 



Thcor,/^S, Prop.^i, . 

DVorum in^qualium numerorum , vnitas denomina- 
ta^minore)& differcntia deoominata ^maiorc/> 
funcfrat^toresdu^, quarum fummaeft maior, quilm dif- 
ferentia corumdem , auda vnitate, denominaU i maiore. 

ff)fpoth, 
Sunto duo inoeqiiales numcri , minor a, maior a-^h, 
Dico i(a)-*-h (a-^h): maiorem eflc, qudm h-i- 1 (a-*h). 

Demonflr, * 

XX. b, 1 1 (4); I (a-^h): a-^h-y a. 

1 (4): maior quam i (A-*h), 

commuftiteraddamr ^(4-1-^). 
41« fc. 1 1 (4)-» h(a'+h)i maior eft, qdim ^h- i (a-+h), 
)Quod&c Quare&c 
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l m n t M. X 
c. .-^ X... ...... s 

' Sam^iur nudierus ^ toties>qaotuseft d: 8efiat(timpti 
numeri cf,'^> ^,. hi» iK» item oumerus d cotieSy quo- 
tus eft k & fitit flimpti numeri el, Im* mn> nK. Sunia- 
tur iterum A toties>quocuseft d: Qc (int iiimpti numen Ko^ 
op, p^y f^ rs» &iterum d^ fumaturtoties^quocuseft h 
& fint fumpti numeri Kt, t»* mx» xs. 

xJemdnJtf» 
]<f. 7. [ Quoniamprodudtus ^per «^cftxqualispro- 
I dui^o d per k (umma numeronim* ^, fy» ^r 
hi, iKy fummsenumerorum. eU Im, m», nKy e(i 
sequalis: de iiimma numerof um^ JSI<v «p» fq* ft» 
rs^ (ammx. Kt> tft, ux^ y.f) ■ eOr aequafas.. Suot 
f autcni&fingukepartes^i^) fiogulis. Xx parcibus 
I £quales5 & omnes > omnibus: & if, d, eg, emy 
j eh» en, eir ek, jpfis ko, ku ^* hi, kq>. kx, W.,.- 
tls^ fiDgulinumcri>fingulis9qualesj& eorumdif^ 
def.sj), j fcrentiaejequalesj&finiiles: atqucomnesordjna- 
f cim scceptiyVtfaprajvrquead^^finiiiiterarithaie- 
f tic^ ibnc di4>oriti>atquc omnes reliqui>vrque ad 
4$.h. \s. £t ficut demondratum efl;> qudd . 
3. b, j ffi^f^-^fK^i)^ maioreft, quim el(eC)* . 
i.h.r . d (^y-^-gf^ (eh)i rn^or, quam ^(em),. 
3,b. f tr'h (eh) -fhn (ei)i maior , quam mn (en)i 



m- 



«•*• 



ph» 
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ni^ei^-t-ik^ek): maior) quilai nk(ek). 
itain praeientidemonftrabicur, eodem pror 
argumento^ quod 

ko(eo)-¥ot(ep):mziorcA,qakm ^(et). 



I* ^ tp (epy*pM (ef, maior, quitm tu (eu), 

3» fe» «^ (^i)-*-^^ W* n^iaior , qudm «x («*). 

45* ** Item ricutdemonftratumeft,qu6d 

I rf(^f)> f^-^k(^£)> ir^wh(S)i hnr*ni(ef)r 
»k (eV)y funt termini corrtponentcs primum pro- 
logarithmukn fcriei C: & qu6d -*/(*/), h»(em)y 
mn(en)y nK(eK)i funt componentes primum fe- 
riei A. itademonftrabiturinpra?renti,qu6d 

Ko(eo), ot-t-tp(ep)y pH-*ua(e(f)j ^J^-*titr (er)y rs-i 
(es)y iunttcrminicompdnemesprologaritbmam 
fccundum fcriei C: 3f qu6d Kt{et)y tif(eu), ux (ex)y' 
j xs (es), 'funt componcntes (ecundum prologa- 
I rithmum feriei A. 
45- ^* £t omnino (icut ofteoAim eU> qu6d primus fe- 
riei C, eft per/pCtS:^ maior , primo ferici A: ita^ 
demoriftrabitur , qu6d fecuddus /eriei C, el^ pcr- 
fpe<^^ maior fccundo ferici A. Quod&c. 
Similiter oftendetur, quod Sc tertius tertio , &quartus 
quarto,nnitperfpc(^d maiorcs: &qu6d quifque prolo- 
garithmQs ieriei C, perfped^ roaioreft, «queordinato 
ptologarftbmoferici A. ' 
Quare &c. : 



I 



iifA.h, 
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Sl ftieriat/eries prologambfQoru(n> exbvnis l fecun- 
do, ex cernisdtertio, exqaaternis ^ quarco, & fic 
deinceps: (ecundus prplogarichinus eius , quj^ ex pluribu% 
perfped^ nniQ^rei^, qHimife^clus eiusi qax ex paucior 
ribus vno: dicertiuSy fterfpet^ iainor.,qui(o tercius: Si 
quartus,qudniquarcus:${fic deinceps vnuTquifque poh 
fped^ cll minor» quain fiius squedniifutiis prolog^ 
ilichmus. . ^" . 

Sintvduia^ (ei-ie||)(oIog]arichmoniinfi : akera A^ <^ tcrmi- 
nis ab i(^), 6<ieKCoceai8,quotu$«ft k altera C^exter- 
minisab i(ii)»^extoieiMS>quotus€ft <^6c.eftp ^, vni- 
tatert)toor>qjtiiq[r 4«v < 

' Conftatyqtidd i(it)fo$u6eftpr4iiie>qhQtus^: d^ i(^> 

tocusordk)4))quouis<iii^;^«^:X7.^. i 

Dico fecundun pro)ogarirbfiHKn ierifti Cj perfped^ 
ininoremefle,recundoferiei A. 

e--20— /,.,. . ;., ,. ,. /.,.,. j 

Smnacur produdus y> qui fit^ -cique a^tKiautur coc 
^, quocus eA dy qui fint fg^ ^, /?i> >^> Kk ^4^^ 
€f, wt </.adiJ€ian€gr,'quQtu$eft ^ ^i fint fm^ mth ««>«/> 
&iterum ipn ^/, adijciantur tpt £, quorDs^eft .ii^ qui fioc ^, 
p, ru tx, xy\ nccnon iccrum eidem el^ adijciamur tot 



1^.7« 



n.t^ 
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d, qu«tus eft ^, qui fint /<^> fr> su» ity, ^ 

^Dmonflr. 

Quoniam produdus % per d» eft xqualis pro» 

fto </ per hz ^Kimui numerorura fg, ^, hi, iK, 

fMMiMe fm, «»«» m*Bl»<A arqualis : & fum- 

, ^ jpr> rlt tx, xy^ &Kxmx U^ ^x> m> uy> 

Sunt4mtem.&fii^bepaFtes fl, iii^u- 

yiBjly <paR4His«qttales;^ omnes» omnibus: & f^» 

fm» /ii /fe» /f» /o» y^» ipfe ^, f<y» ^•. £f» lt> 

iuy bcy (kiguliaun)cn,(ingulisiax}itjiles:$ceorBtn 

dif&remiae aequales,&(imiles:2dditi(que vtrimq> 

comnuHiibutiiiiMsns 9f >d, ettam compolito- 

rumdiflerentiaeruntaequales&^inwics: & ef, eg> 

em» eh» tn% ei> 40» tK, &nt (Im^iKr arithmeti- 

c^ di(po(iti) atque eU -ef, r^> €r-> es, «f, eu» ex, 

Bft aHcem ^, noii mioor, qvdm (ecnnda poteftas 

i' ^» ttcft «^, manor,iqu^ra ^^1 Sc ip ^eqoalis ipii fg: 
^Offi kI «noa aunor^ftj iju^m reciuida potcllas 
. ^ odeoque^militer-etiamv/'» noa minor, •quam 
k ^culkia poteftas fr, & «r, non minor^ quam (e- 
I iciindaiKyteftas tir; ^<et> !nonminor,t}uamfecun- 
' da poteftas tx. Itaque (icut demoaftratum e(i> 
qiio4 

Mii? (<^}^ (^^): minor, quam mn (eh), 
m {eh)-^io (et): minor,quam no-{en). 



^kfJsJj» 



>^,h. 
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a. b» I oK{et)r^Kl(eK)i (niflor^ quam W(m)i 
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46. h, 
Z.b, 

X» h, 

47- *• 



I Sic<IefflOQftrabitur,qu6d 

I fippy^^K^) oainor,qu^m qs{eq), 
st(tr)-*m(et) minor, qudm xw («/)• 
ux (et)-*^ (ex) mitvir i<fika ujf (eu), 
Iccm ficut demonftratum eft, qu6d 

fi(ff)> if*^^(fi)> hn-*m(eh), i<M-o/c(ei), 
Kl(elO. . ' 

componuntprimumprologarithmum {crici C: Sc 
quod 

fm(ef)y mn(em)9 no(e.n)x cl (eo), com^^oatmt 
primumieriei c^.fic 

H^0> H-^^(^)> rs-+n(er), tu-^Hx^et), fcy(ex)y 
componunt fecudum prologarithmum Jeriei C: 8e 
Iq (el)y qs (eq)i su (es), py (e^), componunt fe- 
cundum ieriei.^. £c omnind iicuc primus feriei 
C, per/ped^eftminorprimo ieriei A: ita Ccam- 
dusprolc^arithmus^eft pcr/ped^ minor (ecuii- 
do. Quod&c. 
Siniiliter ollendetur, quod&certius cercio^&quarcus 
quarco, funt peHped^ raiooreS: & quod quifque prologa- 
rithmus feriei C; pefpe^^ mioor cj3t, asqueordiilaco pro- 
logarit hmo feriei A, 
Quare&c. 



47.6. 

dcfJiJb, 
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The«r.$o,Prop,$o, 

HYp^bgarithtni rationum duplf , &ruperparticul> 
riain^^u^iuot>aiiaores iotcr cermiQo;^ eo funt tni^ 
pores.: 

Prtepar* 

Efto J, feries harmonica naturaUs: & ordinenrur i^, C, 
Z>> ieries prologarithmorum ; 2 quidem , ex bims a iecun- 
jdo ; C> ex ternia h tertio ; D, ex quaternis k quarto ; & fic 
deinceps > d quotoquolibet > ex totenis . 

Demmfir, 
drfpixA I Nam in (erie arithmetica naturali> ratio fubdu- 
pla» eft inter minimos terminos , primum > & fe- 
cundum; deinde inter maiorcs > ordinatim multi- 
plos minimorum ; videlicet inter (ecundum > & 
quartum; inter tcrtium}6c Textum; inter quartum> 
odauum. Ergo reciproc^>in ferie harmonica na- 
curali > ratio dupla > eft inter maximos terminos> 
primum> 6i fecundum; deinde intcr minores ordi- 
natim iubmultiplos maximorum; videlicet intcr 
lecundum > 6i quartum ;inter rertium , & Tcxtum; 
'4ef.xx b j jntcr quartum> & odauum . Ergo rationis duplc, 
I intermaximos terminosprimum> &/ccunduni/, 
hyperlogarithmus > cft primusterminusicrici^, 
ijcmpe vnjtas. dcinde inter minorcs terminos fo- 
cundum>&quartum > byperlogariihmus, c{\ pri- 
I musprologarithmusferiei 7> cxduobusafecun- 
I do, oempe ex Pfcundo> & terrio . ^ inter rertium, 

Kk 6c(q- 



xt, 7. 

!t4. b, 

,def,toh 
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& (extuni> mtnores adhuc tctminos , hyperlogt* 
rithmus, eft prhnus prologarithon» m^|^j.ek 
cribasi tercio,nen}peex tcrcio , ^Qano> Sequii- 
to . Et deinceps intcr minores tcrminos quaromi» 
\ & odauum , fayperiogarithmus> eftprimus prO' 
' logapiikiiiufiferiei D> ex qiiatubr 2I qaatto>>neinpe 
exqaarto, qvimo lbECo> jSeiepoimo. Sed hoiafino> 
difR-imoirafflprobgarithnioramyminareftqaiek 
pluribus^ qu^m qui ex paucioribus tenniais. firgo 
hypcrlogarithmorum daplx rationis minor eft, 
quiminores imereft «erminos, cjiakm qaiiotdr 
maipres. ^aod 8tc. 

kurrum in fetk arithmocica nacaraK,ratioitib^ 

{efquialtera > cft inter niinimos tevminos , fecutH 

I dum, & tertium; deinde 'intermafores^ OFdmatim 

; muitfplosmiafmoramj videlJcerJiiierquartamiSe 

; rextum)interfextum,&nonumf intcr odbauanoj, 

82 duodecimum . Ergo reciproo^n ierie harmo* 

. nica natural^ ratio ief quialceracft iiBCer maximos 

terniinos,fecundum,8etcctiumfdeinde interm:- 

noFes>fubmuhiplos maximorum,quarU(h> & fex> 

tums & intcr minores, icicciim » Sononmii ; 8i ad> 

ife/.z2& I hucintermfnores,Oi^um,8tduocfeciiaunuEr- 

I go racionisfcrquiakcr^ inter maxioios terminos^ 

j fecundum> & terciun)>hypeiriogaric}imus> eftfe- 

! cundus feriei A, deihdb incermioores^ quarcum> 

[ & fexcum , hypcrlogarithratts> .eft lecundus pro- 

loga- 



12. 7» 
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. ■ llogarkliims iieriei ?> cx <|uobus ^ (juarco, Dempe 

Itx quarco> & quinco • & incier rexcucn» ^ nonunLr^ 
adhuc minores , byperlogarichmus > efl (ecundus 
fcrifii C» £x ctibus 4 too > nempe ex fcxco , fepch 
mo, & cA^^M iQCpr o^autim, 8e duodecimum> 
I adfanpiiHQOff », faypeiloigaFichpuS) f ft reeupdus 
I rerieiZ),exquacuorabo^auo,nempc cxoftauo^ 
49* f'» j nono, decimo, & vodeQmo . Sedin (eriebus hu- 
I iu(modi, recundonim prologaricbmorum» minot. 
.eft»(|ttie«plwibusiqu4a»qui cxpaucioribus cer- 
minis. Ergo TcfquialceraB racionis byperlogjk- 
richmorum minor eft » qui minores incer cermi* 
00$» ^m qui cft incer maiores • Quod Sie, • 
SiiiiiUcer prorlus demonftracicoc oftendccur , dc fcC- 
quicercia racione, adbibicts cerci/s prologarichmis earum- 
dem iorierum } ae4e ieiqui quarca , adliibicis quarcis pro- 
logii ri<hmi« : ^ de omni fuperpacciculari cacione . 



* mm^mmmmm^^^^mmai^m^mmm^am» «^mvwmmmpi» «bvm < 



OMnJs racio mulnpla, vel eft dupl^ vel ex dupla & fli- 
pcrparcicularibus compofica.. 

Demonjir. 

I Nam cnpla j ad i , ex (efqutalcera, 3 ad 2, & 
^^•T^ '1 dtipla, 2^1, a>naponicur;quadrupla,4 ad 
. |. Cf (e(^icerci^4 ad i« ieiquialcera, 3 ad 2, & <i 
\filih^9iliffm»p\h S9di» ex rcfquiquarca^ 

Kk 2 ad4x 



I 



■) 
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ad 4, rerquitertia> 4 ad 5 > fefquiaicer^ ^ ^Zy^ dupia» % 
adi. Et ficdereliquis« 

Quarc&c. - 



1»nM«M«aMa|MM«W«^MHM,^^_-«MH«aHMM«««MilM«WMM MftMMrillK 



OMnis ratio numerofa > cx ruperparttailaribus coai- 
ponitur. 

ffjfjwth, 
Efto ratio numerofa 4 ad k 
Dico 4 ad ^ rationem ex ruperparticularibus cfle^ 
cotnpontatn. 

Prkpar, ■ 
Aflumahtur mimert 8, 5 , eamdem inter (e rattonenL* 
habentes 4 aih, Sitnter 8, & 5. mcdij numeri. 7. ^. 

Demonjhr, 
ief.%jS* I Ratio 8 ad 5 ex rationibus 8 ad 7, 7 ad ^ 
5 ad 5, compofiitur. Sed 8ad7, ratio numcri 
ad numerum vnitate minorem , cft Jtiperparticu- 
)aris,item 7ad(5^> 5ad 5, funt rationes iliper- 
particulares : ergo racio numerofa, 8 ad^, vel4 
ad h, ex rationibus fuperparcicularibus compo" 
nitur. Quod&c« 
Quarc &c. 



^m'^mmi0mtmtmmmmm\mmmmmamm,9^a4mmmmmntk0mmBmiiK^mmmmmammm.mmm^m 




Thor,$S,Prap.^S, 

Votcunque terminorum , h ferie harmonica nataia- 
li , ordine quantitatis acceptonim^ hyperloga- 

richmns 
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lithmus ratiooiscoiepofitaeioterextretiios', componitur 
tx. bype rlogarithnius rationum componentiuni > inter ex* 
tremos> & medios. & hypologarithmus ex hypologa- 
rithmis. Hypoth. 

r In ferie harmonicanaturali>nnttresternuni 4, ^, c: & 
efio 4> maior, quiim h di hy maior, qu^m c 

Dico rationis a ad r, intcr terminos 4> Cy hyperlogar 
rithmun),cx,rationis a ad ^, inter /i, ^> &rationis^ ad c, 
inter ^, r, hyperlogarithmis componi. 

£t. bypologarithmum , ex hypologarithmis , 

Sumantur intcr terminos a^ by oranes medij in ierio 
harmonica oaturali ; necnoo iocer h, c & fint incer 4, c 
termini. 

aghibKlmuc 
'Demonjk. 

Hyperlogarithmus rationis a ad h^ inter termtnos 4^ h, 
cft a-t-g-t-h-i-i. Hypcrlogarithrous rationis b ad c, incer 
terminos h, c, eft h-*K-*l-^m-*n . Hyperlogarithmus rs- 
tionis a ad f, inter terminos 4, f, cft a-\-g-*h-*i-*^h-^K-^l 
-*m-+n, cx vtrarumque rationum a zd b; Si b zd c, hy- 
perlogarithmis , inter eofdem terminos compoHcus. 
Quod &c. 

Item rationis a ad ^, inter a, b, hypologarithmus eft, 
/-tfc-.i-f^>&rationis h ad c, inter h, c, eft K-*l-*m-^n-vci 
& rationis 4 ad f, eft g-^h-t /-+ ^ ^Th- /-+ m-* n-* c. ex 
vtrifquecompofitus. Cfiod&c. Quare&c 



\ 
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CViufcjue nuaicro{£ ratioais h.)ipQil«g9«tthaWy qo^ 
' func, ininore»iater cerniiinos» e6 iiiQt muiorf» . 

£fto oiiaiero£i racio incer feriei fmraioniae tetmyaos 

abvnicace,maioces i(j4iX <(3^)> ^dfnoie- ioicr miao* 
res i(44)> »(4^)* 

Dico incer 1(44% 1(4^^), mtnoreoi e0e byfieriogt^ 
richmum^ quiim inter t($a)y. i(j£). 

I AfTumancur mtnimt numeri in eadem radone 

ia^hiSi cleinceps maiorcs». aempe tbplt» trifU, 

I quadrupli>donccinufini^curdcnomtoatores'pro< 

j policorum terminorum, 3<i| 5^, 44» 4^. Deimk 

I incer«4, ^ ordineocur omnes medij , in ferie ari- 

chtnecica naturalr,qttQrum deinceps (iipparticula- 

resfuntrationesj Oj c> df b; 6^eorum atqMemiiici- 

pli $a, $c, $df 3A, ea(demruppa.rticularcs b»' 

bentes racioncs deinocps; nccnon 3( a^qoemulti- 

pli eardem habences rationes 44, 40 4d, 4^. So- 

mantur denique in (erie harmonica termini» abius 

denominati i(jtf), i(jc), i(3<0> l(3^>5c.»(44 

'(^f^jK^^OjiCi^)- 

OeTnonfir, 
Terminorum »(44), i(4<^)> 1(4^« 1(4^) '^ 
cionesdeinceps,nccn6 tenaiinoram i(j4>J» i(lO< 
i(5</), i(5^)> reciproc^ ruQtesdsm>qii« tcrou- 

OQrum 



M. J 






^•»'b» 
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nonnn 44, ^r, 4^4^ ^k, necaon s^ $^i 5^, sk 
ideft^t^deniitiperpttticabres. Quarum rationis 
incer 1(4«), i(4c),iniooreft hypedogarithtnus, 
quibB itucr i ( j a),i(i c): &.inter 1(4^)» i (^, mi- 
iior,qaibii inter i ( g 0) i (3 ^:Sc iojcer i (4WX i (4^)> 
'^ : tninor, qa^mioter i(3iOi < (3^).£tex minoribus 
j .hyperiogarithmis., minor eft hyperlogarichmus 
I compo{itas,rationis compoiica? imerextremos 
! 1(44)9 i(4^),qui^mexmaiQribui^iQCer«xtrcmQ$ 
I i(;54),i(ji). «Quod&c 
Qaare&c 



iMMw*MM4VM«l«BnHiJ»M«»flM«atpMii4« 



' TAwr.55. /V<y>.55» 

HYpeilogarithiBi rationum (JupUs> &lupe^articula- 
rium, qudiiinc > mioorcs iocer cerpaioQis^ e6 ^fiinc 
itiaioccs. 

Efto <<< (eries harmonica natwaJis: 5c or4ioaacur H, 'C> 
(O, (ericspFQlqgarichmorin^abvnicace; S quidem,exbi- 
nis; C,jexceraisf i>,ex/quaceroisi&(jcdf:inceps. 

'• Demonjl, 

^4fM>h I Nam in feiie arichii»etica;naturaIi,rauo fubdu- 
pla eft incer minimos ccrminosjprimum, & (ecun- 
%u 7. dom;deiodc iocer raaiores, ordinacim multiplos 
^^•'h, ' oiiniilibraQi^Wdplicec incer iecuduffl>d8quaGtumj 
-M* b* iocer cectium» & fexcum^incer quai cuwv^ odauii. 
tfcfaob I firgpireo^foce ia ierie harmooica nacurali ,racio 

dupla 



2^4 



dvfAjb 
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I 
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diipla eft inter maximos icrmiaoss , primiiiri > 8c (e- 
cundum; dcindeintcr miqoresQrdinatidi fubniul- 
tiplos maximof um 5 videli^et, inter {ecoQdum, & 
quartum; inter tertium, & iextum; inter quarcum, 
& od^auum . Ergo rationisdupte, inter mazimos 
termihos primii, & fecundum, hypotogarichmu^ 
eftfecuhdusterminusferiei Ai nempe 1(2). de- 
inde inter minores terminos fecundum, &quar- 
tum, hypologarithmus , e(i fecundas prologari- 
thmus {Qnei 9, cx duobus a tertio, nempe ex ter- 
tio, Scquarto: Scinter tertium,& (extum, minores 
adbuc terminos hypologarithmus , eft (ecundus 
prologaritbmus feriei C, ex tribus d quarto, oem- 
pe ex quartb, quinto , & (exto . & ddncepsiacer 
minores terminos, quartum , & o^auum , bypQ- 
logarithmus , cft fecundus proIogarithoBis i^rJei 
D, ex quatuor d quinto , ncmpe ex quinto (exto^ 
(eptimo, & o^auo . Sed buiufmodi fecuodorum 
prologarithmorum , maior eft , qui ex pluribu% 
qudm qui ex paucioribustermiois . £rgo, bypo- 
logarithmorum dupl^ rationismaioreft, quimi- 
nores inter eft terminos^quam qui ihter maiores. 
Quod&c. 

Kurfum m Cctic arithhietica naturalii,ratlo fub- 
feiquialtera , eft inter mioimos termioos, (ecus- 
dum, & tei tium; dcinde inter maiones , ordinaiuD 
multiplos minimorum ; videiicec,iQ^r quartani, 

&fex- 



24* ^' 
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I Bi (eitunijioter fextuai,8cnonum; intcr 0(^auun9> 

& duodecimum . Ei^o reciproc^ in ferie harmo- 

. m'ca naturali>ratiofefquialtera cSt inter maximqs 

terminos^fecundum» 68tertium ; deindc intcr mi- 

noKSf iiibmultiplos maximorum, quartum, & 

icxtum ; 6t inter minores toum > & nonum ; 5i 

adhuc inter minores odauum , &duodecimunij. 

Ergo ratiohi^ iefquialtene intcr maximos tcrmi- 

nos, (ecunduni) & tertium > hypoIogarithmus>efl 

tertius feriei A. deinde ioter minores, quartum>8c 

^xtum 9 hypologarfthmus > eft tertiujs prologa- 

rithmusreriei 7> ex duobqs^quinto > nempe ex 

quinto> & fexto. & inter fextum,& nonum> adhuc 

minores terminos , hypologarithmus efl tertius 

fcriei C> extribus^feptimo>nempe ex feptimo, 

o^uo>& nono. 8t ioter odauum>Se duodedmum 

adhucmioores> hypologarithmus > efl terutis fc- 

nei Di ex quatuor i nono> nempe ex nono > de- 

48. h, cimo> vndecimo> & duodecioio . Sed in fcriebus 

hQiufmodi> tertiorum prologarithmorum ,niaior 

eft > qui ex pluribus, qudm qui ex paucioribus ter- 

minis. Ergo fefquialtcrx rationis hypologa- 

rithmonim ,maioref^>qui minores iDtertcrtni- 

I D0s> qu^m qui cfl inter maiores. Quod &c. 

Simili prorfus dcmonflratione oflendctur ; de fefqui- 

certia ratione>adhib itis qpartis prdogarithnbs car umdcm 

rerieruoi : & de rerquiquarta> adhibitis quiotis prologa- 

LI rithmis: 



\ 
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rithoiis: &de omni iiiperpaiticuUri ratioiie • 
Quare&c. 

Thtw,$6.Prof«f$6* 

CViufcjue oumeroiie racionis hypobgarithaii , qu6 
funt) minores inter cetminosye^ iunt maiores • 

ff)lpod)* 
Efto oumerofa ratio inter ieriet harmonica? natorafe 
cerminos ab vnitate* maiores i{5«)> iCsO» & detnde ut- 
<er minores I (44), I (4^). 

Dicointer 1(44)^ 1(4% maioremefle h)rpoIogari- 
thmum^quamincer i(5(<}>rG^). 

I Ailiimanturmifiimt nmMri iii<eodan ratibne 
ia,kU iotcrmmimos medij omncs c, ^:quorum 
1 termtnontm d, ^i^^^rariooesdefncepsiuntfup' 
I particnlaties ; aflttmaotur & eomm oouitipli , do- 
27> ^' r nec propofltoium teimiootum denoioinatores 
>5* 5- I inueniantur> jir^ ^f^ ^d, 3^» 8e 44^4^41^ ^i, ea(^ 

Idem fiipparriculares iiabctes raciones deinccps» 
Sumantur deniqoe in ierieharmonicay ccrmini ab 
■ ' his denominatt i(is)f i(sc), i.(j<0> i(5^)>6c 
34. ir ) I (44)^ I (4c)y I (4</), I (4^): qttomai rationes de* 
inceps^reciproc^iunc egdemy&iiDperparcicuIares. 

Dmcnfir, 

SS'h, I Inter i(44)> i (4^:)» maior eil' hypoIogarH 
l thmu^ qoam inter i(j4)y iC?^): (${ inter i(4f)> 
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I i(4J),maior><]tiaaiiDecr 1(5^% i($d): &c inccr 

I i(^f 1(4^), maior,qH3biiintcr 1(3^} i(}^)* 

53. i^. I Ecexmaiofibiisbypok^richaiis» maior cfthy- 

J pologarithmus compoficus, racionis compo(ica>, 

' : inter extremos i (44), 1 (^), quhn ex miQQhbus» 

incer cxtremos i (ia), i (S ^) • Quod &c. 

Qoare&c. 

EIuf(iem rationis,intereo(UemterminoS| hyperloga* 
rithmus hypologarithmo eft maior. 

Sintin ferichamionica nacurah' abvoicace jtermini 4% 
h: & efto if prioriqu^m h, 

Dico rationis <» ad by inter 4> f termiaoSybyperloga- 
rithmum hypoJogarithmo maiorem efle • 

Pr^epar, 
Intcr 4, ^> fumantur mcdij omnes in (crie' harmonica» 
qiiorum iumma c> DemonJL 

bypotb. I a: prior , quiim h. 
•7. i^. 4: maior,qadcli b, 

: maior, <^^m ^ h-^. 
: hyperlo^ithflaus. 
def.i^ I c-«^^ : hypologaricbmus. 

I Ergo rationis 4 ad ^, incer a, h cerminos > hy- 
I perloganthmuS) eft matot bypologarithmo. 
|Quod&c. Quare&c. 
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EIufHem racionis intcr quofcunque t^n^miiioSy h)rper- 
logarithmus hypologarichino eft maior. 

ffypoth, comm, 

Infcrie harmonica naturali ab vnitate> {iinto tertnini 
proporrionales 4 ad hf yt c adV. 

Dicointer a, h hypolog^ithmum > hypologarithmo 
inter Cy d, maiorem efle . 

ff)fod7»p,C^ 

Efto a, maior , qu4m c 

'Demonjh'» 
14. 9. Quoniani a, maior dk, qu^m c, etiam ^> ma- 
54. h. ioreftyquilm ^: Sc incer a, h, maiorcft hyperlo- 
58. J!;. garithmns , quam intcr c,d: fedincer c, dfyhy- 
perlogarichmus hypologarithmo eft maior; ergo 
incer 4,^hyperIogarichmuSyhypoIogarithmo in- 
ter c, d, eilmaior. Quod&c. 

Hypoth, i,caf, 
£fto a, minor, qu^m c 

Demonjhr. 

14. $. I Quoniam a, minoreft, qp^m c, etiara h mi- 
58. k nore(l,qudm </; &intcr 4> I, hyperlogarichmus 
5 5 . ib. hypologarithmo eft maior;hypciIogarithmus au* 
tem incer a, h, hypoI(^aritnmo inter c, dj cft 
maior . Ergo inter a, k hyperlogarithmus , hy- 
pologarithmo inter r, d, eft maior. Quod Scc. 
Quarc &c. 



■^BF 



nM««M 



H ill 



Q V I N T V M. xSf 

Prohl, I. Prop, 5 9. 

D* Ata ratfone , tcrminos inucnirc cuiurpiam dctcrm i- 
natflc rationis numerof*, in feric harmonica natu- 
rali ab vnitatc,quos intcrbypologarithmus ad vltimuro, 
maior eft, qu^ro in data rationc. 

• Hypoth, /. 

Sit data ratio a ad l>: & fit determinata rationuroero- 

fa r ad d, 

Op ortet inucnire in fcrie harmonica naiurah' ab vnita- 
te, icrminos proportionalcs , vt c ad </: quos inter hypo- 
logarithmus ad vltimum eorum , maior eft , quam vt a 

Cotjfir, 
Rationis c ad ^, minimi numcri inucniantur r, d: & 
. cfto c roinor , qu^m </j cuius dcfcdus e: & inucniatur/ 
mulriplcx ip{ius e, & maior ad vnitatcm , quam vt a ad h 
&quotuplcx eft/ad tf,'totus numerus accipiatur^: pcr 
qucm roultiphccntur c, dy termini,&fiant ^c,£d produ- 
^i: quibus dcnominatse fumantur vnitatcs in fcric harmo- 

nica naiurali, i(^0> ^(^^' 

Dico intcr 1 (^), i (^) hypologarithmum ad i (gd), 
maiorcm cflc, qu^m vt 4 ad ^. 

TDemonftr, ' 

9» b. f Quoniam r, roinorcft, qu^m d: & ^r, roinor 
la. b, j qiiimgd: crgo rcciproc^ i(^r) roaiorcft,qu4m 
tfe/.i9.jk| i^gd); & finguli mcdij harmonici inter i(^0> i- 

f' ^ 1 (i^> funt maiorcs, quam i (^d): &ijmulomfies 



■^ 
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ad j (^d) tnaiovcs fiinc , qu^in vt eorum mulntu- 
do ad vmcacent. ^ componendo hypolog 



44. b. 



io»b. 



dtf.x ih 



I thmus incer i(^c), i(gd}y oaiorellad 1(^4» 

I quam vc eius multicttdo cerminofum ad viMtatem. 

Termini autem ferici harmonic^ ab vmtate io- 

cluHu^, vfqne ad i {gd) incluHu^, tot fiint>quon9 

eft^^: &vrquead i(^) inciuTiu^^quotuseC^^ 

&ab i(gc) exclufiu^ > v(que ad i^gd) incIuHu^ 

tot^quotuseA, gd^-gc Sed ^-*c, «ft r,Stgd 

"-gcy eft ge: & ^ multiplicans e, iacic fi Etgo 

terminiab i(gc) exckiltu^^vfquead f (^ inda* 

fiu^ytotiunt , quotus eft f. Sed termini ab i (^) 

exclufiu^, vfque ad i (gd) inclufiu^ , componunt 

I hypologarithmum incer t(gc)y i(gd): eigomul- 

titudo terminorura hypologarithmi incer i(gc)t 

1 (gd)y eft y. Sed /ad vnitatem maior eft > qdbn 

^ vt 4 ad y» Ergo bypologaritfamus inter i(^), 

I i(gd)y ad i(gd)y maior eft, qu^ai vc « ad^. 

I Quod &c. 

Quare&c. 



cmflr. 



IM 



M 



«.■ 



«»* 



ProU,2.Prop,6o, 

DAta rationc, terminos inucnire cuiu^iam determi- 
nat^ rationis numeroiar,.in ferie harmonica nanh 
raii ab vnitate,quosinterhyperlogarithmttsadprimunL» 
maior eft, quam in data ratione . 



ffj^ 
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ffypoth. 

Sic daca i^atio awdkit^t deccrminaca ratio numero* 
ia c ad </: & efto c, minor, qu^ ^, 

Oportec inuenire, in fcne harmonica nacurali ab vni- 
tace, cerminos-ptoporcionates vtcaid d: quos inter hy- 
perl6gariciimu$adptimuaseon]m>maioreft,qo!im n a 
ad ^» 

Conjhr, ' 

}9' h' \ Fiac vc d ad c, ira ^ ad ^ & inoeniancor cer- 

imini in ferie harmonical naturali ab vnitate , pro- 
. portionales/ad^yVti ad q interquos hypolo- 
t garithmusy maior (it ad ^> qdUa vt 4 ad r. 
Dicoimer^^ hyperiogatithaium> ad f, maiorem ef^ 
ie> qu^m vt 4 ad ^. 

Demonpr. 

•onfir. I Intcr f, g hypologarithmus > ad /» maior t% 

confir. qu^m vt 4 ad «^ ad^ eft vt r ad ^: ergo inter 

4. ^. tf,£ bypoIogariihmus> ad fy maior eft , quam vc 

57. b. j 4 ad i, Sedinter^^ hyperlogaridimus hypo- 

d. 5. 1 logarithmo eft maiorjmaiocemque habetiad /ra* 

15. f. 1 lionem tcrgointer^^ hypetlogarithmuS) ad/^ 

I oaaior eft, <^m vt a ad ^. Quod &c. 

Quare &c. 



^*Hi» mm^i0^mm^^fmmm ttMvaVM^ •«■■^aMM»MMMa«Hii*MM«ii 
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Pr«^ 3. Prop.6i. 

Atis duabus numero^s > & non icqoealtis rationi- j 

bu9^'vcri(quemaions> velvtrirque minoris inx- 

quali- 
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qualicatis: iuuenire inferieharmoQicanaturaliytenniaos 
duarum rationum > vt hypologarichmus alcioris » maior fit 
hyperlogarithmo deprdfioris. 
- ■ Hypo^. 

Sint duse rationes .nutnerofie , vtraeque tnaioris , vd 
vtrarque minoris tnsequalitatis , A altior , 3 dcfMeOior. 

Oportet in (erie harmonica naturali , terminos inociif« 
re vtrarumquc , vt hypologarithmus ^ > Gc maior fay^ 
^rlogarithmo 3. • 

: < ' '.. .Cohjk* 

^5.y. j Imieoiaiicar c ^ ^ > miQimi istMfiieri nutnerofae 

35* 7* 1 ^^^ioni' '^ • quorum c > mioor , quum d . Item 

I inueniantur c.,fy minimi. oumeroiie rarioois 3: 

irfASA I quorum e, minor, qudm/. Fiac ex c, ^pro- 

• j 'cd . : * ,. • / 

cg ^f £ de 

^^f ^i f* fi ^f 

^. {,. -j du(^s cr: & vc c ad dy ita c^ ad <&: & vc # ad 
/y ita C9 ad. ef . Et quoniam akior eft ^ > qudm 
I 2 j ideft, ^ ad </> quam e ad/j jdeft , ce ad d/sy 
I quam c^ ad c/. & iiint minoris inxqualitatis. 
<^.p^ erga ce minoreil ^.^de^ quam.ad^. £rgo <^ 
JO' 5» I minor eft, quim de, Sumatur inter cf^ de mc- 
dius quilibet numerus ^ . & muldpliceoturooi- 
-iefA^Jb I nes cc I ^> i>de i comomoiQerper/: ^.fiot 



II. $• 
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4(^»8i& ] prododi cefy cfzy fgy def. nCCQoa multiplicecur 

^> p^r«: 6(iit prp4u^as f^» Ec quonia cr/ad c/2,c(i: 

vt e adf: itein ff ad j^jcft vt ^aci/crgoa/ad f/i, 

eft vr f^ ad)2* E(| ^utem r/, minor,qui(ii^: er- 

i4.:f." \p>(fi> miMl^^ q^^f^ ergo f<?y5 .minor eft, 

I quam ef, ergofiint quatuo>rnu(neci^hocordinc> 

I ^fy ^ &i ' if> pnpresi »UP0K? poftonoribus ; i 

%f.h. j quibus denoinin.at£ vnitatcs i (cef)^ i (^^), i (^), 

1> i(4^/^, iyntinierjeiiarmQnfC^natiirali ab vnita< 

X4. ^. j te, hoc ordine, priores maiores poftcrionbiis • & 

44. dr I eft i(cef) ad i(^, vt <i ad q & i(*^) ad i- 

< DicohypQi<;^ariehfiiumincer.terminosi(^> i(^</)9 
fiiaior&eflehyperlogarithmoiQtercermi^os i{eg)i i(f£)* 

<<<^5& I Non) hypologaritbmus^inter ternainos ,l(cef)f 
j(drf)y cj i(^), PhiUi\ & cx omnibus intct- 
mcdijs,alijfque terminiscomponitur: hyperloga- 
rithmus vcrd inter i(f^), i(fg)t ex i(r^), & cx 
incermedi/s cerminis, yique ad i(fg) exclufiue, 
componitur. Ergo hyperlogarichmus inter i- 
(«/), i(def)y (naior eft hyperlogarithrao inrer 
^%)j ^IM' ^^^^ QMare&c. 



def.zxh 
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; / i . Prolfl. 4. Pnfp.62, 

Acaqudlibec ratione insquahtatis ,inuenirc m ieric 
hamiotuca naturaliabvnitate,terminos dctermi- 

Mm natara 
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natatn habchtes ratidnem fntcr quQS fayperlogaritbiBUt 
adhypologarichmuffl propiof eft a^a&caci; qo^tniada- 
farationc. ' • '■ ".; •' ' • 

Sit data ratio inasquaSitstid 4 adpfc 6e (kcleoerttiioatJLi 
^uafdani ratio C. • ^ ' '. ,:•... •;. 

' Oportet ihudnird termifto^ in icde haltafDn^ca naturali 
alvnitacc,habenteseamdem C rationerfi jinterquoshy- 
perlogarithmus ad hypologartthmutn ell^pN^or asqua- 
iitati, quim vt Vi iad ^. '•»:,.. ..)'-"^ ,\ 

'^o. &. I Efto 4 maior qu^m ^*^ JnDdniafiCvr Snierie.f 

I harmonicia naturafi 4a v^itjstil , tcrmim ,prior dy 

' ,' pbftcrioft;irntcrquoifeypedogar^hm«8adpcio* 

I rem dy maioreftyquilftvvt a ad^t — k 

« Dfco rtjtei- d^ e KypcrtegarJ^hrtifttti ad hypoiogaii- 

rhmum, maidrcm dlej qu^mvt ^ 4ct ^'tn^ibrefti i quanu 

vt^ aa'4.' • ■ . .-..,..- •;:': 'fl.-. -| ■ • , • 



• - « • * 



Inter ^. r^ afiumatur mcdiorum j(»nnium harmoni- 
corum fumma/ . * . • " 

^i^***- j Ifltcr rf, (? hypHeirlogarit-hmus eft d^f^ & hy- 

«»/?/•. ' pologarithmus^rr &eft ^^/^nd 4^aioF,quam 

3. 5. I vc <i ad 4 — b: &pcrconu^rnonem rationis, ^ 

8. 5. ! -h/ ad /5 minor,qnafli vt a adk^ed^d-^-^f 

i^. 5. j -+<?, minorcft, quam vt d-tfs^df, Ei>gci Jk^id 
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\f-*ey i»inoreft,qu^fn yc 4 ad ^. Ergo inter J, e 
hyperlogarithmus adb^ypologarithmucn , minor 
eft>qi)^vc d^ ad U Quod&c. 
1 Ec eft hyperlogaritbrnus hypologarithnio 
iDat0r; 4 ^9ei^>mittOC9C|juam a, Ergo hyper- 
ib)garitho3U$.a4 hypologarichmum aiaior ci^. 






/ 



SI Fueric prima ad iecundam» mifiGyrKqp^nii vt tertia ad 
quarcam)} fueric aucem prima, qu4m Cerciaf. maionieric 
8f (f^riMidai qu^m.quartg» maipr. 



z' 



'• ' ••■./•• •«> • » < » « fc ■■ «t 



8. 5. 



13.5. 

PiJ:n{i:i 
• u.. 



maad fccundam} loai^n 9 qui^ v^ tqrtia ad <^f- 

tam: contra hyp^^che^ • Quod fi fecunda t&t 

%^\ .^ atocR^qu^quar^.iifftt.RIIHgiaad fec^o^jiii., 

maior,qu^m vc ad quarcam.-priyiaautem^ j(^i[- 

tam,Qiait)it^q^V(if^(i^ aftiqq^tam: dlet er- 
go prima ad fccuijkd^o maior , qudm vt ccrcia ad 

mAxtmi pnura:by{vwhc|fira,jjEi^ .^q fecun- 

i^q^arj«flW»?ir..9i^^.^ ^qaroSfC, 

— ■' " • . ' I tii r 




I ^ricprimaad (ecundam,.9VH6tra%t^yt ({crtia.^ 
quartams fuerit atrtmjf iijfftvi^v% |«i:pa| «»in^r* 
^'M M m 2 * crit 
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critsi:fecunda;,qudmquarta, mmdr. ' 

Demmjlr, 

8.5. I Namiieflctrecundasquatisqua/tje.-efletpri- 

I ma ad fecnndam minor , qu^m vt tertia ad qaar- 

' tam.contra hypothefim. Qiod/i Ibcufida c^ 

' 9. ^. maior , qti^m quarta : e(let prima a<i fecundam^ 

8. 5. minor,quumrVcadquartamxprimaautead quan- 

13* ;. I tamxminor eft, qudm vt certia ad quattam .* eflec 

|-crgo primaad fccttmkm , aiiiior , qu^m vc ceitia* 

,! ad qu^rtam. c6ntra'1iypdchelim. Eft crgo fe- 

I cuhda, qu4m quarta; minor. 

-Qtiare&c." 



> . • 



* « V I « 



^mmmmmm 
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E'Arumdelm' tiunierdrarunn raicibiiuak vna tkacistb 
quancitaseftlogarithThus." • 

Sunto dux qaanttcates in^uale» *h ^ ^tBn a, loga- 
richmus ratiohis C. ' f» - f h : 

Dico y noneftelogaritlionnti.r^ltioififf C. 

So matuf eiofHem ratioiois Q bypertdfanchnuB 
€i* h. \dt & hypologarithmus r, ptidpiorfSi «qualicati; 
QU3mvt4ad 9. - •« 

Demonfit^ ' ' '» 
J7. h. . </:maiorqiiim'#. • : f ;.; ; : 

St ii> maior eft; qtiam ^ ^ : • 



l »•", 



cmflr. \di ei tninor^quiliT) 43 ^. • 
6$ . b. c maior, qu^m h. 
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def:2.^ 



y, non eft iogarithaius rationis C. Quod &c 
Si 4, tnihor^ll ) qu^m ^. . . 
c«i^r. I e'y d: maior, qudm 03 ^* • 
i((f.x4ib ' ^ minor, quini A 
64. ib. di ininor> quam ht 
'ef.x4h \h noncftbgarichoiusi-acioms C, QuodSCc. 
Quarc&c. 



tmimmm 




€t^niin;lt{e nuniero^a? rationis*. hypologarithmiad 

V.kimutiv t^l^min&nd, & hyperlogiirithfiii ad pri- 

miiai|irUflG]Pittion€S)^afiirifiiiita?. .' ; < 

.Tkmonflr^ • 

59» i!^ I -. P6flUhtJeniminueniiicui(i(quedeteraiinatf ra- 

tio'n)iinum€^ra^cera)iiii'kftrl€ hat^nioaica nac-a* 

rah iu> vnicate, qubrum aci 4rtri(titrm> bypdlogari^ 

do. i* J thmusmaioreft,quam indata quaounque ratio- 

-tn^-jlreiir; qnoram«l fntmtwi ;1iyperfogamh«nB* 

imaior eft, qu^di in data quacunque ratione. Qua* 
re hypologarithmi ad vltimum terminum', & hy- 
-perltjgarithnii adprimutti; i^jltioqu^n eftinfiaica. 



• *• 
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SI trlum in2qualfufnquantiXi9^i|8^lil^](tQ^}^mifl4q^i^ 
fucrint propiorcs s^ualitatjj qniiuf clatar^tip m%Q^^ 
]itatis:ctfani maxinia, &aiejdi%ir;fia€di^9 d4 i|H|iii^> eruat 
prcpiores xqualitati > qu^oHlatA cafi(3||i.i j^o^ j; 

J^potK . 7 , •. . 
Sintfnsqualesquantitates i%^ fii tiuu^m». qiikktn 4^ 
minima r: &rit data ratio inxqQ^iai$t$ .(i/.ad.fi.anusiiijt: 
ior termik»js.(^ pjiiiftr « ^fitc 41 nie^ ]fto^3^ik^wi^ 
f^uamdzde. '' .:^.. [/ 

Dico 4j ^> 5i ^i c: propiores 3f qualitati> quain Ji e: 

- - Vefnpn^K .^ .^. . 

hyfoth, 1 4j f : prop(pr,3c:qu^it.%fi> qi^ 4 ^. 

1 j. ? . 45 ^: minor, qMa«»i</j>. $1 4) 46. Ql^iftf £Q|}]iip.<S<^ 
</<r/.^.3. a-t k propior ^quaU^an^iqu^m d\ e. Quoa&c. 

piores ^equalitati, quam in^iata ratione . 

.-> ■•: Hji' 
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Sit teafralip inirqaalfcatjs s ,iid h-, «uiiis maior tpr-r 
minus a, minor ^?^(it4ettiriiiiaa(A quieiii:!! 'j*atlo c!l 
Oportet inuenire hyper logarithaios 9 & hypologari- 
Bio$ adlnftiiceiift, 8t ad togamhmum ratibnisC^ pfropio^ 
res ^quaUtati > qt^iiiih ratione 4 aid ^. > 

6x. ^: t -^nuefifaikur iii^eHe hantaonica dwarali ab vm- 

i^t du^ t^hnifhi '«^' f> h^Mte« eamdhn ratio- 

I nem CjTnt^t-quoshyperiog^nicknas jv'^dhypo* 

" * ^egMvthfnufn ^, fie ^profNor cequaikati^ <|uaai ui 

I rationc 4-ad ^: ^niantcfrqUe minores termini 

^ I quim 4i ty eanKkm h^bentes ratiOnem' f j^.inter 

I quos efto hyperlogarithmus h^ deefto hypol^ 

( garithmus i: & eiufdem rationis C, e(lo logari« 

•^'■'•-'Ithtmiii- '•';--> •••: • ■ .. ' . .•) 

' ©kio /ii,ife, I, i<o firopitSpes-efleaBqtialiwtivquam in 

i^iiric "4 ad ^: ' = '•'i- •'- . : :r.-j( 



f .' '.II 



1'' ;•• 



y4'*. }/r ttwior eft,<|uam ^. 
iftfA^fc' 4r, maior, qudm <;. 
w/ti^-' J^J^aio'r,qulttiV;' 
yk &'. * f: ttrtibr, qu^m ^'. - 

J^^fpfopior ?(jUafitdti, quim <^ *. "• ' 
/) ^> Ka hii propior^saEqtialic^^^qudminratio- 
j ne 4 ad b, Quod &c. 
Qnarc 8cc. • 



I . 



conflr» 
^7. fe. 
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Thear, ^4. Ptdp, 6$. 

Elurdetn rationjs hxpcripgdnthmi, hypol^garithnny 
& logarithfnus, -quaii fuiic ;^(|U^s . r : . : . ^ . 

<(9..^. I Pofliantenim inucniri eiu(^bB r^tionis hyper-: 
logarichmi > 3&hypologari^hmi>^ ^d inuicem > 6e 
ad togarithmum propiores xqualitati , qu^m in^ 
<'(/*5'3* data^qualibet ratione hiaequalit^is* Quare ciu(^ 
i demrationis.h.yperlogarithnii , hyp^c^Qgarithmi) 
j 5(logar«lhffl^^uafifunt:«^q9ales.^ , j 



•MMMl 



^ ■ 1 1 .0 ' i i- 



«.•.M«M^I 



' .!M1 ■ ■ !1 ' .. ' "" ' ! « 



2£J QuealtiirunxnumerofarumF^ionuimjfqualesfunc 
jCJLJ logarithrti. 

6^, b, Earumdem enim numerofarum i^ationum, vna 
tantu(iit|uantiias,e(|blQgarithnnu$. Sed ^equeal- 
tx, flint eiedem inter (e. nam nnon dlieat e^eoi» 
cum vclvtraquefit maioris, velvtraque minoris 
in^qualitatis ; vtrarumque maioris , qu^minor ei^ 
fet, vel vtrarumque niinpris injequahcacis , qiue 
maior cHec, propior enec £e^ualitati : 6e nondlenc 
j inter (e arquealtx; contra, liypptheiim . Ergo 
I ctiam£queaUif)r(^qi;rationum:,yna tantiiih quaH' 
: .] titas cftloga/[ithmus • 
Quare &c. 



^m 



' k • • / 



Theo" 



• .'«t* •-• • 



• a 
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Thear, S6.Prop, 71. 

NVmerofarum fadonoiny alaorisy maior eftlogari- 
thmus» & depreffioris, minor . 

0jfoth. 
Sunto numerofse rationes».^ akioT> jB depreffior: 61 
cfto ipfius Ay logarithmus 4; & ipfius ^, I<^arithmus t, 
Dico 4^ maiorem efle^ quam ^. . 

Pr^epar. 

6uh, Inueniatur r, faypologarithmusrationis Ar^ 8c 
^> hyperiogarithosus rarionis 2$ vt fit r^ maiory 
qu^ra.dL 

Detnohfir. 
■4f^a4f> 1 4: maior> qdlm c. 
««i^r. I a maior, qoitoi <iL 
4^.34^ ) di maior^qudm h, 

1 a maibr, qodm ^. Quod5&c Quare &c. 






^«pMM»^MWHMiW^^M^MaM*««| 



Theor»6j, Prop.yz, 

MVkiplicatarum numerofarum rarionum hyperIog«- 
rithmi funt quafi aKiuemulti plices: item hypologa- 
rithmi) quaG a^uemultiplices • 

Hypodf}. 
Sunto rationes numerofae Ay 7: 5e efto 4» triplicata^ 
rpfios 3,. 

Dico hyperlogar ithmos i^, hyperlogarirhmorum 9, 
quafi triplices efTe. item hypologarithmos hypologari- 
thmorum ', 

Nn Dr- 



^p* h. 
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• ^ 'DemoHfir. 

53. b. I £x 3> 3 radonibindefnoeps» (fiipficar^ f^iP?" 

~ ni$ hyperlogarithimBy «ift cx hyperlogarijhaus 
Vtrarumque 9, 2 Goaipodcus. £rex 9,2?,3r^ 

I tionibus deiinteps^criplicat^ rationis J, liypctlo- 

I garichoKiSi^ eft ex hyperlogarithmis erium 9> 7, 2t 
compolitus. item- hypologarithmus cxhypolo- 
garithmis . Scdrafionum S, % 3 deinceps> hy- 

I peHogarithmijfiinrquali seqaalcs s icem hypolk>- 
, 1.^.5.. f garithiBi><pia^aqd;rie8. £igo componendo,ra- 

' tionis ex duabus 2> 2, duplicatar hyperlog^ri- 
thmus>ad hyperlogaf ithmum vnius 2> quaii eft 
duplex: &iterum componendO) rationisi!f>«x tri- 

j bus "By ?>?> triplicatachyperlogariehmus^dby- 
perlogarithmum vniu& 9> qua^ eflrtri^cx ^ itent 
hypolbgaritbfflus ad hypoiogarithoiaai^quafi eft 

l^tripkx. Qjiocl^ 
Quare &c. . C 



4J. 3 



i*i 



■> i» 



Thcor. <j8. Ptop. 73. 

MVIdpIicatarum numero(aru(arationuin> iiiQC «i^c- 
mulciplices logaritbmi . 

Sunto racione$^> S> numcroia:: &efto AymvSid^ 
' cata ipfius S: 

> Dic o logarithnium ^> logarithmt ^ tocuplicem e(Ie> 
quotuplicacaeft ^ ad;^. 
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49* h. Hyperbgarkhaii» hypologamhmt , & logorH 

thmus j^f liQti^uafi x^ualcs : item hyperlog4rb;> 

thtni, hypoIog3itthrtu,& logarichmus 'Byfnnx q ja- 

71. fc. fi sequales . Scd hyperlogarithmi Ay ad iiyperlo- 

gavi(hiii9s *Bi & hypologarithmi, ad hypojoga.- 

Qthnaos jiiiQC quaii totuplicesjquotuplici^caen; 

31* 5* l^ ad 9. £rgo hyperlogarithmi Ay adlogari* 

^5< h. ^ thtimni % fuht quiii totiipiices . Sunt autemioigar 

33* !> rithmi >j, & ^, quantirates determioat^ . Ergo 

- ■ logarithmus A^ ^ logarichmum % totupkx clt, 

I quotuplicataeft A ad B, Quod &c. 

Quare^ ... 

Ationes numerofg logarichmicam inter ie raiionem 
habcotesy Iogarithinic^.iuhc;proportiooaies, vc 
«arum logarithaii . 

UyftSfu 
.' Sunto' numeroii^iationcs Ay% leganthmicam inui- 
icemr3tioficmhabences':.6teftonicioots Ay iogarichmus 
4j &rationis 7, logarichmus ^. 

DicQ A ad % cife k}gamhmici>iicut ^i ad h, 

. ?r4tf0t^ 
Rationis i^> & quandcatis -a^ iliimantur mulciplicata^ 
ratio 5 Ay &s^einukiplex quaiuit^ 5 4: item racionis ?> 
^c^uaaticatis h^ nwktipiicata 9$>6s;Ee)qucmuIciplex 4^. 

Nn 2 - De^ 



R 
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Demonfir, 

byp^tb, I Rationis A, logarithmus eft 4. 
j^.b. Kationis 5^>.logarithmuseft 34. 
typ^h. Rationis 9> logarithmus eli L 
7}. h. Rationis 4^, logarithmus eft 4^ 
yt.b. I Si 3^ eft alcior, qu£lm 4?^ ctiam' SOfdk maior» 
-jo.h. I qu^m 4^: fi depreflior$raioor: iiasquealta^ 
I asqualis. • 

4. 1 i^ ad S, €ftlogaritfamiG^,ncut 4ad^^ Qgpd&c 
Quare&c. 



l«Hn«aHM«MHM«M«it*>*i"a««aM»<«MMBf«l«^«M«» 



m 

Proyi 6,ProjK J$\ 

DAta rationc , numerolam deprdfior inuenire » 
Hj/patk 
Eftodata ratio 4 ad^: cuiusmaior termious d^ m>> 

nor ^. 

Oportet numerofam tnuenire depcefllorem^ qoilai d- 

ad ^. 

Cmfir, 
Efto e, exceifiis a — k -^ mufefpircetur r, donec fiac 

maior, quam k & fit multiplicationis numerus i: cui ad* 
ditavnitasfaciat ^. 

Dico esidd^ deprci&oreffl e^, qaafn a ad L 

'Demonflr. 

Quoniam cdy maior etl qu^m k ergo ed-^cy maior 
cft , quam ^-rfj ideit, maior , qu^m ai & ^-^c ad c, nxi* 
ior eii^quclm 4 ad c: ergo per cpnueiiipnent rationis d 
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-fc ad cdy niinorcft,qu^iii Madk Sed cd-^e ad cdy dk 
vt d-4-i» zddiSte e& d-+u: eigo & ad ^ minor eft, quatn 
4 ad ^ & eft ^ maior> qus^m d: ergo r ad ^ eft depref- 
(ior> qdim 4 ad A. Qnod &c. * 

Qoare &c. 



■i 



PrcbUj^Prop.^je, 

DAtis duabus rationibus non zquealcis > logarithmi- 
cam racionemhabencibus:inueniic numerofanL* 
rationem ,deprefi6rem altiore datarum , &altiorem de- 
preffiore. 

a : £ e h h 

c f d 
l i k 

Sunto rationes dats maiorisuHtqaalicatis» 4 ad ^ al- 
tior, &i c 2dd depreflior . 

Oportec rationem numero(am inuenire , deprefliorem, 
qu^m 4 ad h, Qc alciorem» qu^m c zd d, 

Confir» 
Sumaturinter 4, by ucdta proporttonalis r: & interr> 
df media/ Et vt/ad r,ita fiat e zdg: Scvt/ad dy \u 
€ z,dh &er}texxquaU^ ad hy vt c ad ^:ericque^, ma- 
ior , quiim hi & eruAt g» r, ib, tres continu^ proportio- 
naies : eritque ^ maior,qu^m ei & r> maior>qu^m h. 

£t quoniam ficut 4 ad by duphcata^ft racionum 4 ad 
r> dc « ad ^j fic ^ ad ^» duphcataeft racionum ^ od r, c^ 

■«ad/7: - 
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■ / l . •.'»■•• r .■ 4. '■ " ■ ' 

i8. 4. \e adk permutaDdocritfidit Aad lrfakior,€fAai 
£ adh', fic 4 ad ^> & e ad h, altior,c|4^{n / ^d e, 
U^sdh: iuotque fatioaes.isaiorisiaa:qualitatis: 
€rgo a ad e, maiorc^>jC}uaii) £ ad «;& 4> fnator, 
jqu^Qi ^* itcm e ad ^ tnaibrefti^ulia> ad htt 
hy tnaior» qiiani i. V > 

Duarum 4]uantitatum ir -«- ^, are! h, Ibanetti' Tna 11011« 
maior^quamalterarqusnt h — hi cuius ^quatiter diui6; 
fecundumquemlibetnumerumparticulafit i. & multipli- 
cetur /, donecfiatprim6 maior^i|u^m h, & efto multi> 
plicationisnumerusV^ Deinde mukiplicetur /, donecfiac 
prim6maior,quam^ & (it mulciplicatiohis numerus L 

Tkco l M ij xlepreflibrem e(Ie>quam a ad^: aitiorem, 
quam c zdd, 

Detmnfhr. 
Maior cft ^--^jqu^m /: fed Ki-^h nonnuipr:eigo 
h — ^ maioreft,quam Ki^^-h Qih, maior,qudm Kt: & 
cO Ki maior,<]uam k £>einde*<ff aci ^^dtvt ^adkSie 
ad £y eik vt h ad t^ ergoex jequaliinperrarbata» -a sidgi 
cft vt h ad ^. &permurando a Sidh, vtg ad i: 8e *— *^ 
ad ^— ^ \t 4 ad^: fed a maiore(l,quam^ ergo 4—^, 
maior eft,quam h — L: fed ^— ^, maiored^quam i: cr- 
go 4 — £, nia{orcft,qwam/. (cd ^<~>^, oonounaref^, 
qoam / . crgo 4-»-^,. maior e/l, quim /f-^-^: t^o 4 nw- 

ior 
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ipr cft/qdlm U, £rgo li ad !;> vel / ad 4. minor cft> 
qu&tn tf ^ k & {unc maioris io^ualicatis : ergo / ad ^ 
'dcpre(fiore(^,qii^ « ad i, Quod&c. Rurium li maior 
eft, qu^ai^: & /^ maioreftquim X^rV Ergo U ad Ki, ve! 
/ sid ^>.'maidiricft,qu2lm gajdh, velqu^m c ad d%^8i Tunc 
maiorit in^quaiitatis rauones%rgo / ad A^>alcior eft^qu^m 
cadd. QuodScc. 
Quare^. 



^m 



■ . '. frdL H, Prop» 77. 

DAta^^ualibet Aon oumerofa radone, dataque alcera 
qualibec racionein^qualicacis: duas numerofas ra- 
ciones inuenire alciorem & deprefliorem, qu^m daca noa# 
numeroia^ logarichmic^ proporciona]es> vcnnmerusad 
numci um $ propiotes ^aequalicati logarichmics > quam llc 
^a^keraracio.- ; 
^ * Hyfoth, 

Sit dataquaeIibetrationoQnumeroIa;cuiusmaiorter- 
miiius^, minor bi Sencdaca alcera ratio ina^qualicacisj cu- 
iusmaiorteniiinis Cy minor d, 

OporCQt inuenif e dnas raciones numenofas > aIdorcn[L/> 
,0pan\"a^h'i &dcpre(&orem> quam 4 ad ^5 logarichmi- 
c^propordonales^ vc numerus ad numerum : (eJ vc akior 
wi dcprelfiorem logarichmice (ic minocy qudm vc c ad d. 

Conjk, ^ 
75. 6. . I foueniacur racio nuniero/a / ad ^ tIepre(rior> 
* l qaam r ad^ iumaturquenumerus gy pariterpar, 

ma- 
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$i. j. j tnaior qu^m r, & quotus eft^, fubcotuplicaca^ 
racionis aaidh, racio inueniacur h ad i: 6e iniK* 
niaturnumero£iTatio Jt ad 4 depreffior> qusba» 
hodi: & riCionis ^ ad 4 fiimantur duplicatajy 
criplicata> & deincepis rdiqus multiplicata;>dooec 
fiac ratio M, prim6 alcior , qudm a zd k ScGt 
multiplicationis numeris m: qui vnitate multatu^ 
relinquatur m & quotusclt n, totuplicata> ratio- 
nis iiT ad /> fiac ratio 3^. . . 
Dico racionem 9i depcefliorem efle > qu^ 4 ad ^ & 
Ad ad 9^ logatichmiceminoremefle> qilam vt e ad d, 

Dcmonjhr. 

Si enim racio ^> non eflec deprcffior > qu^m azdk 
cflcc vel £que^ca> vel alcior . Sed non dSt alcior alioquin^ 
Adi non eflec prim6 alcior> qudm a ad k neque eft ^que- 
alca , alioquin eflec eadem > atque 4 ad ^ & eQet cuam «f 
ad b ratio numerofa, contra hypothefim . £rgo racio ^) 
ef^ depreffior, qudm 4 ad ^. 

I Deindc quoniam K ad /> efl depreflior> qu^ 




quocus ett m, eit aitior > quam 4 aa b» crgo nu- 
'^^4* j merus i», maior eft> qdlm^;!fed ^, eflmaior, 
j quam e: ergo m> muko efl maior, qudm ^ & eft 
, I ;?? ad vnitatem, maior> qudm e ad eamdem voi- 
tatem: & per coouerflQnem i:ationis> «» ad »> mi- 

Qor 
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iotiftr, I nor eft, qu^tn ^ ad / Sed vc m ad », ita logari' 

17. 4. j thmice eft - ratio M ad fationem ^, crgo ratio 

I M ad f atjohem $)?'> minor efl; Iogarith(nice,<)uslm 

t vt e adfiSii mu]t6 minor,quam vt c ad ^.Quod &c 

Quare&c. . - . 

■ 

Theor» jo.Pndp.*fd. - ■'■ ■ 

NOn numerofxrationisynaTikhc^m.quanricas> eftlo- 
garithmijs. - . 

- £Ae raeta <• ad ^ non numero(a^(intque duae quanti- 
tatesinsequales, f ttiaior,^^ miner;quarumvnar,e(lolo- 
garittimus ratibnis a ad i. 

Dico d, non efIclogarithmunvr;ttionis 4 ad ^ 

Pneptbf.- 
^7. »• I InuenfantDfducBracionesnumdrowf, £aitior, 
I quagi <» ad ^, & F depreflror: vtrK E ad f ,lo- 
garithmic^ (icuc numerus adnumcrum, Sc miiior, 
quam vt r ad d. 8X affigncntur ipfarum £, F ra- 
:Ciontim>k)garithrai^,/ ' .' ' 
; . Dtmonftt» 

frapar, \ E\ Fz logarithmic^ minor , qu^iii c, d^ 
74. *. £', Fiei fl 
17.4. tfjy? minor,quim€5 if, - 
def,^4h e: maior, quim c. • 
tf^. fc. ^ niaior, qu3lm ^. . • 

^•i# ^i non «A logaritbaiU9^fationi9 a^ -ad h Quod &€. 

O o Hy- 
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ff)/poth,i» < 

Efto d^ logarithgiu^ ratioi\i$ 4 ad ^. 
i^ Dico c> none0eIogaiithmumratiQDii8 4 ^ik 

Demmfir^ 
ftif. I e;fi minof) qu^m r, a» 
».5. |^^:maior>quimrfs f. 

64, h. ! « minor^quim r. 

def.$4h f ^noncftlogarithmusrationis aadB, Quod^ 
Quare &c. 



^^tammmaimmtmmmmmm^tmmmi 



Thetr* 7 1» Prop» 79» 

NOn numerofarum rationum»altiorismaioreft loga- 
lithmus > ^ ^epiiefltoris minor .. 

0)fO^ 

Sunto non namero(b racione% v^ aItior> 9 depreffior: 
&eftoipnus 4> logarithmus 4^ 6ciplius^>Ioganthmus ^. 
Dico 4> maioremene>qu^m ^. . 

7(f. i&. I Inter J^ 3 rationes> inucniatur Qumeroia ra- 
< tio C> depreflIor>quam A^ altior quam ^: cuius 
I logarithmus efto r» 

Demonfir* 

ef'.j4h 1 4: maior e(l> qudm c, 

<f^.34i!> I a maior> quam ^. , 

I a: maior> qu^m ^. Quod&c. QuareSec. 






r 



T^a* 
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m 

TW.71. Prcf. 80. 

MVh^Iidicaniih rationutn > func squemultiplices Io« 
garichiiii. 

Eftoratio c^ racionis 9 criplicaca: Kcfto racionis ^, 
logarichmus a; & racionis 9> logarichaius k 
Dico 4 ad ^:cripKcem dle.. / . ; 

Hyf^ft <ontraMBma in friim caftt, 

r d 
E A F C 9 a 

e a f, i h h 

£fto fi fieripoccft a Gaaior , qu^m criplex ad ^. 

Pr4^4r« 

7^*i^* Incerracionem^ad^alcioremy&racionemtri- 

plicem deprefliorcm>rarionumerofa fumacur c ad 

77. h, * ^> deprelfior>qu^m 4 ad &> alcior > qu^m triplex> 

&VC4> {ltmaior>qudm q&</> maior^quam b, 

Etinutfniantui^daae numerofieraciones» E alcior 

qu4m AyOcF depreffiOr: vc fic £ ad F logari- 

tbmice ficuc numerus ad numeni> & minor > quam 

77. b, J vc 4 ad c, Item inuenianturdu^ numerofx ratio- 

I nes, CJ akiorqu^m 3> & ^dcpreifior j vtHc G 

• I ad ^logarithmice ficuc numerus ad numerum, Si 

' minorqu^m vc d ad k Sinc aucem rationum E, 

F, G, H^ logarichmi Cifgt k 

Oo 2 D^ 



I 
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c a f i ./ k l 



14.4 



hyfotht- 
17.4. 
74. fe. 

17.4- 
frApar. 

74. fc. 
17.4« 

prxptir 

74 
17.4 

defith 



1 

.Demonfk»:.\ .;\, < * : 

i4: aitior)quam:F« ", . • , r j" ; . .. 

Ai 'Bx logarithmice tnaiorfqU^ Fi. 'B, 
fr^ipar. j G: altiof, quam S . 
14.4. 1 Fi S: logarithmice maior ,q()itii fj G, 
17, 4. ' .45 »; logarithmice maior, quam Fj G. 

:^5 »: triplicata. 

Fi (7 .V depf elfior , quim triplicata^ . 

Fj G: logarithmic^/5^. 

.^j:ininac,quamtriplex. .. .'. ' ? 

£'y F: logarithmice minor, qujini a-, c. 

E'y F: logarithiriice r^fi 

eif, minor, quslm 4} c» 

e: maior, quim a,^ 

fi maiot;, quam r. 

Gy Bi. logarithmic^ minor>;qH$iai ^ A:: 
." i. ( ^; fc: logatithmice C7; ^. 

^', k minor, quam d',k \ - 

X5 ^.' maior, quam ^; ^. • 

kminor, quim h, 
6^:h. U:minor,qoilm«^. . 
^7. /;. I /; g: maior, qu^m Cyd, - ' 
prxpar. | ^- maior,quara triplex. 



fyi^ 
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U* T* ]^^:fDaior>qudmtripIex.') qux funt concradi^ 
f»p. I fi ^ minor> quicn triplex. J . doria . 
£rgo a ad ^, non eftmaior><]uamtripIex. 

Hypoth, contrad» in fectmdo cafu, 
€ • d 

E A F G "BH 

e 4 f g' b h 

£fto fi ficri poteft 4 minor, quam triplex ad h. 

Pr*epar* 

i6. fe. j inter rationem aaAb deprdfiorem , &i ratio- 
nem triplicem alciorem ratio numerofa fumatur 
c ad dy depreffior,quitoi triplex; altior, qudm a 
ad ^: &vt f Ht maiorqu^m ai & ^ maior, quaqs 

77* ^* d. Et inueniantur dux numerofs rationes, E al- 
tiorqdim c^, & F deprelTtorj vttit E ad Flo- 
garitfamic^iicut numerus ad numerum,& minor^ 

77* ^* I qu^m vt c ad a. Iteminuenianturdua; numcro- 
1 (x rationer, G altior, qu^m 9^ & H, dcprclfiorj 

fvtilt G zAHy logarithmicefioitnumerusadnu- 
merum,&miaor,qu^mvt b ad d. Sintautemra- 
tionum Ey F, C?, H, logarithmi e, f, £, K 

'DetMnjbr. 
frnfmr. Ex altior, qu£im A, 
14. 4. E'yHi logarithmice maior, quam A^ H. 
prapar. S: altior, quam H. . 
14. 4. A^ H: logarithmic^ maior, quam A; 3. 
17. 4. 1 F>', H\ logariihmicemaior, qu^m A-, 'B. 

Aj 3: 



fti>4 
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d 



E 

e 



A F 



C 

i 



3 
b 



H 
h 



hypoth. [ j4'y *Bi triplicata . 
17. 4. 1 £j Hi maior, quam triplicata • 

e; fe logarithmic^ vt jE^5 /X 

e'y h: maior> qu^ triplez . 

£'y Fi minor, qu^m c; 4» 

E; F: logarithraic^ vt e^fi 

V; fi minor, quam cj ^ 

fi e: maior,quim d^c» 

y:minor,qu^miii. 

e: minorjqujlm r. 

G', Hi Iogarithmic^minor,qu^m ^j d, 

gy fc: logarithmic^ , vt <7j iX . 
17. 4. 1 a ^' vaitiOT, qudm ^ </, 

^: maior^^quim ^ 

h: maior, qu^m </. 

f; h: mioor, qu^m r; «/. 

c, d: minor, quim triplex . 



74. h.^ 

' 17- 4« 
fr*ptcr4 

74- &• 

17.. 4« 
z. ^. 

64. h» 

pmpar. 

74'*. 



icf.^xh 
6^. h. 

6j.h, 
pTdpar, 

Jnp. 



ei h: minor,qu^tripIex.'> 



, e-, h: maior, quum tripkx 
£rgo a ad h, noneftminor,qu^mtrip]ex. 
Ergo 4 ad ^ eft triplex . Quod &c. 
Quare &c. . 



qua! Cunt contradi- 
dorku 



rh 



tO' 
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Theor. 'j$,Pr&p, 8i. 

QMni£irittn rationes> logarithfnicam incer fe ratio^ 
nem Jiabeoces^logarithmic^ fuot proportionales^vt 
earumlogarithmi. ifjipath, 

Dico A ad 9> efle Iogarithmic^,{icttt4ad^. 
Sunto rationes J, Sy logarithmicam inuicem ratio» 
aeaa liabentes: 6e efto rationis A^ logarithmus tfj & ra- 
•tionis >3f logaritbmus h, 

Pr^for, 
Ratioms^j.&quantitatis 4, rumantur multiplicata ra< 
tio 3 ^> & a*quemulciplex quantitas 5 ai item rationis 9, 
& quanticacis hy muitiplicata 4?, & a^quemulciplex 4^. 

Demmfir, 
Rationis ^, bgarithmus eft 4. 
Rationis 3i4> logarithmuseft 34. 
Racionis 9> logarichmus eft A 
Racionis 49> logarichmus efl 4^. 
Si 3^4, eft alcior, qudm 4?$ eciam 34, eftmaior, 
qudm 4^ fi deprcffior^ minor .* fi ^quealc£b> 
^qualis. 
tfcf.8.4. 1 A ad 9, eft logai ichmic^> (icut 4 ad ^. Quod &c. 
Quare 8cc. 



80. ir. 

hypoth, 
to. Jr. 



«•«MMBwil», 



Theor, 74. /V<)p. 82. 

DVarura quarumlibct numerofarum rationum > hy- 
perlogarichmus vnius ad hypologarichmum alte- 
nus^maior eii^ qu^m vtlogarithmus ad logarithmum . 

De- 
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'Demonfir,. 
de^x^jo- 1 Efteniai hyperlogarithauis vmos^ciurdem to- 
I garichmo maioc; & eft hypologarithaius akerui% 
%, $. i minor einiclem logaritbmo . Ergo kyperk^ari' 
tlimus ad logarf thmum vnius y maior ell , <}u^m vt 
hypologarithmus ad logarithmum altcrius.Quare 
permutando , vhius hyperloganthmus adhypo' 
I logarithmum alterius, maioreft> qudm vt logari' 
] thmus ad bgarithmtim . 



^i' 



^^mmi 



ProhL^Prop.Si. 

DVarum datarum noa ^equealtarum numerofarunu 
rationum > datis terminis alcioris : inuenirc termi- 
ncsdepreflioris, inrerquos ad hyperlogarithmum, maior 
Ht hyperlogaritbraus alcioris, qudm vt logarithmus adlo' 
garithmum - 

&fpodi}» 
Sint data^du^ noB asquealta? namcrofa: rationes, AiH^ 
tior, S depreflriortlintqucrationis\<4,.daritermini r, d, 

Oporict racionisS terminos inuenirc, inter <^uos ad 
hypcrlogarithmum, maior e(l hyperlogarithmus inter c^ 
dy quam vtlogarithmus A ad logarithmum. 9» 

Conjir, 

Sumaturintcr c, d, hypcrlc^aritfimus e: & io- 
ter altoi quoslibcc eiufdem racionis-^ ccrminos 
f^.h. l minores,quam Cyii, fumatur alius minor hype^ 
€i..h. I logarithmus^ Sciaucmancur termiQi^> hy mra- 

tionc 



- ^^ r N T V m: 1^7 

ciojfie % iQterquoshyperI<^arithmas /, ad faypologan:'^ 
thcnum K, propior fic xquslitath quatn vteziAf 

Dico e ad i maioreoi efle y qudm vt logarithmus ra- 
•dOfiiSvi» adlogaridbmtim rationis S,. 

I • - • • " PftttUtf» 

Bfto-4> lc^arithmusratiQQis ^: 6{ ^^ [logatithmus ra<t 
tionis9. . "^ 

Demwfir, 
fi muor edt, qoibi a, 

^) 4: tnaioryqiidm fj/ . • 
i/fr. j ^; ^ maior , qu^m i» 4» • 

dtfi^. I ^: maior,qudm i^ 
>i8» ;. 1 iy h maior,qu^m i> ^. 
ij. 5. Kj 4: maior,qu^m ij ^. . j 

f. 3. I e-, i: maior^quim a^ k Quod&c. 
Qiiare&c. 






*»mm^imm 



I 



Prol>Lto»Prcp,8^. . ^ 

DVai um datarum non gquealranim numero/arum rai> 
tionum, datis terminis deprcffioris: inuenire rermi- 
nos altioris, inter quos hyperlogarithmus , ad hyperlog^* 
rithmum depreflioris, ininor (tc , . quam vt Jogarithmus a^ 
logarithmum. 

Sint datse duie non a;quealtar numcrofierationes, A al' 

ti^, S depreffionGntquerationis^ datitermini V> </. ' 

- Oportet:ratioQiS( 4 ^muios iQiiCQire^ ioter.quo^h;^ 

Pp pcr- 
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periogarichmusxadiiypeiic^arithmuai iocer /9 ^mioot 
eft , quam vdogarithoias A ad logarithoium; 27» 

Cmjhr. 
Sumatucifiter c^ d, hypcdlogarichmut ^t Srin- 
ter ahos quoslibet minores termiaos, qu^m Cy J, 
fiimgtur aufiiem radonis S alius minor hypcr- 



54.*. 



] 



logarithmus /: rationis autem .'J,inueniaocurter- 
mini,^,^, interquoshyperlogarithmus f,adhy- 
pologarithmum i^.nEuiiorii&qnam vc< ad/ 
Dico/ ad Cy minoremefie>qaiUn.nIogarithmus.^ad 
logarithmum 5. 

Efto ay logarithmus ratlonis A: & b, l^arithmus tzr 
tionis % 

Demcnfir. 
a: maioreft> quim K, 
k oi mioor,qudm /$ K, 
iy K: minor, qu^m e^f» 
k miaor> quim/ 
r,fi minor> qudm c; k 
1; d\ mioor^quam r^h, 

f. 5. \h f» minor>quim 4$ ^. Quod &c« 
Quare &c. 



cmfir. 

8.5. 
15.5. 



«h 



i«« 



D 



iV«^/. 1 1. Prof. 85. 

Varuffl datarum poo xquealtarum numerolanim> 
ratiQnuai>d;itis teraiiiusaltioris: ioucoiretermi- 



nos 



Q V I N T V m: apd 

nosdeprefliorls, interquos ad hypologaritfamum min6r 
(it hypologarithmus altioris > qustm vc logaritbmus ad lo* 
garithfnuit) . 

Sint datae dux non a^qucaltje rationes nufflerof2e> A al- 
tior, 3 depreflior : fintque rationis A dati termint o d, 

Oportec.rationis^terminosinuenire, inter quosad 
hypologarithmum minor (\t hypologarithmus inter r> d^ 
qu^m vtlogarithmus ^ ad logarithmum S. 

Cmfir, . . 

Sumaturinter c, <^ hypologarithmus e: &in- 
tcr alios terminos eiuidem rationis A, minores 
s6.h. I qu^m <-, </| rumaturaliusmaiothypoiogarithmus 
6x. h, fi & inueniantur jn rationc, 3, termini ^, h, intcr 
quos hypolog^rithmus t ad hyperiogarithmuoi 
, i( maipr f it, quslm vteidfi 
Dico ; ad /^ minoreme(Ie,qu^mvtIogarithmus/( ad 
logarithmum 9. 

Efto <(, I<^arithmu$rationis ^ SC^ logarithmus ra- 
tionis^. 

Dmmpr. 
««(?r. I fj^ minor, qu^m ij ^ 
f.i, I Q i: minor,qu^m^ K, . 
ief.i^) ' K: maior, qulm ^. 






^ AT; minor , quioi fih, 

4;«[)aior9.quiin/ 

Pp » filn 
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8.5. fik minor , quatn a^ h, 
i^i '5. Cy i: .nuQor>qu^(n 45 k Quod &Ea 
Quare &c. 



iMMaai ■■««««■»■« «i 



Pro^/. 1 2. Prop.SS. 

DVarum.dacarum non ^equealtarum nun3ero(anihL> 
ratibhum, datis terminis depreifioris ; inucnire ter- 
(Iiinos altioris , incer quos faypologarithmus ad hypolo- 
garithmum depreffioris > maior lic>qu^m vt Ipgarichmus 
ad iogarithmum . 

Sint d^itac dux non a?qualta; numerone rationes , A at<^ 
tior,.:? dcprcfllor:fintqucrarionis 9 datitermini c, d, 

Oportct rationis c^terminos inucnire, inter quos h^^ 
pologaritfafBUs ad hyjporogarithmum inter c,d^mxot ell) 
qu^mvtlogarithmus wtf.adlogaiithmnni 8^ . 

I Sumatur intcr c, d, hyploogarithmus e: 6tia^ 
ter aliosminorestermihos, eiuiclem rationis 3, 
rumatur alius. niaior hypologarithmus/ Sl ratio- 
nis^, inucnianturtermini^,^, quosinterhypo- 
logarithmus / ad hyperlogarithmum K. maior 
fit,qudmvt eadfi . ^ 

' ad e, maiorem cfle^ qu^ vclogarichmus A ad 
logarithmum 9. . ^ 

Pr4par, 

Efto ratioais A^ logadchaius «; ^. rationts'3 log^ri^ 



S6.b» 
61, h. 



*N. 



Pemonjk» 
fnfir. I i; Kz maior cft, quam eyf. 



defA^ 
8. 5. 



/:: maior, qodm 4; 



.5. I ATj ^: maior, quim 4j h, 

, j; j /5 e: maior, qu4m 4j k Quod ficc 



-Quare &c. 



•«M« 






Plithmctic^ difpofitorum tcrminonim ratio > qu^m 
habeoc bini minores ad inuicem , akior eft ratione» 
qudui hdbenc bini maiores . • 

Hyfo^. 
Sintarithmetic^.difpofit?qaaotitat<K rf,' ^, f,</: 

.4. *. & fic rt OTinor, qu^mr. vnde quoniam permucan- 
i(i^.y.6. . do 4> f» ^ </, fant arithmetic^difpolit* , ctianu 
I ^ eft minor, quam i/. 
.,pico rationcs tcrmiflorum a^hzii inuiccm, altiorcs 
efte rationibus c, <2 ad inuicem . 

Pnepar, 

Quoniam a^h fuotinasqualess^cfto a vmotf qodns h 
(k (itdefci^s r. 

Demonfir, 
fnp. I k minor , qusLm d, 
t.y [ ^3 r. iniaor; qu4m ^ ^. 



9oi ^ t EMi Ei K T V^' M 



i'3 

hypdth 



i; a: maior ,■ qiilo» «^ c, 

b: maior, quam /i. & d: miior, qusbi. cl 

rf^f.4. pj4:altior,quimV>f. Quod^ 
X. 3. j 4j ^: minor, qu^m cyd, 

hypoth. I « minor,quam h,-&cc: tm9oc,q^a^ 4, 
def.f.4. 1 4j ^: altior, qu^m cj «ii Quod fiec» 
Quare&c. 



HArmonic^difpofitumtcrminorumratiOjquam ha-' 
bent binimaiorcsadiwiiccm, altior cftratitfnc* 
quam habcnt bini minores . 

%fedf), 

I Siflt harmonic^ diipofta? quanritatts 4, ^, r, d; 
34. fr. j &"t4roaior,quam<:.vndequoniampermotand© 
rf^.ijA j 4, f, ^ </, fiiothannonic^di4>o(ir«,ctiain h. cft 

I maior, quim d, 

Dicorationcstermiflonim 4, ^ adinuK:cm,a!tiorcscr. 

ie rationibus f, </ ad inuicem . - / 

. SumaturvnaqwBlibctjquantitas «41:fiat ' 
^ « «3 ^ 

fi.« fj A». 

</j « ^i /. ' . •■ . 
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Dtmmfir* 
j^.h, \f» g] /» i iuacarithoienc^ ordinace. 
«»^r. I f j e: e; h. e'y a: fi c, 
. p. c, oi fi h, 

cminor^qu^Qi a, Sifi minor,qu^n[i h. < 
^ minor, qu^m ». \ 
j^^ altior , quim h; i, ^gifi aIrior,quim ij h, 
fi £1 h a. 8c £yfi, ai h, . 
hiji /k.f* & 75 h: fj </. 
^i 4: altior, qudm d'y c. & 4; ^: altiof, (^u^nu 
>$ d, Quod ^c. Quarc &^. 



e»8j 

def.fh. 
Sj.b, 

Jup: 

iuf. 






wpm^^,fiifm^mimmmmmmmmmf0mmmm^^mwm^0mm\ 



. . T^W. 77. Prd/>. 89. 

SI fuerincquotcunquemagnicudines^&alisipns ;cqua- 
lesnumerp i,fitqucmaior proportio prjmse priorum, 
ad primam pofterior um^ qiiftm iecaodg» ^ ieoindam j & 
hxc maior, quam teru>,ad tertiam: & Hcdeinceps: habe- 
bunt omnes priores{imiil,ad omnes pofteriores fimul^ma» 
iorem rationcm, qu^m omoes priores, relida prima, 
ad omnes pofteriores, relit^a quoquc prima; & multo ma- 
iorem»qulip omnes priores^r^lidis duabuspnmis,ad om- 
ncs pofteriores, reli^is duabiis pcunis: & fic<leinceps 
etiam maiorem,quam vkinM, ad.vldiMni :ied mipotcmi 
qu^momncs priores, reli^a vltima , adomDes pqfterio- 
res, reli<fia etiam vltima: 8c multd niiaorem> qd^m omnes 
priores, reli(flis duabus vltimis, ad onoines poftertores , rc- 
lit^ispariterduabusvlrimis :&iic ddaoeps eciain mino- 
ren),qUiimprima,adprimam. tfy- 



1« 



» r ' 



'^04 nhEuwnry u 

A £ , ■ ^ ■ 

45 « maior , quim ^,* f, 
^5 ^ mator$qu^(n «5^^. . *' 

i f j ^: maiorjqu^m ^j Ai •., T' . = 

D/cb <i-+^H-c-+</5 e-»f-*;^-\rh : : ittaioitm cfle, quim i+« 

Et h-i-c-i-d', .fr+£:^b: maiorem, qu^m c-t-dy 9-4), 
, . Et. f-t</j g-ih. maiorei»,qudi»- d^ h, - 

Dicoetiam A-^hr^c-^dx, ^-+/^^-4: minorcm cflc,qu^ 

Ec a-+br*c'y ^Hj/^^ mpofcm,qu4rti:<f«+^ *-+/• 
Et *-t^^. tfk/;. roinorem,quam <«i f. -.a-' 

hypotb, c, £: maior,qu^ d^J?, 

'P' 3''' '5 '^* maior,qu^m\^j h. ■/ 
-f. $, c-+d', dc maior , qu^m^-f ^5 k ■■■' 
■f. j.- . c-i^d: g-^k' maidi^yqHim dshi-i^iUfi ^* 
•3' 5« c-+di ^: : minof;, qudm 'g^h^ A- ? ' ' 

f j: c-+<fc maior/quatA kg-^h» ' - 
O^ inai6r,,qodm t-ia^g^h, * . '.^ 

15. 5* j h', fi raaior^qti^m fWj.^^+fc, !- ■- ■■ 
p. 3. [^^ fr+</.' roaior,quam/j;f^i(>. '"i'i 






P' 3' 

byp<ab. 

f. j. 

./«!P- 



: Q V IK T V m: 3«$ 

lM'C'*d',f-*l'*hi maior^qUlni c-^dig-^h. Quod &c. 
^-^^H-f-td^j tf -^f^gT^k maiora qu^oa ^-»-c-*<^ 
/-+^H:fc. Qpod&c. 

<ij fe.maior,quam>5/ ;? ; . ^ 

<i-*^j ^; maiQr,quilm iPi/j f, 

a-i-hi a:. minor , qudm e-ifi e. 

4H:hl . e-+fi minor ,qokm Oi e. Quod&c. 

a^k-, h maior , quim^ e-*fi f, 

4-+f5 tf^/?. maior, quam h f" ., 



hypetb. ^^ y* maiOT ) quaqi c, g. 



Jt3-5 
f. 3 



fup 



a-*k e-*f: maior, quam c^ g, 
4-+^5 c; maior, qu^m e-^fi g* 
a-^br*c'y c: maior, qu^m e-*f*^ g* 

a-±b-*c'y a-*b: miaor,qu^m *-*/^/> ^"t/* 
a-*b-*.c', e-*f-*gi minor>qu^aa 4-*^ e-*f, 

Qjjpd 8CC. 
\a-*b-*c-*di e-*f-*g-*}r, minOr, quam a^b 

- [ ^■+/^i' Quod&c. 
Quarc &c. 



-+f; 



iM 



ESerie harmonica nacurali ab v(iicate.,terminorum^ 
harmonic^ di/poficorum> altioris rationis maior 
rcrminus,,ad maiorem deprdfioris, maior eft, quam vt hy- 
pcrlogarichmus, j|d hyperlogarithmum : 69 hyperlogari- 

Qq throus, 



def,i^b 



ic6 ELEMEKTVM 

thmus, ad hypetipgarithoiuaiyiiiaior^ qiKlm vc hypologa* 
rithoius, ad hypologarithniuiKi .* dchypologarithmusy ad 
hypologarithmum maior) qu^m vt minor tcrmiausy id 

minorem. 

Sint h ferie-tij^onicanatufaliabvnitat^teh- 
miniharmbnic^difpond 4, ^, c> d, quorutnat 
tiorfitracio 4 ad'^, qukn c ad d* Sitque a^msk' 
ior^qo^lm ^: fdeoque & c, mai6r> quilm 4, 

Qioniam i(adl^altioreft>quilm t ad^: opor- 
tet M, malortmefle^qdim q 6s hf qnim <^ a!fo- 
34- ^* I quinpermutando,di^{itohim harmonic^ «, c, 
hy dy eflet r maior,qudm a^ ideoque^ d maior> 
qu^m ^; & r ad dy altior ratio> qudm 4 ad ^> 
f<?ff(r4 ffjypddj, 

Deindequoniam «> ^> r, dy ilmt in/eriehar- 

monica oaoiraliab vnit^>hamtoniG^di(poiitH 

{lint denominadi numeris arithmetic^ di(pofitis: 

quomm denominator 4> rcdproc^ minor eft de* 

nominatorei> necnonrec^roc^minor denomi* 

nacore c & quorfuntnumeri omnes rocdi/inter 

denominacorcs 4, ^^ totidemiantuicer denoaii- 

1 7. ^* natorcs r, ^ totidemque in /erie harmonica funt 

inter 4> ^^ rotidemqueedaminter r> <C 

% Sint ergo inter 4> ^ tsrmtni e^fiBn mter 4^ii^> 

rf«/.i a& ! totidem tcrmini ^, fc critque 4-+^-+^ hypcrlo- 

rf«/*3* I garithmusrationis 4> ad ^ ^ t^f^^ hypolo- 

gari- 



ief.\i h 
88. 2r. 



17. &• 
def.fh, 
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garithmuseiurdeinrationisjioter eofdem terminos oy L 
ericquoque. c-^^h, byperJogarichmus rationis c sdd',8t 
^-^h-^df eiui^em bypolo^itboivs incer eordcm termi- 
nos<%d, 

Dico 4 ad Cy maiorem e{le> qu4m 4-^e-^f ad c-^-^-t-k 
Ec 4"*- e-+f ad c Hr^ -»• fe, maiorem><)u^m e-^f-+lt ad 
^h-^d. 

£t x-+f^h ad ^-fh-ird, maiorem, quam l> sd d. 

Vmfinfir, 
. Quoitiim 4, r» /*4* neenoii r» ^» k d, func 
hanBQnic^ordioati> inierie haroaonica naturali 
ab vnitate; ergo eorum denominatores > Tunc ari- 
thmetic^ ordinati>in rerie arithmetica naturali ab 
vmtate:totidcmque iunc 4> e,f, b-y quot c>i> ^> 
d: ergo deoominatoces 4» r> /, ^^ funt fimiliter 
arithoietiob diipo^ti^ac^ue denominatores c,^> 
hy di etgoetiam a,e,f,b runtfimiliterharmoni- 
c^ dirpo/iri > atque r» /> /?> <^: ergo a,e,c,£ func 
harmonic^diipoiici:ergopermutando 4> c> e,£, 
func harmonic^ di/ponti . Simihter oftendecur, 
qu6d e,g,f,h (mx. banponice diipoiici : necnon 
f,h,h,d, 

Rurfum quoniam a, tf>y^^{lintharmonic^or- 
dinaci>&eft a maior^quam h: ergo a maior>cft 
qu^m e', & e, maior> quam fiSif, quam h: iccm 
c, maior eft qu^m ^; ^, quam ^^ /;, qudm d» £c 
quoniam 4> <:> r>^ funcharmonic^dirporici,&cfl 

Qq 2 a,mZ' 



Aj, b. 

def.i6h 
34. *• 



def.ipb 



Jup. 
hypoth. 



/ 



io8 . E L £ Ik EN TVU 
ief.iih ]a, maior,qu^mcj ergo& e, malorcft^quafn^ 
8i. h, item fi quslm ^$ & ^, qu^' </. & eft 4 ad r ratio 
def<p. 4. akior, idedque maior, qn^.f ad ^ dc ^ ad ^, al- 
, tior , & tpaior, qudm /ad ^3 &/ad h, alcior 9 6e 
I maior, qu^m ^ 4d J. ' 
Sj.h. ■'■ Ergd . 4 • ad c maior'# , qi^m vt a-^enf ad 
c-*^£-^h. Quod&c. Eteft 4-+ff-+^adfHj^-f»ma-. 
ior, qu^m e-+f ad ^-+fe & e--/ ad ^-^fc maior> 
quam e-+f-> h ad £-+h-t-di crgo a-*'e-+f ad f-+^ 
. -+h, eft maior,qiSm e^f+y ^ii g-ih-td. Quod 
&c . Et eft r-i/^ii ad ^h^H^ maioF , qu^ ^ 
|ad<^ Quod&d 
Quare Sjc. 



i" 1 1'« 



mm 



\ 



- Theor»y$»Prcf* 91* 

Sl quatuor qudntitatum prima adibcundaminaior fue- 
rit, quiim tertia ad quarram : produ«^£ extreipanuB^ 
hiaioxeftprodui^dmediarum. • . ;' 

^l k maior , quim- cid, 
Dico adi paiorem efle, qusim k* 

Pr^at. 
Fiac prddu(^s kL 

' Denmftr, 
9. h. ad) hd: a^ If, ^ • . 

p. h. U'y bd: c, d. 

bypoth. I /?3 h: miiior, quJm Cy d. 

ady 



Q V I N T V M. . jo^ 



jo. y. \ad: iiiaior>qu^ai ^. Quod 62c. 

Ouare &c. ^- ^ 



MW 



Theor.So.Prop.^il 



SI quatuorq 
fucritprodi .. 
maior^ quitm vt tertia ad quartam • 

Sunt quatuor quantitates 4, ^ f> d: &eft 4^ maior, 

quam ^c. 

Dicovij ^ maioremefle,qu^m i^j^. 

Pfdpar, 

AiTumatur produAus ImL 

Demonfir, 
Jbyporfc. \aa: maior,quam k. 
8. 5. I ad', hd: mator, qaam hc, hd. 
p. h. ' ad'y kdi 4i h, 

p. />. ^j W; Cy 4, 

13.5. M) ^: maior>qu^m Q </. Quod&c. 
Quaregec. 



\ 



»mmm^^^m^wmm^mmmmmmmmmmmmmmm^mmmmmmm^mm^mmtm^m 



Theor.Si. Prop. 9i, 

Sl fueritprima ad fecundam, maior , quam vt tertia ad 
quartam : iuerit autem & tertia ad quartam maior, 
qu^mvtquintaadfcxtam:item quintaad fextam niaior 
fuerit, quam yt fcptima kd o<^auam: crit cocnpofita priaia 

cusn 
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cumtertia, ad compofitam fecuiiciam cumquarta^aioi^ 
qu^mvtcompo(kaquiatacum(epciau> ad compoficaai 
fcxtamcumodaua. 

a b 
. c i 

a; k. maior > quam c^ </. 

q ^ msiiov.y quim «j f, 

c^ f: maior , quim g; h». 
Dico A-^Cy y-^di maiorem^quki e-*^ fr^ 

Pftefar. 
Fiantprodudi rf» ^» cf ch» be» bg» de> dg, 

DmMiflr» 
, faf-toh: produ^his a pcr f-*h, 
j cf-+(h: produi^us c per f-*k 
29 h, j ^f-+'*h-*cf-iS: produdus 4-+c,^ff-*h» 



I be^hgi produdus by per ^h-^* 
I de-¥dgi produdus d, per c-*-^, 
\be-tb£-i^de-*d^y produ&us b-^dy per e-*^* 

a-y b: maior^qu^m q ^^ . 

c, d: maior,quam e^ f 



bypoth. 
bypoth, 

>i* 5' ^ ^ ^* m^ior, quam e^ f. 

hypotb, 
IJ.J. 



e-y fi maior , quilm ^j fc. 
4; ^: maior,qu4m ^, ^. 
q ^ maior,qu^m ^; /?. 

af 



fS.k 
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J ah: itiaior, qudm tg. 
|^-maior,qulm tU. 
* Lch: maior , qu^m ^. 
\ af-¥d?-i-cf-*chi maior^qulm te-t-hg-t-Je-^dg, 
P4. i!>. \ 4-*ry b-t-d: maior^qu^m e-*£if-*h, Quod&c. 



Quare &c« 



«« 



SI fucrint h (erie harmohicanaturaliabvnicate, qua* 
tuor terminiharmonic^ difpofiti j & alij quataor eo- 
rum fubmukipli .* inter (implos terminos akioris rationis 
hyperlogaritbmus > ad hyperlogarithmum depreffioris, 
maiorem habebit rationem , qu^m inter f(ibmukiplos.hy- 
pologarithmus ver6inter fimplos aItioris,ad inter fim- 
plos dcpreflioris, minorem habebic , qudm inter fubmul- 
tiplos. 

ffjfpoth. 

1(5) 1(4) 1(5) i(<J) 

1(6) 1(7) 1(8)1(9) 1(10)^11)1(12) 



mm 



1(7) 1(8) 1(9) 1(10) 

1(14) 1(1 5) i(«0 1(17) i(««) i('^) «(»«) 

I Sint h ferie harmonkra naturali ab vnitate/, 
! quatuor cermioi harmook;^ difpodti 1 (5 ), 1 (5), 
"i *(?)> K^^y* quorum 1(5), maior,qudm 1(6): 

ideo- 



^12 



ELEMENTVM 

J(3) 1(4) 1(5) t(6) 

1(5) 1(7) 1(8)1(5)) .i(io)i(ii)i(ii) 



I ■■ ■■ I 



«fe 



1(7) 1(8) 1(9) 1(1 o) 

i(x4)'i(ij) t(itf) 1(17) 1(1«) Ki5>) i(ao) 



rfc/.ijfe 



1/«/^. 4. 

ly. 5. 



ideoq;8i i(7)> maior, quioi 1(10). &eftoaUior 
ratio 1(3) ad i(tf), quatn 1(7) ad 1(10: ideo- 
queetiani mflior. finc autem & iftorum aeque- 
luboiultipli, i{5), 1(1 1), 1(14), i(ao), pa- 
riterharmomcedi(poi]ti,^a?qu^ cum prsedidis 
proportionale^.. Sumanturetiam inccr 1(5), i- 
(6) mcdij omnes harmonici 1(4), i(5):&inter 
1(7), i(|o), medi/ omnes 1(8) i (5>)j quorum 
sequerubmultipli 1(8), 1(10), i(id), 1(1 8)l 
eonftatquod ficut 1(3), i(4Vi(5), i(5), 61 
fimiliter 1(7), 1(8), i(p), 1(10) harmonic^ 
funtordinatijfic 1(6), 1(8), 1(10), 1(12), & 
fimiliter 1(14), 1(15), 1(18), 1(20) tehar- 
monic^ ordinati , &icqu^ cum prasdic^ispropor- 
tionalcs. Deinde intet i(5), 1(12), Se inter 
I ( 1 4)> I (2 o) fumantur omnes reliqui mcdij har- 
monici 1(7), i(p), 1(1 1), & 1(15)^ 1(17), 

h(iP). 
Dicoprimo i(5)w.i(4)H.i(y) ad i(7)h-i(8)-h(p) 

maiorcm eflej'qudm. ^(«^+i^t)^' i.(8)-+|(5>)-*- 1(10) 

-*i,Crr) sd i(i4)-*-i(ij)-n(i<r>ti(i7)H.i(i8)-+i. 

(i5>). ' Pe" 



4ef.\6h 
drf.lfi h 

15.5. 



l • 



QVINTVM. 3u 

Pemonfir, 

8p. *. } i(<f)j 1(14): taaior, quitn iW-»- 1(7)5 1(14) 

ii.5. li($)j i(7)"- maior, quim i(5)-*i(7); 1(14) 
' ■ |; -»-i(i$).; 

1 Similtterden)onfl!rabitur. 
fuf. 1(4); 1(8): maior,quaai i(8)-*i(p)j 1(1 5) 

. ! • H-l(l7).- EC , ! - : * 

/w/. . i(5^j i(p): maior,qoim i(io)-*i(ii); i(i8) 

8^.*» j f(d)-t«-a(7); i(r4)-fi(i5> maior,quam 1(8)5 

I "i(iO. 

M i(B)5 i(j<J): I(4)J 1(8). 
ij. 5. i(^)H-i(7)j i(i4)H-i(i5):maior,quam 1(4); 

Similiter demonftrabitur . 
>p. i(8)h-i(p)5 i(i5)-«ri(r7):maior,quami(5); 

■ \: : i(5^> Ec 

.>^ .i(^)-^i(7)-fi(8)-*-i(9)5/(i4)-^i(i5)-^i- 
I (itf)H-i(.i.7): Biaior,quam 1(5)} n^p). 

^|. *. I (5)-f I (4); • 1 (7)hiD(.8): maior, quam .1 {6)-*- 1 - 

(7)h.i(8)h.i(5>)j i(i4)-^i(i5)-h(ics) 

, .-i('7). • ; • ' 

I Similiter demonftrabitur . 
jpi-fc. 1 1(3)-+ »(,4)-* '(5)5 1(7)-» '(^^-^'(P):."»^^, 
,.;.i K.r quam 



514 ELEMENTVM 

1(3) 1(4) 1(5) 1(5) 

1(0 1(7) 1(8) 1(9) l(io) r(ri)l(ii) 



■fWMMMM 



tmmmmmm!* 



••MH 



\ 



8p 



.:i(7) i- 1(8) 1(9) :■ .1(1 o) 

i(i4)i(ij) I(i5)i(i7)i(i8)i(ip) i(io) 

quSm I (5)-+ 1 (7)-n (8)-^ i (9)-* i ( i o) ■>► i («)j ^ K J 4) 
H.i(i5)-n*(i5)-n(i7)-i-i(iS)**i(i9); Quod&c. 
; Dicofecunddi(4)-+i(5)-+i(<J); i(8)-+i(p)-+;i(io): 
niaiorem efle , qiiara i (7)-+ 1 (8)-* i (9) +*• i (i o)-* i (i i) 
-4- 1 ( 1 2); I (i 5 )-+ 1 (.1 6)^ 1 ( I 7)h- I ( 1 8)-+ 1 ( i p)-4-jI (20). 

Demonflr, ■''■'',■'■ 

ri(7)-+ 1(«)5 i(r5)H:i(fi5): inaior,qdlm i(4)i 

1(8). 
j 1(4)) J^8): maior,quam i(p)-n(io); 1(17) 
•.'M .. ^.1(18).. .-, . 

,! 1(5»)-*^! ('0)5 i(i7)-^Jt(*8): maior,qudm 1(5); 

t i(p). : ■ 

l(7>-M(a)-^i(p)H.i(l<));i(l5)H.l(l6)-i-l(l7) 

-fi(i8): maior,qua 1(4)-^ 1(5); i(8)h-i(9)« 

j. 1(4)-*- 1(5) j «(S^-^-iCp)? maior,quam i(ii) 
» :ti(i2); i(i9)-+r(io). - ' 
1(1 i)h- 1(12); i(i9)-h(iq}: tttaior,quam^* 

1(6); 1(10). : .. . . 

i(7)-+i(8)-*i(9)-*-i(io)H-i(ti)-t 1(12); i- 
(i5)-n(i5)-n('i7)-ti(i8)-».,(iy)H.,(2o): 
maio/,qua i ' ^)-»- Kj)^. i(<J); > (8)^. i {9)-:^ 1(1«). 

Quod 



9^. fc. 



Sp.fe. 



8p. )!;. 



9i« *. 



qvintvm: ji5 

Quod h conucrfo cft deaionftrandutn . 
Quare&Ci : 



mwmtmmm^mmmmtmmmmmmmmmmm^immmimt^imm^immm^^ 



Theor.Ss. Praf..9^. 

SI fuerinceiufdetnfationisduo hyperlogarithtni >alter 
cx pancioribus, alter ex cemiinis vno pluribus j 8s fub • 
snultiplicati fuerint vtrorumque terniini > per alterius nud- 
jCttudinein tetmiqorum : (ubmukipfa' eius, qui cx paucio- 
ribus, & fubmultipii eius^ qui ezpluribus, primi Aint^ua- 
les; & rcliqui dcincepsfunt minores, hoc ordine^ fecundus 
£jus, qui cx pluribusj & fecundus eius > qui ex paucioribus$ 
& tertius eius , qui «xpluribus; & tertius eius , qui ex pau- 
cioribus$&{ic deinceps . Quod (Ifuerint hypologarithmi: 
fubmultipli eius,quiex paucioribus, & fabmuldpli cius^ 
qui ex pluribus , vlrimi funt asquales $ & reliqui deinceps 
{uncmaiores,hoc ordine; penultimus dus, qui cx plu- 
ribu^ &pcnukimus eius,qui ex paucioribusi& tricukimus 
ef us,qui expluribus^ Sa tricultimus eius,qui cx paucioribus; 
&(tcdcinceps. 

1(4) i(^ : . r(f) 

1(3^) lOh ' »(3^)-- 



m 



Sint earumdem rationum 1(4), ad i(£),6iiCd)aQ'f(^) 
.duo bypcrlogarichmij VAOsexduobustermiiMs^^), K^)) 
. . Rr 2 alter 



S^S ELEMBNTVM 

1(4) ! ., . i(k) • 1(0 ■ 

i(d) i(e) i(fi i(^ 

.1(34) i<5^) 1(50 

Kid) 1(10 ^ . i(i/5 !(»/> 

« 

alterextribus i(^0> i(«)> i(/): iteqi duo hypolog&ri* 
^muy 6x duobus i (^)» i (c), & ex tribus i (/), i (f), i (^> 
& (ubtripli accipiantur 1(54), 1(5^)9 1(50, necooo 
fubdufrfi i(xd)f 1(2^), i(a/), i<2^). 
. Dico 1(511), i(id) eflexqualesinecnon t($c), i(2j) 
efle aiqdales : & hoc ordine, priores maiores eiTe , & pofle- 
rioresminorcs 1(54), 1(2*), 1(5^), 1(4/)» i(50» 

Demonftr, 

f.p. 
»7. *. 
II' ;. 

10* i&. 

<;. fr. 



l(a)\ i(.c)i i(d)i l(i)i€', A:£i(l 

(9 i' ^ d: c-^Ai £ — d.- 

c — 4: 2. i-"di 5. 

c^ ^. Oi d: 2'y s, ' 

$a 2£, 54: id. 

i(5f): 1(2^). 1(34): i(2d), Quar&c. 

^i-^^fi 2/— 2/; 2tf-^2</: 2. 

Sf*— 5^ 5^— 5<R 5* 

34, 2f, 5^^ 2^ 5c funt,hocordiQe,aiinores,& 
deinceps maior^ . 
10.*. J 1(34), ido, 1(3^), 1(2/), Ci^r^fimt, hocor- 

I dine,maiores^d( dcinceps minores • Quod Sk, 
<^are &c. 

- - - - ' f 

Theo- 
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Si^erint h rerieharoionica naturali ab vnitate> qua> 
tuor termini fiarmdnic^ di/pbilti $ & alij quatuor eo- 
rum fubdupti ; alijq^e fubtriplij 8i fubquadrupili , 6i fic de- 
ioceps in iofinitum : inter (implos terminos altioris , ratio- 
ni& hyperlogarithmus ad hyperiogarithmuni depreffioris 
maiorem habet rationem , qu^m intcr flibduplos ; & inter 
fiibduplos, maiorem , quam rnter rubtriplo&; ScHc dein- 
ceps . hypologarithmus verdintei* nmplosaltioris, ad in- 
ter (implos depreflions, minorem habetrauonem , qu^iUi 
inter fijxluplos $ & inter fubduplos^ minorem, qudm inter 
ilibtriplos 5 & (ic deinceps . 

' Hyfoth, 

1(3) • i(4) . '. «(5) ■; iCi^s) 

•i(<i) iCt) j »C«) i(P) iCi<5) 1(1 »('2) 
j(?^'(io) '(ii) «Ci»)'('3) 1(14) *(i5)i(»<5)'(i7)'C»8) 

1(7) 1(8/ 1^9) 1(1'^) 

1(14) 1(15) 1(16) 1(17) iri8) 1(19) i(ao; 

«(1101(22) i(>3)-i(a4) 1(15) 1(2(5)1(27) 1(28) '(29) 1(30) 

• . • ■ ^- ■' • ■ ■ 

Sint h (erie harmonicanaturali ab vnicate, quatuor ter« 
minihamoE>nic^dirpofici 1(3), 1(5), -1(7), 1(1 o)j quo- 
rum 1(3) maior, qudm 1(5)5 ideoquc,& 1(7) raaior, 
qu^m . 1(1 o). Et ett6 altior raiio i ( 3 ) ad i (5), qiiim^ 
I (7) ad 1(1 o). Sint autem iftortim fubdupli 1 (5), 1(12), 

'5 ( « 4% %^^ o); & Tubtripli i (p), i ( 1 8), i (2 1 )* ' ^\ 
intcr quos^accipiaBtac mBdij harmoniCi , 8c ex his Hypcr. 

« • ' loga- 



5i8 ELEMEKTVM 

1(3) »(4) . ?(5) >(«<0 

4(d) 1^7)- |5(8) 1(9) 4(19) ^ i(»0 «(»») 

»(j;i(io) i(ii) i02)«(«i)'«(l4)*«(»5)'(»<5)»(«7)*('«) 

*■ . ' ' '■ ■ ' ■ 

1(8; * . • ^('p) ; i(ie) 

1(15) i(i^) 1(17) 1/18) 1(19) iCao) 

1(21)1(12) 1(23) i(a4).i(a5),i(?^)iC?7)..4(a8) i(»y) i(io; 

< 

logarithmi> & Hypologamhmi. 

94^ b. I Conftat prioid, <^i6d mtcr fimplos , maior eft 

j byperlogarithiDus fdtioris,ad hyperlQgarithmum 

! j depreffioriS) qu^ inter fubdupios : & hypologa^ 

|rithmusminor. 

Dico i(5)-h(7)-*i(8)h-i(p)-h(io)-+i(i 1)51(14) 

H-i(i5)-+i(id)-n(i7)-+i(i8)-ti(ip): maiorem cffc, 

(i5)-n(i5)-n(i7)ji(ai)-+i(22)-fi(25)-n(24)H.i- 
(25)-fi(2<5>+i(27)H-i(a8)-n(2s>): 

Prfepar. 

Sumanturipforum 1(6), 1(7), 1(4), 1(5) fubtrip[i:& 
i(p), i(io), lAi;, iCai;, i(22)xi(23)fubdupll 

5>5«*' I i(i8), 1(20), iC2i),j(a2;iuntmaiores,ficde- 

Iinceps minores . .•: .: ' -. 

'^4^)» i(44)> '(4^5)> K'^*?) funtmaiorcs,&de- 
. inceps minorcs . ? 

40. h. 1 1(1 8), 1(20}, 1^2 <;, i(2i)i&n(4i)y ir44;,iC4j), 
I i(4<5)funtfimiJiterJiariiiecucedj/pofitt* • . ; 



2p. h. 
15. J. 



■ ' ; ri(i 8); i(4i): maior, quim 1(20)5 1(^^) , 
88. b.'ki(i o)\ 1(4^^ maior, qu^m k (1 1 )j i (4 J^« 
' (1^21)5 1(45); mnior,quim i(i^h'' 'U'^^- 

f i(i8;, 1(21), i(^i)y 1^45; fimiJiter proportio- 
.•1 nales,atquei(<9,i(7)> i('4)> ^^»5)- 
^<?. >.' -1 1(^3)^ ^('aa), 1(22), i(4iA'»(44)» »H<^) «^»" 
' [* 'Iitefprop6rtidhalcs,atquoJ(s^>^'(»^)>'^**''> 

\, i(*i;, ir^i^ li^is)' 
iCdiji^i^^aiiaiofrjqilai^p)^»^!-^*)^!^»^-*'»!^»^,). 

1(9) -h i(io)5 ^(pv.)r*iCi^: jmaio.fqu^m. 1(7)$ 

i(»5). .: ;;'. \ 

^i^tJ; f^.5)r!tt8ion<j»«n:<^»»5i»/?W0(r • 

niiJ)5 i(a3.)i maior,q«am 1(8)$ »(l<^)- 

} 1(8)5 »('<J;s maior, quam i('a)-*Ki3)j «(24) 

j i(i2)-+i(i5)j i(24)H-i(a5);n)a«)f>quarp 1(9^5 

yi-Jhiy'' ^ ■ -■'■•'''■' v'. K'" ' 

(.Es ficxici «iceps «^oadftterint t^f (^inJ ;■.:'. 

9t*h. ( if(^Hi(7)^'i(8)^»(9;-^'C'o-»'iC*05 »(»4)-*-^; 

.1 .4 . ^\y^i(i.6)-*iU7)-*H^9)-^H\9h raaior,qua 
• ■ • .1 ^i(9):;f«(Ki;-«-)A^;-*.»(»2;-+i(^3)-*'(i4^-^'- 
■ '• /' •{ :^(i'5)^'<^5>-raa7[^ i{aOH.i/*2Hi(2 3Hi- 
'* :^'\ 'i^^^^idf^^S^^eH^C^^)'*'^^!^)-^^^^^)^ 

' Dicoctiam'(7)-+'C8;-+i(p)-*»<'«o)H.iCi.0.-*»(i2)j i- 
Yr5> H-'r(t tf)H.'i<t ^^^iCi 8>h-* ^* p)-n(ao): minorem efle, 

quim i(io;h.j(ii) -<■ i(»2) -Mfij) -+1^14) -»-(15) 
"\ -^1(15; 
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'^(^) x(7) :'.(8)r >(9) rnr^X t(ii) lO») 
i(J>) 1(1.0/ 16 Kw),»(J35 ?(i4)i(»;)«U<0 i/i7)i^i8) 



^i 



1(7) 1(8) ; } iM , ; . i(io; 

1(14)' «<15> i(»^i' i(n) i(!8), *fi9). i(ao) 
i<aO i(3^a) iX»5) ?(.^ii(?^) i<a<5).iX27; i(igLir29) ifjo) 






/up 



i(i6)-*f(t*j^^(iU'Wi- i(a:*Ka42'3s;*iii(i4;; -n(i5) 

i(2d)-^x(i7>i3iC^)-n(250^ 1(3.0).- '. . : , 

Demonflr. .1 r ' 

ri(i6)}-i«f<i;2h'o»a!ior,qBkiv>(^)5 .^{15). 
.1(7;; i(t^)Mnaio|v<}a4ini rtij)-t 1(1.2)5 '^'3) 

^ ifii)-fi(i2)j iCaj^-n^a^/iiiiaiorjquasiii^S^i 

j 1(8;; i(i5);maior5quaiii jCxjju 1(25). 

t.Ecricdeirtceps,:qubad'^eriaK^iti»d!j : , 

fj.i» f I ^^jo)m. i(m)-^i(i^;h- iri5;-n(i4)H.i?rj)-*i- 

• («d^^H-lCty^^-lCi^^j -i(2>)H-^iCt3;H.,f24) 

^ I ■' H:t(^Z5)-n{25)-f l(27-^-«-)l^2;8)-H- l(^p)-+i- 

i •} ' r|4): maior, qpito.iL/^Tr^^r^^-n^p^+iCio) 

-1 -i^dO^t c(Ti)j>*(*J)^i/i«>^ 'Xi 7)j-+i(i8) 
-+1(1 5>)-f 1^20). QuodpiaDboe<i& 
Quarc&c. s. ; \ , ..;- {- 




• • • ■ 



< '- r 



\ '" 



I 

.4 
I 






TAf, 






0- 
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Thcor.S^. Prap. py. 

Elufdem rationis Qqmerofa; inter maiores terminost 
maior eft hyperlogarithmusad hypologarithmuro, 
qudm inter minores. 

Demonjhr* 

N^mfi]Qtmaiores,&deinceps minores, hoc 

ordine » hyperk^ari^mus inter maiores termt" 

no(S>hyperlogarithmus inter minores^ faypologa- 

rithmusinter minorcS) & hypologarithmus inter 

maioi«8. Quare inter maiores, hyperlogarb 

thmus adhypologarithmum^maiorcft^qu^nu 
( interminores. 



«.5. 



^mmmmmrmmmmmmma^mmmmmammmmmmmmmmmmtmmmmtmmmmmmmmmAf^ 



Theor* 8(J. Praf, 98. 

ESerie hamionica naturali ao vnitate^ termHipnUiu 
harmonic^ di/pofitorum j altioris rationis logari* 
thmus ad logarithmum deprei^Borisy tnindr eft , tj^m vc 
hyperlogarithmus aa hyperiogarithmum58emaior>qu2im 
yt hypologarithmus ad hypologarithmum . 

G . H / , t 

Sint h ferie hannoiuca naturali if> vnicate, quatuor ter- 
mini A^ 2?| C, D, bansoQic^ iiirpofHi : quorum ratio A 

:" : - s$ ad 



31% 

A 



E L E M E N T V M 



% 



W 






G 



H 



\- 



*«. 



K 



F 



aid !^, a^ior, quith (T^d Z). Etiiti^ationR .^ ad % fega^ 
rhhmus £: &rati0fiis C ad Z>, logarithmus F. Sintau^- 
icin intcr A^ % €yP,vd inter arqucproportictaales m- 
i»cro/bs tcrminos hypcriogarithmi, & hypologaritbnii: 
i^tionis quidcm A ad 7> bypcrlogarithmus (?, & hy- 
|}ologarithmus^:&ratioQis C ad D^ hyperlogarithmus 
j^ 6e hypologarithmus K. — 

Dico £ ad Fi]^iQortmelIc,qUani Gad /> maiorem^ 
^uim^ad^. 

Efto,1ipOiieft; E ad F^ maior, quam <7 ad 

^ & fiimatur h ad ^ratib>qua&cum rarione 

C7 ad\^, cofnponitrationcm, E ad /*. EtquO- 

, niam minor, quitn Ey cft ad /*, vt G ad Ihh 

1 ad Af, cft yt E ad mihorcm, qu^m i^^quart I, 

j maior eft,qii!lini M. Inucniatur rationis C ad D 

hypcrlogarithmus JST, quifit minor ad hypolo- 

garithmum O, quam vt L ad M. Q|iod fi tcr- 

mini, intcrquosccafentur l^, p, noniuntmi- 

I norcs,quatriinter quos ^, ATj fHmantur ali/ mi- 

I ttOfwatqueprdl^ortioQalc^ ad g p, necnon alij 

' ^ asquc; 



tf2.K 
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^qu^roportionales ad 4^ 'B: mcor quos rati onis quidem 
C adtD(inchyperIog^hcnus "7, Si hypo logarichnius 
^; &racioais A zd-S hyperlogarichmus ^> 8i Eypolo-p 
garichmiis S» 

Demonflr* 
$6. h, I 2^ P: minoreft, quam G^ H, 
91' ^* Py Si. minpf^ f^m ^^T; 0: 8e mioor,qiubi Ly M, 
4* 3* ^ ^' minor,qu^m (7> Hy^L\ Ai. 
juffof, Ey F: G'y J^i-+Li M. : . ' . • =• 

13' 1* ^ ,^minor>quam Si F\ aaura Bx, h, i . < . 
Ergo B ad F, noneft mdor>qu2im G idHi, 

Pr^ftt', 

Efto £ adfycadem, quae (^ ad Hy fipoftefi:&iotep 
minores cerminos,qu2lm quo&incer (lint hyperlogarithmi 

C7, Hy fumantiir s^yHl^Fi. 

f6. h, ] G', H: maior, quam I{;P, 
Jtifpof, J^iFiQiH, 

1}. 5. £y F: maior, qulm ^ P. cottfr4 fktfuinfirats 

/upmits . , 

Ergo £ ad /", noncft,vt ^ ad fli 

Ergo £ ad F, eft minorj quam nG adB. Quod iS^c. 

• ;, ». Pr^epM^r :' , ■ ~ 

Eflo dcinde E ad F, minor, qu^ / ad K: &i ruma- 
ttir L ad klf VawpqujBami £'ad ^, racionenti/adA: 
cooSpiQpk.. Et qu^niamfnaior^ quom Ei ad iF, tfk H I 
ad X: Z. ad 4/, cft vc maior, qudm Bf ad B: *& Z>, ma- 

Ss- 2 .- •• ior 



A 



EL^^EK T V M 



D 



.^J^. 



T- • •fll 



qu« (opra 






ipreft^ qu^ /fif.' Deuuf^fiaat 

9&. I>. f i^i^ mfnorefi» qu^ J^; F« . 

/5 A:? B'iFy-^L'y m» * 
5; jg: minor^quatn 4 ^» cohtr»^»h» ' 

Pr^epar, 

£rgo £idF non eft minor , qdbi / ad id - 

.Pnepar» . 

£lto £ ad F> eadeip, qoae / ad ATi & intermjnores 
terminos , quam quos inter funt hypblogarithmi iKfdh 

*Dmonfir» 
fnfpof. \Ei F: hjL' 
Sf6,h, /j K: 'minoreft,qaira Si &• M. 
13.;» £$ Fi minor, qu^ S', ^ eotora fipmilu df 

£r^ B ad F, non efteadenii^qdiBRf 'ad K4 * 
£1^9 i? ad Fi eft maior> quam /ad jt« QiodSec» * 

... QuoreSac, . c. . . ' . - 



«^^i%«ffMM9itl 



i^M«i 



i«ai 



"i*** 



> j 



- -<i- V-ll^ t>V M. ': 325: 

The»r, 87.- P¥of pp, 

imitate dt^oTuoruh} barM6t)i(i^ r^ieri^atioais 

eft, qu^m vt logarithmQs adicigarithfiiuai; &togarithnai{s 
ad rogarithmum , maiot, qu^m vt roinor admindrem . 

• - Hyfothw • • •' 

Sint ^ ferie haimcnica naivfali ab vnitate, quatuor ter- 
tnini AfhyCidy hajn^cnK^dirfonri.-oubit/ifi ra^d 4 au ^> 
altior, <^am c.sd jh^: & 4, nraior , qiism ^ ideo<^ue etiam 
€y niaior, q linn^. £t ii!o rationisoad ^> logafithmus 
91 6c rationis c ad </> Icgarithmtis^ 

Pico 4;- c maiorem, qu^m #;;/Z ' 

Et #3 /: maiorem > qu^m ^ <i^ 

1.. . . Pr4f0* 

Ratk>nis 4 ad ^ .ii mantBr Iiy|)er1dgarithmus ^, & 
liypologarithm&sr'^: & rationis' r ad ' j) hyperlogari- 
Ihmos /^ ^ hypdlcgarithmus w. * 

po. K 4; c maior >'qD3;a ^j l 

p8; K ^/jmaior>qtiim.^f/ •- ?: :: 1 

J18. &. rj /: maior> qpam hiPt, -. ..;,. ^ \ 

90, h. I H ff*' maior> qu£im hi 4. 

jj. 5. i a'y c: maior, qmm rj/ Quod&c. = 

i^. 9. I f;7? fiuuor^qu^mis ^ Quod &c. 
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Th 
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tio pidriii44 recundutn, tor^p%^{l> qij^HS^l 

. msy maiareft>qa4tnti5ft9 a«tqu*eti«» WW] 
ta, quotaseftquartus:atq(ir1otupiicica ratjopriiniad Te^ 
cundum » quotus cft ^undus, siinor eft, quam totupliBi« 
tatertij adquartum^quotusedtertius • 

. Sintiq^atuorinuoieri arithmetio^ difpofiti ^i, j^ c, i. 

, I>iGO ratioQ^nok it ad ^ toeuplicatanl, quotp^ eft a, ttor 

ioremeiTe , ratiooc ^ ad i^, totuplicata,qaotus e&<kSi 

rationem 4 ad A totuplicatam, quotus eA h minorenb 

effe^ratione c ad ^ tpt|upiicata,quocuse(l<«: . 

Sumantur in ferie harnikonicd naturali ab vnitate termi' 
ni xqucj^rdinactiCuoi/Hinasris,^ i, 4 <^ iniefj^ jUiclBne-- 
ticanacur^i; ^iemp&^vciicatesdeQominata^^b ipfis; i(/}» 
i(0> i0>iW- Eteftorati(^is<r,adJ5,Jogvithaius/: 
&rationis c ad d, Iogarir()mus / 

Terminus a, veIminQ^q(3^,!iidaiaior»qu^m ^ S^rur- 

fum <t, vel minoreflijvelAVH^^fV^^^J^fc ^^*^ a^vojmji 
qudm ^; 8e minor, quanii> c».\ 



hjfoth. 
14. ib* 



"» ^> O ^^'«rJthmeitic^idi^ofici. ... . . 

' (^)> J #)^ .»i<<^)> .'i (4); ibafTnonwiidi^pofiti ? ^ . 
1(4); maior, quim i(^): & maior^iiiuiin' 1(4 
I {a}y A (^f fi\smy6i mator, quthir t{t)5-i (d). 

i(^;i 



1(4): maior>qu^m i(h), /> ; 

1(1:): moior^quiial i((fy 
8. ^ I 1(4)$ i(4{); ftiaiorx<]uiiin 1(4)$ i(«)^ 

^p. »^ f ^,/S tnaior,qti^iiJ> i(% i<rf)t •' «-^ ^ 



• 



tf;7? raaiofi-quim i(^)$ i(*>V ' • • « 

1(4)5 i^^Oji^j'*»»' 
i(^); i(t): tj ^»' 

</; 4: maior> qolro e$ f. 

«;7:maior>quam r;^ ^ 

<^ miifor> qulm .m^ • , 

£c qutifniam/, loganthmuscftradonis tstdd: 
ergo ^ logaritbmus tft rationis c ad ^> totu* 



13. j. 

IX. 2>* 
XX. b, 
13. J. 
ij. 5- 

pt. Jb^* 

■ hyf9th 

73. fe. 



fypoffc* I plicats > quotus eli «/. itcm quoniam e, logari- 

-^l _ i41 • . •_ ..11 .. \.^ ^ !^1 ..^ 



73- *• 
74- *• 



tbmus dl rationis 4 ad ^; ergo ae, togaritbmus 
eft racionis^4 ad b totuplicata; , quotus eft e. Ec 
vt4r ad ^itaeftratia 4 ad ^ totuplicata > quo- 
tuseft 4,'adrationem r ad </ totuplicatam quo- 
71* ^* tus eft d, eftautem 4r> minor>quilm df\ crgora- 
' tio 4 ad ^ totuplicata> quotus eft 4, depreflior 
eft 4 ratione c &d ^ totupIicata>quotuseft<^eft 
auoe^ 4 mi^or> quiiffi />; & itiifior, qudm di 

Ergo 









75.6. 

M I 

71. b. 

hypofh. 
4ef.^.h. 
deff.4. 



hypoth. 

def.%.h. 

: fup 



m . ■ 



I 



Jhypoth. 
htf.^Jh. 



I 
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Ergo maior e£^aci<^ A^k tpcuplijca^j ;qii<>Qi$ 
eft di qdbh A ^ .4 roci^Iicata^ quocus cft <t 

Similitcr ofteiidetur» quod th, Jpgarichmus eft 
ratipois. 4 ad by totuplicat2^>.qupcus eft b: & fi 
logarichmiis f ad i^ tocu{^fiaca?>quocuscft c/cd 
eft tb^ maior>;^4m fiir^qp racio ;4 ad h cotu» 
plicataqupcuf^.^ ^ciOf cftyqu^ c id d tooi^ 
plicacaqqot^ejll'.f..£(eft.4;minor>quilm ^ 6i 
c minor,q^^ ^ crgQftiiiiqr cft racio 4 ad ^ co- 
tupiicata) qiiotus eft \ qu^/iatio c ad d totu» 
plicara>quotuseft r. Q^od&c. : 

Dtm9nfir,%„ . , . 

Efto 4, mino^:^ qu^o? /: .£< maipri quam c. 
crgo ^* ^> ^> ruQcqutMiior^uKQeriarjthmetic^ 
diipoficijquorum c> )^uaQr eft> qu4m 4 ^ mi- 
QPr>qUim 4; Etratio c^ii tocuplicata>quo« 
tttseft c> maioreft^quatn 4 ad ^ cotuplicata^, 
quotus eft k Sicad4 totupIicata> quotus eft d, 
ixunor> quam 4;ad b totupiicaca> quocus eft 4. 
Qttod &c. 

Efto 4> maior> qudm b, 81 minor> quim c 
Ergo b, 4> dy c, funt quatuor numeri arichmeci» 
c^ diTpofici; quorum b, minor> qudm i^ & mi* 
nor > quam d, £t racip ^ ad 4 tocuplicaca> quo' 
tus cft b, maior> quani Jific totuphcata> quo- 

tus 



*.3 



/up. 



«.3 



f 
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taseft £: & ^ ad 4 totuplicata>quotuseft a, mi- 
nor,quatn dadc totuplicata > quotus eft d, Ec 

1' conueitendo 4 ad ^ totuplicata,quotuseft/i,m2- 
ior,quam c ad i>totuplicata,quotuseft d: Sia 
ad ^ totupIicata,quotuscft^,minor,quam c ad 
] </ totuplicata, quotus eft c Quod &c 

Demonjhr. 4. 
Efto 4 maior vtrifque hySic: eritque d mi- 
nor vtrifque c, Qt h. Sunc crgo quatuor numeri 
d, €, by a difpofiti arichmetic^ : quorum ratio d 
ad c totuplicacaiquocuseft </, maior, quam b ad 
a cotuplicata , quotus eft 4 : & ^ ad c totuplica- 
ta,quotuseft c, minor,qu^m i» ad 4 totuplicata, 
I quotuseft b, Et conuertendo, ^ ad ^ totuplica> 
ta, quotus eft dy minor > qudm 4 ad ^ totuplica- 
ta^quotuseft 4:62 ^ ad ^ totuplicata , quotus eft 
c, maior>qudm 4 ad ^ totuplicata , quotus eft b, " 
Qjiod&c. Quare&c. 



■N >■ 



*. 



Theor,%9. Prop. loi. 

SI fuerintquatuor numeri arithmetic^ difpofici , &pri- 
mus maior fecundo; fuerinc aucem & alij duo numeri> 
quincus ad fextum , maior qudm vt primus ad quartum^ : 
erit primi ad fecundum totuplicata ratio, quotus cft quin< 
tus, maior,qudra tcrtij ad quartum totuplicata ratio,quo- 
tus eft iextus . 



Tc 



Hy- 



iso 



V M 



E L E M E N T 

I Sint quatuor aritfatnetic^ difpofiti numeri 4>^ 

ief.^, h. W> ^: & fit prinius a, maior fecundo h^ ideoquo 

J, etiam tcrtius r> maior quarto d: & {inrali/ duo^ 

I quintus ^ ad fextuni y^ maior qnam a ad </. 

Dico rationem a ad ^totuplicatam^quotuseftr^ma^ 

iorcm efle ratione cad/f totupIicata>quotuseft^ 

Frtepar, 
Rationis a ad ^, logaiithmus aflumatur^-Sc rationis 
r ad ^> logarithmus k 

Demmflr» 

i oo. Jb. [ Ratio azd y totuplicata , quotus eft a, maibr 

eft ratione c 2.d d totupIicata>quotuseft tk Si 

bypoth, I amba^ funtmaiorisinsequalitatis^ergoratio a ad 

I ^ totnplicat;i,quotuseft 4> aItioreft>qu<im c ad 

^ totupIicata> quocus eft d, £ftautemrationis4 

ad ^ totupIicat£>quotus eft a, logarithmus a^: 

Ssrationis c add totupIicar£,qcotuseft ^>Ioga- 

ritbmus hd: ergo ag maior eft> quam hd, Ec quo* 

niam e ad/ maiorcft>qu^m vt a ad d:^Tm\ir 

tando> e zd a, maior eft> quam vtfzd d, Scd t 

ad 4> eft vt eg ad ag: Saf ad d, vt /"/; ad </fc^ 

I Ergo eg ad ag, maior eft>quam vtfhaddhiii 

I permntandoy e^ adfh, maior, qndm vt 4^ oddh. 

j £t eft (r^> logarithmus rationis 4 ad ^ tomplica' 

t taj,quotuseft e: Sifh, logarithmusrationis c ad 

[ d iotuplicatJe,quotus eft /. ergo ratio 4 ad * 

totu- 



Jefp, 4, 



bypoth. 
$f.b. 



t'3' 
73.h. 

71, h. 
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ltoti]pUcaCa>quotuseft/^aldor eftratione c ad d 

hypoth, I totuplicata > quotus c(i f £t vtraque maioris efl: 

4<f^»^» I inacquaKtatis. Ergo ratio a ad b totuplicaca,quo- 

tus eft Cy maior efl: ratione c Si,d d totuplicata^, 

qaotuseft/ QaodSia 

Quare 8sc 

Tfc^flT. 90, Prtfp. 102. 

SI fuerint quatuor numeri arichmetic^ difpofiti , & pri- 
mus minor iecundoj fuerint autcm & alij duo numeri, 
quintus ad fcxcum > minor , qu^m vt primus ad quartum^ : 
erit primi ad fecundum totuplicata ratio ^uotus eft quin- 
tiis, maior, quim tertij ad quartum totuplicata racio> quo- 
tus efl: fextus. 

HypotK 

Sinc quacuor numeri arichmecice difpofici, 4, hy 

Cyd: & fic 4, minor,qu2lm hx ideoqueeciam o 

minor>qu2lm d: ^fic e, sidfi minor^qudm vc a 

\add, 

Dico 4 ad ^ totuplicatam rationem , quotus efl ^, ma- 

iorcm efle ratione cadd tocuplicaca^ quotus eH;/ 

Demonjk, 

hyp«tb. I Sunc cnim J^ c, ^^ 4, arithmericc difpofiti: & eft 

a. j. d, roaior, qudm c: & fad e, maior, qudm d ad 4: 

ergo J ad c tocuplicat j , quocus efl, /maigr c(l, 

qu^m ^ ad 4 totuphcaca,quotu$ e(l «: 6c cpnuer- 

2. 3. I tendo c sd d. tocuphcata, quocus cfl/, minor, 

T t a qudm 



def,^,b, 



loi. iEr. 



ss^ ELEMENTVM 

quatn asidb cotuph'cata> quotuseft e. Quod Uc^ 
Quareficc- 



ttmmmmmm^mimmmmrmmt^m^mma^wmmmma^mmmmm^^i^i^ 



ProbLll, Prop. 10$, 

DAta quantitate, dataque ratione inaequalitatis, i*aue« 
nireterminosindata racione>quoruai diflreFeocta 
eft quantitas data . 

ffnoih» 
A S S 

C d 

Sitdata quantitOs A ^, dataque ratio c ad 4: & cAo 
O niaior> qu^lm d, 

Oportct inuenire terminosin racionc c ad<^ quorum 
excedus A ?. 

Con/ir. 
Vktc-^di A% SE. 
Dico AE'y £»: cj d. 

Demonflr, 
*on{ir. I A^B; 15E: c^^d^d. 

a.f. \AE'y E^B: Cy d, Quod&C. . 

Quare &c. 



Theor, pi.Pro», 104. 

SI quatuor quantitatum non numerofas rationes hor 
bentiumjharmonic^ dirpofitarumyprima maior fueriCy 
quam vtralibec fecunda > 6ji tertia ; logarichmus ratioois 
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primacadfecundamad logarirhtnum tertix ad quartam^ 
non erit maioryqu^m vt prima ad ter(iam> nec roinor, 
qudm vt fecunda ad quartam : 

ffypoth» 

f r ^ s t X u j 

l m . n § 

K 

4 6 ' c d 

g i b 

m 

t 

Sunto quatuorquantitates harmonic^ difpofits, 4> by c^ 
d: quanim a, maior>quam h, &maior>qu2im c Qi funto 
4 ad ^, & c ad d, rationcs non numero& . & rationis a 
ad J?, efto logarithmus r, rationis autem c sdd, logari^ 
thmus/I 

Dico eidf, noQ maiorem eflc , quam vt 4 ad ^j nec 
minorem, quim vt c ad ^. 

Sftppojito falfa akematffta . 
. Efto>{ifieripoteii> velmaior e adf, qu4m vt a ad h, 
rationc^ ad ^,maiorisinxqualicatis>velminory quc^mvt 
^ ad 4 ratione^ ad h, maiorisinacqualttatis. 

Pr^epar, 
Fiat £•, h i', k Sumaturquanticas K. 

Fiat a^ Ki K', l 
k K: Ki m. 
r, K: K', ». 
di K: Ki 0, Da- 
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77. h I ' Datis nonnumerofis ratiohibus i ad ^> & c ad 
* ^, vd M» ad /> & ad »: dataque ra^ione g ad /> 
vcl i ad ^> maioris ina;qualitatis > quatuor inue- 
. nianturnumerofierationes, p ad ^> altior>qdLai 
J / ad mj 5s r ad j depreifion propiores acqualita- 
ti logarithmicae ^ qu^m vc in racionc g ad /> vd / 
ad fc. ■ 

88.' /7. I £t quoniam A ad ^> ratiaeft alcior> qusim c ad 

114. h. d: & lunt /,* m, », (7, reciproc^ > ficut a, b, r, <( 

9. ^, etiam ladm, ratio efi;altioir> qudm' n adi^.Ica^ 

fiforte contingeret r ad j> nonaIcior> quam » ad 

7tf. *. 0; inueniatur altera r ad x> deprelfior quidcm^ 

> qudm / ad m; fcd ei propiorj acque alaor, quam 

7^« ^* » ad (7. Et fimiliterinueniarur t ad 1«, depr^or, 

77« ^' qu^m rad s'y altior,qdlm « ad « nccnoninue* 

, ' niatur x ad y, deprcflior, quam n ad 05 vc fiant 

i J f ad «> & X ad jy, propiores xqualicaci lo^ari- 

j chmic», quam vc in ratione g ad i, vel i ad S. 

103. h. I DataquedifFercntia /, m: datisquoque ratio- 

.| nibus p, ad f , r ad j, ^ ad », * ad j, inuenian- 

. • tur 
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turearumdem tennim p, ^, r, s, t, u, x,y, eafdemha- 
bentes rationes, & eamdem differentiam l, m, 
Fm p; K: ATj ^ 

rj K: K', 0, 

q: K: Ki < 

Si K: K} ♦. 

15 K: K'y ^. 

xi K: Ki K 

uyKt Ki i*. ■ ^ ■ 

Xy K: Ki t 
£trationis ^ad ^, logarithmuseAo ^. 
rationis fi ad », logarithmus f, 
rationis ^ ad M;logarithmus •>[. 
rationis ^ ad $> logarithmus et, 

Demmfir,£omtmm» 
fOP^ \ay^,c, d, funtbarmonic^dilpofic^. 
iS' ^' 1 1, m, n, 0, arithmetic^ di/pofitie. 

a, maior,qudm hi Semaior,qu2lm c, 
i, minor> qudm m: & minor, qu^m n. 
p> ?> A f^l r* s; t, tfy n, c\ x,yi bia£,&bina?nmt 
arithmetic^ difpofit9,anteccdentes minorcscon- 
I fequentibus. 
tief.s^h I V ; maior,qu£lm e, Sc ^^ maior,quam <p, 
I 4' maior,quim/^&/:maior,qu^m<>'. 
cGtifin I £j quoniam ^, ad i, maior eft logarithmicc, 
I quum vtratio z. ad ^, adrationem /S ad « ; rario 
"• 4' I autem ?. ad ^, ad rationem ^ ad t, loi^arithmicc 

maior 



hypcth, 
conpr. 
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p r q s . ■ , J: .X \ u j 

/ m ». . 

K 

4 h c d 

vr e 9 4 ^ « 

g i ^ 

ti. h. I maior eft , qusim vc ad rationem 4 ad ^ & ratio 

I ^ ad <r, ad ratione a ad ^,cft logaritmic^, vt :t ad 

15- 5* I r; ergo^ ad / eftmaior) qudm vt ^ ad e. Simt- 

liter oftendecur ^ ad i, maior,qu^m ^ ad f : 8s 

maior,qu4m 4 Sidfi Sc o&aior>quam/ad «. 

cot0r. Deinde quoniam p ad q, vd ;: ad <r ratio eft 

/Hp. altior,qu^m / ad myV^laadh; 6c(uac a, 9, 

bypotb. I 4, h harmonic^ difpofita^^&eft «> maior^qu^ 

7.;. I h: opoctecx> & «^roaiores eflc^quam 4, ^. fie- 

I nim eflent xquales 3 eflec racio ^ ad <r, aKjuealtjL» 

' ! rationi a ad k fi vero cftec c^ minor> quim 4; 

(/^.15 ib I ideoque& <r, minor,qu^m ^j eflec racio ^ ad /, 

88. h. I dcpreflior, quam 4 ad ^ contra aduqiptum . Si- 

: militer oftendecur, quod a, maior eft,qudm /SySit 

\ b, quam * : icem 61 , maior, quilm c^ & ft > quam 

l^: & c, quam ^; & </,quam ^* 

Suppojuio faffa prima, 

Efto f ad^ maior,quam a ad « fi poccft. 



D(' 




.1 



'« m 
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' f»P' I «J^J mmor, qudiA £y •* . ' ^ j 

1^5 • ^; , I quanciraces, numerofafque hab^nc ei^ raciones ; 88 

■ 1 propofcionaks ficucqui<km cormini ^ ferie har^ 

•li^fr^r|iiioni(^haturaHdbVnicace:'qaortttt)Yationis fi ad 

j ( , losarithmus eft ^"^ < & Mtionis-fl ^ V, , loga- 

. /<>p-I;oi jlthmtiseft^. £ft auCitttfddlrt^ o^ j^i^aiki^leior, 

qudm t ad «: Hc «9 ad « , altior, qu^^ 9l^V^ : & 

eft ^, maior, quam •$ ideoque ^ d, maior, 

qudm «<. Ergo /0 ad-d.,fliaioreft,quam ^ ad ^. 

, 2r^j$ad ^, mak>re(^,qudm aiiic.c<tntrf^.>f. 

Er^otsdfi nod maioref^, qudm <radr. Quod.Sd^. 

. Sitppiffaif. xv ' ; 
Efto tf ad y^ minor yqudm i id v/, fi poceft . 

Otm>nJir,%, 
fr£far. j /j ^h-^j in h} d, 

{Hfi \mi ei iitinor>qudm^j i. 



9P.fc 
13. ji 






' » « > . 



^ »: minor, qu^m i^ h. 

»> *: roinor,quam rj^^^j K - 

Vv 



Vj 61: 



£5. b. 



5j$ E.L E, M E N T V M 

ij. 5. I TT • 01 : minor ,,quaQ[i ^; 4* 

Sunc autem^^> ^, ?, harmonicibdilpofit», 
numcroras rati(K)e$,habeDOS$ i §e prppovtionales, 
Hcdt ^uiijdi^ ternoin^ ^ ^rie barcnoiiica liacurali 
ab vnitate : quof atii iiationis c ad. <^, Jogarichiniis 
eil ^; S: ratioflis; > ad €>.log^nchiiit;s eft •: & 
eft iX ^ : /f')r^io altion ^ (^ihm ^i&dJfi ficut f ad 
^) ajcior, » guafH.' / j^df^/ je / ad:w akior>qu^iii/ 
n sdo, vel r ad ^; ^^ <: ad :<4 akkkr» qudm a ad 
S /icWfli 4d (?) 9hior>qulkn:;r ad:>: eigo cad 
ia akior eft^qu^in ^ ad €: :$ceft!ty maior^qosbn 
^ > ^!^* noifii^r, qudfo S: Ergo t ad «* maior 
eft,<]ii^^(^ i, Rr^ ^Mi miaoref^qu^ 

> e su^L noft fniiioreft>Quam> ad di Qnod &c. 



/>1P 



»3- '5- 



Qoare Uq, 






i^l •!! I II ■ 



n i !■ 



■»*v 



QVatoot •arithmecici^ . d^ipofitai^fn qaantirataiii > fi 
prima ad vlttmim^^^cicvtiinQAerusad namerum: 
crit prim^e ad/fic^^^m toiiupticata ratio , quotus 
cft homoIogusprindacymaiQryqii^tercis^t^dquartam ro- 
tuplicata ratio> quotus,(^ihomologus quarta; . qu6d (i k^ 
cunda ad tertiamfueritvtnumerusadnumecum: ericpri- 
mx ad iecundam totupliicara ratio>quotusefi hoipokigus 
fecund^, minor,qaam tertig ad qu^rcam totupHcacaiquo- 



tus eft homologus certJK . 



L'\ J 



^ 



Siuito qaatdOF-arithnierK^dUpoGcie qiiadotat^ Ay 3^^ 
D. 6te(h)9yda!onrut|iiin>vebvtnmi<|tiei(koriin^, vi4e- 
:: il ad Z), vt oumerus ^^^adnmnentai tkSc !^ ad C> 
Vt numeru^ h) ad fiunemtn .r. « 

Dico rationeoiuJ.ad ^totu^'cafcaiiiyqttotnseft 4> vofi^ 
ibremeflemtioiie C adD toti^licata ,.quotus ek d: 8c 
faxiQtiem Jad Srtocuplicataoiyqoocuseft^^^.mioorem^ 
i-atioiie >C: adD totnplicata, quotus cft c» . 

' '' ) ■• Sumatur rationalis ui St ptt quantitotes dcno- 
I mioetur artthmetic^ difpofltas, vt fiant fra«^ione$ 
iS-h. \ u(A)y.u(^),u(C)y u(D).t harmonic^dilponr^ 
> I Sitque nationis .<l ad.3 hx^ithmus e : & ratio- 
I nis C ad D, logarithmUs/^ ' 
'' Denwnfirifk . , ; < . . 

' Quantitatum A, 9, C, . D, vel dast taDtumfextrbmx Ay 
V, erunt vtnumeri; vel duztantiim aiedia: ?, C: vel bince 
cantiim extremac^intticem A, D-y. & miediae iouicem 9, C: 
vel trcs inaicem inot vt nunierL 



dcf.^Jb. 



■ Sumnctses 
fumantur tkcG 
Ay 'By C: quod fi Ay nrinor cflt^ quam 2; etiam C; 



*'/^* ' minor eft>qudm Z^ & g minor,qiiam k & pcr 

I homologiam, eft defcdus gy hy id, /| vt dcfcutus 

. ' 1 1<4> ^ysd C» addaturdc^us gy h) num^ro i, & 

,9*f' [GMisumemsL erit crgo compQDjendo vr / ad /, 

• . Vv a ita 



w ' 



• 1 



'iip. 



leo* b, 



d.-^i 
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4ef.s.h, I ica O ad C. Si venik>^/inaiorcft,quiai 9: pro- 

(tOA C, tnaior cft^ qu^iC^-i),,Td qii^ni A 

u^ ^i &L per hoBidlogiam^iicttcC» m^tdr eft^quain 

i^-A>3, ita iV tnaioreft|qii£lm^.^^. : Aufcratur 

I itaque^— ^, ab i numero; 6^.retinquatnr /: & 

{ erir^ diiii^ttido^ <7 ad^O, Vr. /i>adi/^ 

I ' Qaare ■ ^y. % C^ D fuht. pi-oportioiMles inui- 

I cem } vt nnmeri>/,ir> iyliSi ndmerj £y h^iik 

t funt acithmetic^ '^fpofiti : quomm ratio gM^ 

j totup]icara>quotu5eft ;^, maioreft,quam rado > 

I ad /' cotuplicata, quotus eft /: &rati6 g^hiQ- 

tuph'cataxquotusdft-i>,niiQor,quim ratio i ad / 

totup]icata,iquotuseft/. Sed g ad ^ totuplicata- 

r^iio , quotus eft gy ad .camdem totaplicatam.», 

I quotuseft a, eftiogarithmic^, vt g ad a: & i ad 

J / cotuplicata , quo^us cft /, eft logarichmice ad 

I eamdcm totnplicatam,'.quotus eft </j vt / ad i^ 

Btquoniam^ ad / eft vt\^ ad DiSt-A:zd D,vt 

azd di ergo g ad /, eft vc a ad.i^fitperaiatai»- 

do ^ ad 4, vc / ad d» Ergo rado.^ ad h totupU- 

caca^ qnotuseft Ig, ad eamdem i)ot^catam,quo> 

tus eft a, eft vt i ad/ toraplicata,.qubtus eft /, 

adeamdem totupticatam j qaotuls eft d, Ergofi 

^ ad ^ tocuplicata, quotus eft^,-altioreft>qu3bD 

I i ad /totaplicata,quotuseft /, ettam^ ad h to- 

I tuplicata,quotus eft ii,altioreft»!qdU9 i ad / co- 

I cupUcata , quotuseft d i (\ deprefsior^' deprefsior. 

crgo 



iy.4. 



18.4. 






100.^. |ergofiaie/'id[/>.totuplicacajqij^tii!i^fl;>^^ tna- 
~ ior e(}> qiKiod V «1 1/ totuplieata, iquotus eft ijiiue 
fint /.dd:^V)dC V ad / rationes noaioris iosequali- 
tatiSjfiue^nttninorisambje: erit&^ ad h totu- 
plicata> quofius eft 4[, maior,qpdm iiad / totupli> 
cata, quotus eft ^- Et cft / ad ^> eadem > qua:: ^ 
ad ?; 6i / ad /, eadem^qu^ C 4d Zi^* ergo ^ ad 
9 totuplicata rati6,qu0tus eCb 4> -mafor eil,quim 
C ad !D totuplicata^quotuscili. Quod&c. 
Similiprorus demonflratione oilendetur'> quod rario 
A ad 'B totuplicata,quotuseil ^> minorefli^quim C ad 
P tdtuplicata> quotus eil c Qjiod &c. 

OeMmjhr,!, 
■■■'■ Sunto vel duo cantilm extremi ^> D, vt numeri j vel 
duo tantum Biedij C, Pj vclbini>8abiQi A, D, 2i ?>C5 
BOnaUteiSitreSaaatqQiatuor.profe^dveleil quantitas A, 
-mitibr) <p^m S^ velimaior: ii rurilim quantitas ^> minor> 
quim C, Yclmaior. 

Eilo A^ minor ,quim T, & niinor, quam C. 
•14. k- I «(/i)>X^),«(C), /«(D), iuntharmoniccdiipofiti. 
i»»!ri l«<J^i:inaior,'qu^mX2). '■: - 
' «<y^); maior , qu^m «<C), : j < ; ' 

N(i^); «(9): aItiOry6cniaior,qu^t^ «(Q> ''(^)* 
m(^)} »(7); logaritbmus e. 

I «(C)5 «CZ>); logarithmus/; 

i^.i3jb|«(C);roaior,qutlm »(£>). - 'i 

«.5. \fK^yKD)imwtor,qiikmu(A)iu(C), 

u(A); 



II. h. 

88. i». 

78. b. 






104. ^^ 

t %• ih 

91. jff. 

fr£par, 
2o.h. 






« ^ 4 
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104; /;. I u(A)i'f4C); noa tninor, qltloi Q / • ; 
r, '/; non miiior^ quam «(3); KP}* 
«(»)j u(D)i maior, (Juam <»)} XQ. 
«(^); «(Z>); maior,qu^m €if. [.'. 
r, fi maior,;quam m(9)j »^0), .> r 

<ii); m(D): X>5 c^; d^ 4. 

I «<»); i<C): C; 2: q ^. : . • . 
<^ A- maior,q(iam fj/ ... , : 
f ; /: maior> qu^m c ; ^. 
«J^ maiory quim ae, 
fb: maior> quam/^. ; . 

Ecquoniam f, logarithmus eft ratioais C «I 
2>; ergo dff logarichmuseft rarionis C ad Z> to- 
cap]ioata?>quotuseft d, item quobi^m ^>;logari- 
rhmasefltationis A ad S;,ergo nr, logarithmus 
eftrationis Aad 'S totup]icatar,qiiotusQft a, Si- 
militeryc> logarithmus e{ltaitioniS CsdD cooi- 
plicatx, quocuseft c: & ^^^ logarithmus> rario- 
nis il ad 3 totupKcata;> quotus eft ^. Sicuc er- 
go ntt minor eft> qq^m dfi Q(: depreifior ^ft «^ 
ad ? totuplicat;^quotuseft 4, quaifi C adD to- 
cuplicata,quotMS(^4C jEem^iicut <f, maioi eft, 
I ^m fci Ck AndJS tpcopijcata>quQttts<efti,^ 
1 cioreft,quam C ad Z> cocuplicaca> q(|QCus ^ft c, 
hypoth. j Suntautem ^ ad 2, &.C ad Z), minoris inf qua- 
def.t.& I litatis rationes , quarum dq>rcifior altiore maior 
* "^ • I cft . ; ErgO ^f ad S totufjicata, quoius cft d^ nia« 

ior 



81. h. 



i»f, sJf» 
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ioReft> qtiibn C ad Z> totuplicata» quotus e(l ^: Qi A ad 
9 tocuplicata>qiiocuseft ^, mioor,qudm C zdD totu- 
plicaca > quotus eft <• Quoddic. 

£fto ^ minorjquslm 9, & maior,quam C. 

Ei^o C> />) v^, 7, fuot quatuor quantitates ari> 

thmetic^ difpont^j quarum Cj minor,quam D> 

/ap. : I Sc minor» qudm A, Ec ratio C ad D cotuplicata^ 

I quotuseftf> maioF eft^qu^m A odS totuplicata, 

j quotuseft L SiC ad D totup]icata>quotusefti, 

minor, qu^m Azd 3 totuplicata, quotus eft a, 

Quod &c. 

Demonflr, 4. 

I Efto Ji maior,qu2to 9> & minor, quam C. 

Ergo % A, 'D, C, (iiDt quatnor quantitates ari- 

tbmeuc^ di/ix}fira?, quarum S minor,quam Ay 

& minor» quam D, ideoque Sad A totuplicata 

racio>quotuseft^> matorcft>quiim D ad C tocu« 

j plicata, quotus eft r: & ^sd A totuplicata,quo- 

I tus eft 4, minor, qudm D ad C totuplfcata) quo- 

i',h i tus eft d, Ergo coouertendo> c^ad S cotupli- 

j cata> quotus eft b, mioor eit, qu^m C ad D to- 

J tuplicata > quotus cfkc: 61 A ad 2 totuplicata.^ 

I quotus eft 4, maior> quam C ad D totupiicata./> 

I quotuseft d» Quod &c. 

Demfftftr.^, 
Efto A maior> quiim ?> & maior> qnam C. Ergo D, 

c,v> 
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I C, "Bi Ai Tunt qaantitaces ^ntbmetic^^diipofitae, 

def.'i.h.\ quaruin.i> mtnor^iqMm C,>fisitii0Or.yqqdafii3. 

fup. ' quarum rario D ad C totuplici^a -, '^iiQft(<s.eft d, 

niaioreft,quiim *B zd A totuplicata > quotus eft 

, 4: & D ^ad C totuplicata^quotuseftr, miDor> 

.2«i' I qu^m 3 ad ^ totupIicaca,quotuse(l bi Ergo 

. Qonucrtendo» C ad rotuplicata » quotus eft ^ 

• minoreft^quam AzdS totupJicata y quotus eft 

4:152 C ad'Z> cotupJicaca> quotu^cft^^jQt^or, qu^m 

' j c^ ad 9 totuplicata ,'^u6tus eft k - Quod &c 
, QuarcSec- : ^ 



iftti 



Tht(fr»9i. Brop. loS, 

Sl fuerint quatuor «qbantitatcs arithmetiee 'difpofits, &e 
primaminor fecunda^fueHnt autcm & d(k>: numeri 
, prior ad pofteriorcm>minor, quilm vtprinia quantitas ad 
quartam: crit ptim^ ad iccundam totuplicata ratio , quo^ 
tus eft prior numcrus, maior, quam certis ad quartam to- 
tuplicata, quotus cfc pofterior * ' 

Hypdth, 

Sint quatuOr quantitatcs anthmetfce difpofitae, A, % 
C, D: & fit A) minor, qu^m ?: idcoquc ctiam C, minor, 
quam D: S>t(\tt nuraerus ad numcrum^ minor, qu£^m 
vtAzdD. I 

Dico Azd^ totuplicatam, quotus tit e, maiorem ef 
fc,quam C ad D totuplicar3,quotuscfty^ 



Pr^ 
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-•> • t'^ l^ DenotQkiMuf », per^ntitates aiithqietfce 
.Ij^^. ?' ^rpQ^taS' ^ ^yCy A vt iiaiit'fradioQes har- 
::j '. \ 'mQnid^di^ikae^, M(«^y «(3), i»(C)> .»(/).).. £c 
•\ ■ y «TfD.rationrs «(^) adi»(2)y-lpgarithnius^; 32 ra- 
] tionis «(C) ad m(D)> logarithmus h» 

/- .;| V6l;«(jd[)9 maiot e|t]^ qdbi »(C)f vel minon. 
ii^.tsfa^ Si:M(;/^j maidi-efr^qii^ «(C): etiam «(?), ma- 
88. h, ior efr, qu^m u(py, & m(^) ad «(:?), ratio c(t al- 
deff.^. ^tior,.3&iDaior,qudm«(C) adM(Z^).;Ergo g ad.^ 
Z04. i^' I non maior e{t> qu^m vc u{A) ad «(C). 
) «(ii)j »(C): Cj ii. 

C: roaior, qu^m A, 

£^ k npn maior, quam CyA. 

D; Ai mator>qu^m C^ A. 

^j hf minonqu4m D\A*., t 

f\ e: maior> qusim T^ >1 

^; i^: minor, qu^ fi^' 

£ei minoryqudm fh. 
~£ft autem £ k^arichmus racioals u(A) ad 

uCS) yWdS zi Ai ideoqoe £e , logarithmus cft 

rationis 3 ad A totuplicatse , quocus eft e. itctn 

/b/logarithonisefl racionis D ad C totupiicat^, 

quotns eft f, Ei^o ficut ge, minor cft , quara /fc; 

Ifictocuplicataratio S ad w^quotuscft ^,deprei- 
rtorcft^qu^m cotuplicata D ad C, quotus eft/ 

Xx &cft 



xa. k 

ij. y. 

8. 5* 

xj. 5. 

a. }. 

pi. ft» 

XX. h. 

io,'h. 

Suh, 



*'i 
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bypeth. I &:eft 9> maior^qttaoi A, ScD maior> quim C: 
def.p^A ergotQtuplici^Tatio 3 ad:<4> qmtbs e^ e, mi- 

ndr eft^-qulm totuplkftca Xt ail.C9..<qti6tns j^J, 

6£.c69aertendQ ]( totupKcata itfbi&%>^i^tus eft 

g, maimv qiisim totUplicata C:ptD/tfu>iuse&f, 

Quod&c • :; ^ « . . . 

Si «(^, miD0reft>qu^mM(C):eti3m tf(3},mi> 

noreft> qicUo u(D)i 6ceftfatjiDi i»(IC>'ad f(Z>),al- 

tior>qu^m i»(w<4)'ad 0(?):i&eft w(C), mak>rytti- 

libet «(D), &i(^), 

^;^: noQ(ninor,qu^miv(C)$ «(ii). : : 

«(Qj nfrf): u4j C. 

^5 ^: non minor, quam ^j C. 

(v/j C: maior, qu^m.^iZ>. 

A^ D: maiorjquam ffj ,^ 

^j ^: maior^qtid^i r( y^ 

hfi maior , quim cg, ; .: . . , - / . 

/«p. Totup]ic;^a .<f ad ?> qttotuseft 0, matior , quam 
I totuplicata C ad D, quotnsdil/ Quod.&c. 
Quare &c. 



104. i). 

IX. h. 
13.5. 

8. 5. 
bypotb. 
13.5. 
5>i. A>. 



^ «i^MMaH*M»4«»-^ 



.«««irfMMi 



»«i*M^«flto 



ii«» 



Theor, $^. Pr(^ i^y, ,.. 

St fuerinc quatuor quantitates arithiiKtic^ difpoficari 
& prima» maior, quam iecuodi : ftieriot^autem Qc. duo 
numeri>prior ad poftenorem maior,qudm vtprima quao- 
titas ad quartam : erit primx ad fecuodam totuplicata ra- 
tio>quotus Qf\ pnor numerus>maior> ^udin tcrti^ ad quar- 

tam- 
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tkm tiKDpEcaita^iqudtuseftpottcrior . 

SioC qiiatudrquantkitcs A,^,C, D, arithmctice di- 
rpofitis: & fit A, tnaior, qujbi »; ideoquc etiam C, ma- 
iQr>qu^ Pi Sii(aemm^sidmuoemnfi maiorjqu^m 

stAadD. ..-'■■ ' , 

Dico \^ ad ? toruplicatam ,quon]$ clt e, maiorem^ 

cffc,qu2lm C ad Z) tptuplicata,quotuscfty; 

. - .DetMttflf'* .. 

IStmc «mm quatnor quantiutcs arithmcdce 
difpoikx D, C, », i<: 8c eft 2> minor^qu^m C: 
fie/ad f, minor eft,quim vtDsdi^. ergo Z> 
ad C totupHcata.ratio, quotuseft^ maior eft, 
qokn iS ad ^ totoplicata, quotus eft ^* EtcQn- 
uertendo, CvidD totoplicata , quotus cft^ mf- 
1 410T, quibn A ad ?:totuphcata, quotus eft r. 
I Quod^c. 
Quare dcc. 



' > 
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Perilliifti &Excelfcnti&. D.ki. DoiViinico Caflino 

AfttonomoD.S. PctrDsMengoIiis S.D, 

■ )■ - ,".:;.. 

i Vm<jiumi.mihifititcredi>,Vit £xeellaiujs.€im 
I publumdaamliril«iidu^meri>!i nec cmnim 
I fthcUrilus aredetidimf»ai: fimmnlua fe 
; mefiiteerplmimiim frcfecijfe i nfBtimeit tif 
HmuMofBnuituu^mitri.TiirimifftfHjaf, 
^pctes , taisinmtmultishucaf^fiifitis yhn-iU^ i^ium 
■ fvelim : frauit ,Ji ^a^Junc, emendesfritrmm : inijs^ fM ma. 
lifofhifim, coiffiliciidiuiiai incttmsimihi dufbfv intelh- 
cium, ^uod nn frdjicsfaciliits, retexam tnreuiter huiufct 
oferisnarrationem : i^uam eum legeris , frafafiortemtfte adle- 
Borem fercurreris-^flmimaquidemcmfmfrdtereundo tneelli' 
gere ; faueisavri di^ilioriius leSis attentiiu , demonjkaiisp 
fofiis de toto 'Zioluminejentehtiamferre , 

Ante mnosduodecim,ticcafionecmi^diim friAlematis mA» 
fropofti d T)./o. AntonioTiocea^SfsienJi.defyura imilinea de- 
JcrAeada, ifu fecaretctliffirn in'duoliusfunBisinnumeralilei 
eiulmodi pffirasexcogitt^iiijiuuMm per Geometriam indim- 
fiUhum quadraiam , adhilriitiTamfn frius hcc Ummaie . 

Lem- 
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Lemma, 

DataitdaIinea>diuifapriiiiilmbifariam)deiode non^ 
bifariam in duobus punAis> vtrimque'^ medio pun<%o 
jt^ualitcr diftantibus : a(fignati(que vnius eiufdem gradus 
poteftatibus abfciflarumjnecnon al'us ^iB(<iem gradus po^ 
teftatibus renduarum; inuenire cui fit aequale aggregatum 
ex duobus produ<^is iynonymis,rub poteftatibus abfcifla- 
ru aflignatis , per ruarum aifignatas poteftates itfiduarum • 

£ft autem boc lemma affine iHi, quod recitK Bonauea** 
tura Cauallerius b. m. praccCptor mcus ez lo. Beugrand: 
quod idcirco in expoHtione placet imitari . 



• • •<»* ' 



• • ■ ; ■ 
Sit rcdU ii^ jliuira biiariam in T» &non bifariamin 

pun.ais C,», arqualitcrhincinde^ T diftantibus. Opor- 
tetinuenire>cuiittxqualeaggregatum prodQ<^jrum fy- 
Donymoruin fyb pqrcftatibus fiartium inaequalium A^By 
31^ ^4CiCl{. Vt autem breuiori viaid obtincamus, 
iproccdemUsper Algebram Sp<5cioram , partcs ATi T2^ 
vocantcs t; & partes ST, TC, vocantes a* Erunt ergo 
AVj Cl^ f— 4: & erunt AC, 'B]{yt-+a, Aifignatis itaque 
primispoteftatibus-abiciiTaruni ^, ACy liccnon primis 
refiduarum. S^ C^j VQtens inuenirc cui aqueiur fum- 
ma produdorum fub primis potelhtibus ABJ!{j ACR^ 
ftatim ducendo t-^a^ per t-^-a nroduco voum : ^ ducci> 

do 
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do r-v4 per r---4,pro(iucoaItcruiD,qaon]miuinma^. ta 

Extmfliu» frimum in Vni^imis. 



AB: P— <• 
9Ri t^s 



m^ 



A^B^ fa— <ia 



AO, t H- a 
C^: r— « 



I 



tz—az 



; A^I^-i-ACI^ iti"-2ai 

Vnde fequicur aggregatum produdorum (iib priinis 
poteiftatibus A^SK.yACl^ fqualecflbyduf^lat (ecundx po- 
teftaci ATy demptadupia (ecunda TC, 

Quod (i aflignatis (^eundis poteftacibus abrciflaramj 
A^By ^C, 32primisre(idaarum^^, CJ^ Telim fcirc cui 
xquetur fumma produt^orum fab poteftatibus fecuodi 
A^By & priina 2^, & fub ^cunda ifC 88 prima CJ^ eP 

' Hngo fecuodam poceftatcm a radicc ^-^, qu4m ducoiti« 
primam tH-45 vt fiat vnus produdus : itcm eflRngo &cuq' 

' d«im r-+<i, quam duco in primam t—ai vt fiat aJter pro- 
duv3:us: quorum/ummam inucnio irj — 2Mt. 



£X€W' 



J 



Exemphmji. h Pprimis . 
2^: r-+ii 



. • «« 












«c 



> -• • - 



tl -Hf24-+M2 , • . 
— r24- -2M2— rfj . 

f/^tZit— M2 TKlj _ 



p •• • '^ . • - - ^ 



^2i^^C^: 2/3— 2M2. 

Vnde manifeftum eft aggregatutn produdorum fub 
poteftatibus, fccunJa ^» 6« prima »:»^: 8« (ub ^^- 
cunda t^C & prima, C^ «<i"*^^ effe -duplaepotc- 
ftati tcrtiar ATy derapto duplo produao Tub prima^ 

^, & fecunda TC. 

Similitcr in cuiushbct appellationis proportionalibus 

progrcdiendo , conicquemur opwtuoj : vc cxemplis fi^ 

bie(Si$ liquidd apporet,. 



.•■ • ♦ 



Bxem' 



.»• 






♦ • 



» • . f • 



' J *'" 



£^empim^»in Trifritmr. 
H. f34— 3rz<<2-^:5W3— ^ 



MiMMMM 






^ w ». ■ .1 



•/4C: r5-+3ri<i-+3W2-+ifi3 



-^l a-^l ti <»2— 3 W3 —44 

• • • * 

'ACJ(^. f4-+2f3*-2M3--a4 • 
(. -■ 14— 2f3<i-^2W3— <i4 



' £xemplttm ^, in^ificHndis , 

' u4!5: f2 — 2r4-frfa 
22^: . f2-+2f<H-42 . . ^ 



r4— 2f34-tf242 

-+2f34 — ^xai-^tta^ 

-^tiai — 2f43-+44. 



■««■ 
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Similitcr ACl^ t^-^^tiAZ-^a^ 
ABl^ACK^ 2f4— 4«i<i» H- 144. 



^mm^mm m ■■ ■ ■■ 



m^^mm» 



ExempUtm 5. in Suadrifrimis, 
jgBx r4— 413 4-i-6^tt4i— 4^43 H-Af 



■JVM^ 



^ {5~^44-<-<;t34£— 4^243 -i-f44 

-»• 144—4(5 ax-*-6t2a} — -4f44--f 4 j 



*BaMHPiBaM«N«i 



^^^: /5— 5t44H-ar342-*.aa43— 3M4-f4j 

^C; l4~i-4/34Tfdi242-^4M3H44 



/5 -1.4/ 44-»- tff 3 41 -♦ 4f 245 -fM4 
- -/44—4/5 42 — 5f 245 —4/44 — 45 



IWf 



iiCi^; <5-^3f44-H2f542— 2/245— 3^44—45 

«5- -5f44-Ht342H-2f243 — 5f44-t45 



»«■■■*»• I 



^^iHC^:"* 2/5-^413 4»— <fW4. 
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Sxmplim 6* in TriJecunMs 

H-rj^a — 3r2«3-*3W4— 45 



•flataHMMWMP» ^MMMB^B^^B^^^^fc^fci"^ 



'^2^: f 5--f44— 2f 3<ia-n«a<<3 -I-W4— 4|. 



'!■ 



'^C: f3-*3n<n- 3 41-^43 
CK : ra— 2^4-^42 

«5 -+3r44-<.3f342-tt243 

--*2f44 — 5^342 — ^r243— *2ftf4 

-+r342H-3 r243 -» 3 ^44-4-45. 



)*MMII 



r5H-f44— 2^342— •2r243>-*-r44H«45 
r5— r44 — 2^342-^2^243 -+^44 — 45 



IMHi«W4 



^^^t^-^^C^J^: 2^5— 4r342-+ar44. 

Similiter in ^intiprimis» 

<A^:^AC3{^: artf-«.i or44a-rAora<»4— 24^. 
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Jn Tritertff, 

M Sextiprimis. 
jtBR-^ACHn 2^7*+ 1 8*^ 42—1 of 3 a^ i otaS. 

h ^mntificmdis, 

ASR-i^ACR: 2r7-t2f5«i2— ioi344-+8m(^. 

ip^uMtertijs» 

ASR-+ACR: itj^^-St^ax^^tia^ztae, 

h Septimiprimis . 
ASR-^ACRi itS-*^St6Az—29tiaS — 2^8. 

/n Sextificundis, 
A!BR-+ACli^ 2tS -+ 8f<J42— 3of444-«- itiaS-t-iaS, 

' h ^uimitertt/s, 
ASI^ACRi 2f8 — 4f^42H-4f2<«5— '»48. 

In ^uadriau^tis, 

ASR-+ACRi 2t8— 8f 542 -* I if 444— 8f 245-f 248. 

In OBauifrimis, 
AlBR-^ACR: 2fp-^4or742H-2 8f 544— 5 5^3 4<>.- 14^48. 

In Septimificundis, 

ABR-^ACK^ 2fp-n 5^742—2 8f544-nof<i8. 

In Sextitert^s, 
ABR-*ACR: 2fp— 1 2f 5 44-+ 1 5f 3 a6^6ta8, 

In ^uintiquartis, 
AjBR-fACR: 2fp— 8^742 h- i 2^5 44— 8f 3 45-t af48. 

Yy 2 In 
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MR-^ACJs} arto -f 5 4^8*2 -* 84^44— 84^44^ 

54^148-- 24IO. 
^ OiiamficmuHs . 
MR-^ACRi af I o -^ atffS^a — a8«tf44~ 28^4^-^ 

2tfr248-»14IO. 

J^ Sej^hnitert^s • 

il^i^H^c^i^: 2n o -► 5r 84» — • » 8<tf44 -+ % St^a6 — 

<?r248>~-24IO. 

M Sextiftartis ^ 
ABR-^i^yiCRi ni o— df84a -»-if«J44-^4f44tf^— tftwS 

-►><no, 

^ . ' . . . "■ 

h ^mnti^jmntif* 

i^l^^^2{j 2«o— -loiS^^H-^ 01^44 — - 2 01445 

-+IOr2^ 241 o, 

TrMoJhia, 

Inparanelogrammoduda diametro, regulabafi; oii>> 
ncs fcxcuplx VQipiimae fiib criangulis>{uiic a?qualesoav 
nibus fecundispoceftatibusparallelogrammi . 

£t omncs duodecuplx biprimse, omnibus cerci js pote- 
ftatibusparallelogrammt . 

Etomncsao^xcriprime: nccnonomnes ^oplae bt; 

iecund?>omnibu$ qaartis poceftacibus . 

Et 
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£t omnes 5 oplac quadriprinig ; necnon otnnes 6op\x 
tnCeoindx^ omnibusquintis poteftatibus . 

£t omnes 42pl9 quintiprim^: item omnes i o 5 pl^ qua- 
ilrlCccundz: 8t omnes i^oplas triccrtis 5 omnibus ^fextis 
poteftatibus . 

£c omnes 5 Splx fextiprim£:item omnes i sSpl^ quin- 
tifecunda^: iccm omnes 2 Sopla? quadriccrtisj omnibus/e- 
ptimis poteftat bus . 

Et omncs yiplx feptimiprmx : icem omnes 2 5 iplx 

fexrifecundce: necnon omnes 5 o^plx quincitercias:^ om- 

nes ^i oplx quadriquarta^i omnibus odiauis poceHiacibus. 

^comnes 9opl90<^auipriaia?:&omnes s^opl^efep- 

timifecunde : & omnes S^opla; fexticercix ; & omnes 

116 opla? quinciquanae $ omnibus nonis poteftatibus . 

£t omnes 1 1 opla? noniprima;; & omnes 4p 5 p\x oda- 
uiiecundae;& omnes ij^oplae feprimitertia? : &omnes 
231 cplx fexriquarc^: &omnes ly^ipla; quinriqaintar; 
omnibus dccimis potcftaribus. 

£t Gc deinceps in infioicum iuxta numeros tabulf qua> 
dracricum^ vcl quadracurarurn,c6cinuat9 quacuni oporccr. 

Meth, 'Demonjhr, 

Afiiois ef)' ha?c propofitiojtrtbus propoftcionibuS) quas 
loco cicaco referc Cauallerius ex eodem Beugrand Exerc, 
^ frop, i$y 26 y^ 27: Eademque illarum mechodo 
demonflrabicur> ex Lemmace prxcedenri. Porro fa> 
tis puto ad of kntionem eiuldem mcrhodi > ex decem pro« 
poruis , tria cantum demonilrare . 
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Eftoparallebgramtnuni ^> ctiiusdiametor CIXS- 
uidaturque CD bifariamin £i ducanturque per E, tcdtx 
FGy IHy parallelogrammi AB iateribusparaUdf :ducaa- 
turque hmc-iude ab £ diftantes quantmnlibet/ed aN]ua- 
]iter,&intraquadfatum,duxA: LMJJ^ 6e OP^J^ 

Dico fub triangulis ACDy SCD, omnes £atuplas 
vniprimas, xquales efle » omnilMis iecundis poteftaobus 
parallelogrammi A3> 

Dmmfir.p, ^ 

Quoniam aggregamm ex vniprimis KMJ^» OPl^ eft 
a^quale duplde f ecund; poteftati KL, demptadupiafecun- 
dapoteftate LM: & K^ dudaeftvtcunque . Ergoex 
omnibus vniprimis > fub trapezio AF£C,&L(uh trian' 
gulo CSGy&cex omnibus,rubtrianguIo EFDy Qtfub- 
trapczio £D^G, aggrcgaturojquodcftomnes vnipri' 

ma; 
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mz iubcriangulis ACDy 'BCB: eft xquale otnnibus du- 
plis fecundis poteftacibus parallelogratnmi A E, dempris 
omnibus duplis fecundis poceftacibus crianguli, /£Q ideft 
omnibus (implis fecundis poceftacibus parallelogrammi 
A Hy dempcis omnibus fecundis poteftacibus , vtrorumq; 
triangulorutn lEC^ DEH, 

Sed qualium trianguli lE C omnes (ecund^ poteftates, 
iunt vnitas: calium parallelogrammi AE, flinc 5. Ideoqj 
qualium omnes fccundise poceftaces triangulorum lECy 
DEffy fiinc 2: taliumomnes fecundie poteftates paralle- 
logrammi AHy{\XTit6, Ecomnesvniprimaerubtriangu* 
lis ACDy SCD, runtvtrorumqued]fterentia,nempe4: 
&cmnes/excuplsvniprimx,rubtriangulis ACD, SCD, 
func 24. Icem qualium omnes fecund^ poceftates AH, 
flinc 61 caliumomnes fecundse poteftates^^, iunt 24. 
£rgo omnes fextuplx vniprim9,rub criangulis ACDy^BCD, 
func ^quaks, omnibus fecundis poceftatibus A^B. 
Quod&c. 

Dico fub criangulis ACD, 'BCD, ornnes duodecuplas 
biprimas, squales efte^omnibus tercijs poteftatibus paral- 
lelogrammi A3. 

Demonjlr.z, 
Quoniam aggregacum ex biprirais KMN* OP2{j eft 
zquale duplse tertix poteftati KL, dempta dupla vnile- 
cunda KL/U (ideft, dempto duplo produ(^o fub potcfta- 
tibus, prima KL, & fccunda LM) . Oftendctur fimiliter 
\t fupra, quod omncs bipriraaj fub triangulis ACD, 'BCD, 

funt 
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funt d?quale$ omnibus tertijs poteftatibas paraflclogfam^ 
mi AHy demptis omnibus vniiecundis fub poteftatibus 
primis eiufdem AFJ^ & fub fecundis vtrorumque trian« 
gulorum lECyDEB» 

Qualium autcm omnes fccundse poteftates trianguli 
lECy funtvnitasitalium omnes fecundae poteftates pa* 
rallelogrammi fiint 5 : ideoquc qualium omnes vnifecun- 
dx Tub parallelogrammo AEy &fiib triangulo /£C> iiiQt 
itint vnitas.' talium omnes tertixpoteftates parallelogram 
mi AE^ funt 5 . & qualium omnes vnifccundx fub pa- 
rallclogrammo zAHy & fub vtrifque triangulis JE T, 
DEH^ funti: talium omnes tcrtia; poteftatcs c//i^, funt 
d:&omncsbiprim2BrubtrianguIis ACD,^CD} funtvtro- 
rumque diflrercntia> nempe 4: & omne$ duodecuplf bipri- 
mz fubrriangulis cx/C£>, 2C2>, fun^^S. item qualium^ 
omnes terti^ poteftatcs ^y^ff, funt^ 6: talium omnes ter- 

ti« 
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ti« poteftates i^> iunt 48. Ergo onmes duodecuplx bi- 
prini2> fubtriongulis ACDy ^CVy funtasquales omnibus 
terti/s poteftatibus AB, Quod &c. 

DicoAib triahgulis; w^CD, ^0, omnes d^oplas triie- 
cundas, axjuales efle , omnibus quintis potefbtibus paral- 
lelogranmii M, 

Demonfir, 3. 

Quoniam aggregatum ex trifecundis K M^» OPT^ 
eft aequale dupl je quinta* potcftari KLy dempta quadru- 
pla trif ecunda KLMy addica dupla vniquarta KLM, often- 
detiir . filpiltter vt fuprsi quod omoes crirecuodap fnbltrian- 
gulis ACV% ^CQy funt^qualesoamibusquintts potefta- 
tibus parallelogrammi. 4ffi (tempcis omoibus duplts triie« 
cundis,(ubpoteftatibtis<erti^'o^^ &lub(ecundis vcro- 
rumq^ttiaQguIorum lECy D^ffy addicis omnibus vni- 
quartis fubpoteftaribus primis AHt Sciub quart» vtro- 
rumque triangulorum ikCyDEff* 
. Qualium aotem omnes feGiiodiE.poteftates triaoguli 
lECy funt 5: taliumomnesiecuodaspoteftatesparallelO' 
grammi AEy fuot 15. ideoquequaliumomoestrifecun- 
dae (ub teru/s poccftacibus paralleiogrammi AEy & fub fe^ 
cundistrianguli /^C>funt 5: taliumomnesquintspote- 
ftatesparaUcIogrammi AEy runt 15: acque calium omncs 
dupk trifecuodae fub AEy & f^b lECy fonc i o: atquo 
difterentia vtrarumquey eft 5. 

Rurrum , qu;^iuai pmocs qoartx poceftaces triaoguli 
lEC^ fuot 5; tatiua? 9mn$squart« poiciftaies AEy fuoG 

Zz 15. 
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1 5 » ideoqne qiudium omnes vmquart^ > fub pritnis , AEf 
SlqoMtts lEC pote(btibus,nitit 5: tdliafnongnesquinta? 
poteftates ^> fiint 1 5. (ed taliom oftenfie fiiiit omoes 
^intac AS, demptis onmibus duplii tri(ecundis> (iib A£y 
Scfub /^C,efle 5: ergoadditisomnibnsyQiqtiards» fiib 
ji^ & fiibyi^C» dint 8. 

Sedqualium omnesquinta; AE, (imt r 5 : talium bmnes 
qutnta: AH funt 3 o: & omnesqnrritd? ^^ dcmptisom- 
nibus duplis trifecundjs» fuS Af/, 8e fub vtrifque /£Cy 
DEHy additifque omnibusvfliquartis,rub AHf^ & Aib 
vtrifquc lECy DEHy funt 1 tf j ncmpe omnes trif^cunda», 
ifubtriangulis ACD, 'BCD, fuot 16: & omnes d^oplte tri* 
ifecundse fub ij(c{em,^u>t p<^o. jl(qualitfm onmes qnintj? 
poteftates ]^^> funt 3 o: talium omnes qufmat potefta- 
les A!By funt 9^0, Ergo omnes tfopte trffecund^yfub 
triangiilis ACD, ^CD, funt aMjUJiIcs > omhibus qumtis 
poteibtibusparaMogrammi ^i Q(iO(l6(c.«.C^iare&c» 
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f^s denmfiratis tCt>ghal>4mfipo(lent olUquAdratttM inae- 
niri ex imutuis covrtfofhet inauas injtgms ali^u4 refilutuuri 
atHmaJmodim in ma/^thiforaUiam Arthimedcs refilmt. St 
Mf/imprintiondeomniimfyms, in ftdms ordinau adhaftm* 
finl omms fosef^» alfiiffinemtfrima^fiasndo» tertia > ^ de- 
eneepsininfmwmi <peds.ex demonfiratis d CaitaUerio loco ci* 
uHotdeprdiendehamefiinfiricharmomcanatwraii ah limitatet 
aaramftefitmmamdemeosfirauiexerefhreininfaitum,inpr.e' _ 
fmoneadmemn ImUam* cmtktdus > ^oua ^oadrMura Ari' 
d9metica>fiit.eU^dditioneFraShrum, 
- Deinde teniaui »fift^t in «vnamcolligifitmmamfi^ur^e, in 
ambus ordinat^ adbefim, fitnt ahfiijfe prim^ , (^ prcduBi fi*b 
■primis alfiifiist^ refiduarttm pofefietihus omnifariam > idefly 
alfiijpe prima* <imiprima » <xmificmede> *zmitertia, <vniftart^, 
^ncepsin.infotitumi^tas eolli^tmdxfitccefsitfaiiciter,^ 
tefteAes inaenire pandlelefnmma,cmas ad eamdem hefmt ordi' 
natoyfimt omnes totie} ^potefifacile coHigi ex fifprd demon- 
firaiis»^ex.ij,p,fieit,j^jukir» 

/temfipofientcotlij^fynra, incp^us ordinat^ ad htfimfitm 
eifcifpefecu»d*y^pro^UEiifuhMfafiisficttncUs,^ refidua- 
rwn potefimihtttomn^ariam > idefi=> ahfciffefiatnda , hiprirme, 
hificmtddJmertueJhi^nart^y^ deinceps init^nitumi epeae etiam 
eaiUiertmihifitccefsit *^xcptaiesinttenire- ttrangulo , emttsor- 
eiinauefitmvmnefohfirffe. n^tpatet exfitpra demanfiratis >^ 

§x9f,i*TtiotK^nadr., 

£it^eneraiimimtenifigMam>hufaaordi»atafimtomnespo- 

teflktetahfiiffiimm, ^ deiatepe omai^f^as, in fahus ordi- 

Z z 1 nau 
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nM^pmtfroduBiefiih ijfdemfoteflauhm abfcijptri^m, ^fA rr- 
fduarumpotejiatihus ommfariam ,fmula^£re£ataf^ual€s ef^ 
fifigt^^7 incpM ordinat^yfimomnes poteftdtet atfijfimm er^ 
dinis froxime infrioris • Ferhi gratia y omnis alfiffas tertias > 
mddilis omnihus triprimispomnibus trifiamdis \ mnilmstrker^ 
tijs j aHjfque amnihus tri^ioiis} ejje sequales > omnihtis dfitfiisfe^ 
tundis. AemomnesahfeiJJksfMrtasyadditisomnihus ifuadri^ 
primis>4mmihusquadrificundis , ammhus /juadritertifs ^ mnni^ 
hus quadrifMrtis^al^Jfic ofnmkts ^juadri^uotis^ejp aquales am^ 
nihus ahfiifiis tertijs > cjued itageneroBterfvt enunciatum efi, 
exfitprademonflrdtis? ^ex 5; 5» ^ou.Quadit. poteft mani-^ 
feftari. -» ? 

JpfaminterimaccefiionemfqudmGeomettije /ndiuifinlium 
feceramypr^teriui z^erituseorumaudforitatem, quifa^m pu^ 
tantJuppofitumyomnesreBasfi£ur^planyein&ntM> ipfam effe 
ffforamplanamznanfii^hanc ficpsenspa^Mr^ifidillam ipsafi 
nonprorjus indidnam deuitans : tenrandi animo y fipo^m de^ 
mum eamdem indimjHlium methodum , aut(diam aquiiMlen^ 
tem nouis > ^ induh^s prorfiss conftituere fundamentis t 

Medoanicis deinde ac AJiificis hucu/fue imperfeBis occupa- 
tus lucidfrationihusy in eas4fuandof§en;eni demohfhandaru cm- 
€ti^i(mumm£uftias>^peromnifariamh^nefflra 
fiorum ifidigerem argumentorum . ipM pritMis tradita fcriptis 
delitefieham> non imukafiUtmifid ^ ita perperam pa/aa > njt 
quafifiecialia LemmatatpMrumdam madmnatmn > nan ncWif^ 
tem ad aliud . jinimaduerteham etiam meswnpoJlJi maltum in 
Mechanicts profcere xftas liheraUttr profipnr ^ntfi exnjherirre 

Geth^ 
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Ceimeiria,(ftamifixhmiJfKiiiEmlide,'Ap<iUi>mo, alijfifie 
fojltriorilms tradita effet , 

9fuperrimc hoc anno,Atim.3{,P.FrStephanus eU Angelis k-- 
Jttatttis ,meits c9ntiiJiipulus,tiei^ui0iitiimPr<eceptoris nojhri 
GeometriaommumoptimemerJittu.,eftiusintelleHt4scopiam,(^ 
ftlicitaiem,nuntpiajn Jaiis ame Cffmeitdari,poJJe werhis exiJH* 
mo,mittchat adini lHxlkmfiuvn UiMftiiiis Paraiolis ^c, le- 
genduDf : cuius.ex eruditime miraliilifmelior, (^ mtgittorf»- 
Eitts Geometrai maximumhocetnoiumentumpercepi:n4prate- 
ritajfudia reuerterenturtnmentem;ordinerr^ue, inurpittrade,- 
incept inuenta ,poJiularent , ^illudtandemmihi,opinor ,JiK- 
cejsijfe f*liciter , tjuod tiuotiecimftnte annosdefderaueram :ijs 
etiam, ^iht*sdeuirKior.,.'^echanic9rum fittdiorum ohligatio- 
ttilius eportunum..Jufef iputtiKtsopiniene, Vir EttceUentifsime, 
hifce lucuhrationilmiferlfBitK^ tjnatems opartuerit adcor- 
reBionem.not!tiis :.t»ainfraoaamPHxeingtia,pofidii ^ ex- 
peHofintentiam, Vale. 
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TitimUFmnQfn, 

» • 

faut, foj^ 

FOjih. FOaar* FOj^* 

FOmi . FOa^t, FOum.. FOii . 

FOia/^ FOu^$r, FO^fi. FOj^$* FQjr^ 
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' « • « . > • 

POm, • ■ ,•'■•■ 

FOm. FOjt, 

FO.dn, FO,^vr, FOn.. 

FO,*l. FO*$axn FO.$arz. FOjr$. 

FoJii, FO.^tr-' FO^aui^ FO.^S* ^O^A 



Tabula ^uadrauirarum . 

FOjt, 

FO.za, FO.ir. '' 

FO.$a%. F0.6ar. FO.$ri'. 

FO,^ai. FO.i^a^r. FO.t^ar^. FO.^l* 

FO.^a^, FO,ioa$r, FO.^oairi. F0,2oar$, FO.y\' 
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GEOMETRIiE SPECIOSiE 

ELEMENTVM SEXTVM, 
T>EF m iTiorc ES. 




' SliimaturiRCerIinea$,viM qmdifan quantc- 
titas j qux, Ritionalis, dicetur . 

i Et exponatur quxdam leda linea > rationali 
arqualis; qua dicetuf , Tota : 
;. Sitquedatapofitlone;qu£dicetur,6aiiK, 

4. EiufqncalcennBexcremorufflpnai^otiun^dicetttr, 
Finisabfciflarum. 

5. Altetan),Finisrefi«faarnm. 

tf. Etabvnoquoqnepunao inbafifumpTOjrtqBead 
fincmabrciflarum, quatenus ipfa bafis exCeoiittciir , qoantif^ 
tasdiceturAbfcifla. 

7. Ideoque tota dicetur etiam, Maxima ablcilEinnn. 

8. Icem ab VRtquoqucpunSo inbafilompt&jvfque 
adfinem reliduarum, quatenusbalis rxcendiiur,quantitas 
dtcctur ReCdiii. 

9. Ueo- 
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- 9 , Ideoque cota dicetur etiam^ M^imi ididaarum. 
I o. Super baO defcribatur quadratum: & ab vno quo- 
libec puD(5):o in bati fumpto, reda ducatur» v^ue ad oppo* 
fhum latus, rcliquislateribus quadraci parallela : quas dice- 
tur> Ordtnata^iB quadrato . 

1 1 . Qax ciim fit xqualis rationali^ Sl tot^ diceturila^ 
tionalis , & Tota> & Maxima abrcKTai um > & Maxima re- 
fiduarum . . . ' . 

1 2. Ec quadratiim, per fuas ordinatasezcenfum ,dt- 
cetur, Forma omncs rationales , & Forma omnes totx,Sc 
{ignificabiturcharadteribus/^O.M> 6e/^0.r. . 

I $ . Imm6 quoniam tota eft ^equalis rationali , & reli^ 
qux omnes poteftates totg, funt inter fc,& rationali a?qu^ 
les: ordinata in quadrato dicetur etiam > Tota fecunda^, 
Tota tercia, Toca quarca , d^deinceps. 

1 4. £c quadr^um, di.cetur,Forma omnes totae fccuo- 
6x, Formaomnestota! tertia^, Formaomnescocx quartf 
aptifque (ignificabicur charaderjbus> FO,ti, FO,ts> 
FO.t^, &licdcinceps. 

1 5 . A fine abfciflarum dut^a diamecer quadraci , £icic 
femiquadratum triangulum : cuius ab vnoquolibec pun- 
^o in bafi fumpco reda ducatur, vfque ad prasdidam dia* 
metrum , alteri lateri paraliela > qux dicetur > Ordinata ia> 
triangulo . 

1 6. Qqx cum fit squalis abfcil&, dicetur> Abfcifla. 

17. Iprumquc tnangulum per fuas ordinatas ezcen- 
fum, dicetur, Fornia omnes abfcifT^. & fignificabitur cha- 
TSL^erCy FO.a. 18. Si- 
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1.8. SimiKcer 4 fine reGduaruoi dada diatneter qua-< 

draQyfadcremiquadratuaicrianguluai; cuius vnaqu^libec. 

ordi()aca«cumficasqaaIiirefidux>dicecur Rcfidua. 
19« Ecperordinacas refiduasexcenfiiin crianguluit^j 

^ecur»Formaomaes Fefidus. & fignificabicur chara- 

^o. Si fuper bafi concipiacur figura exccnfa nonnifi 
perordinacasJn quadraco^Tcdinqua, vnaqu^elibec ordi- 
naca» eft abfi:ifla fecunda > dicetur, Forma omnes abfciflje 
iccundx* &tignificabitDr charadere FOuti, 

21. Icem,inqua>vnaquaEybecordioaca,eftvniprinuuy 
dicecur> Forma oomes vniprimx* 6c fignificabicur cha- 
xadere, FO,ar. 

11. £cinqua,voaquae1ibecordinata,eftrefidua(ecun- 
da,dfcemr Forma omnes refidu^ fi^cundse « ^ fignifica- 
biturcharai^re, FOjri* 

2,3. Ec generaliccr, fiiiiperbafi concipiacurfigura,e}E- 
tenfa non nifi pcr ordinacas in quadraco: & in qua^vnaquc- 
)ibecordinaca>eftaflumptaqua!dam in cabula proportio- 
fiaIium:dicetur,Formaomnes tales proporrionalcs. apto- 
que^nificabitur charadere. vtForma omnes abfcifl^ 
tertia?, FO.tf 3 : Formaomnesbiprim^, F0.42r: Forma^ 
omnesvnifix:unda?, FOjtrii Forma onmes refidux cer* 
riai, FOj^. &ficdeinceps. 

14. Itaqueadinftartabulx proportionalium., & fpe- 
cienim , aha tabula ordinabitur formarum , qu£ dicetur, 
Formofa. 

Aaa 25. Quod 
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- 25. Quodfivnaqu^tibctordinata mfdrms> cft':a^ 
rumpca quaedam fn tabuta nomtnum : dicecur, t^orma oai- 
nes totupla; tales propottionafes > apto^ue %nificabitur 
charadere. vt, R>rma omnesdupla? V4iiprtmj&> FO.^m, 
Forma otnnes tripia* bipritiia^, F(3.}«2n Farmaomncs 
triplarvnifecundat, FO.iarz^ &ncdcinceps.. 

1 6. Idcoqae ad inftar tabula? nomimim, StiubquaJra- 
iricum, alia tabula ordinabituT><}it^cficetur> Tabola fab- 
quadraturarum • 

1 7. In qua digcftas ^rmas > <iicentur> Subquadraairas. 
1 9. Item ad inftar tabula? qitadratricum > aha tabula 

Dfdtnabttur>quaedicetur> TabutaCluadraturaruiQ . 
a p. In qua digcfts formar, dicentur> Quadratura^ 

50. Denique(ivnaqu2eItbtordfnata,infbnna)eftaC- 
fumpta? proportionalis multipla, vel iubmultipla > vd qmiI* 
t\^\x fubmultipla: dicecur, Forma omnes totnpls^ cales 
]>roportionaTcs > vel (iibtotupla?, vet too^Iarum nibrotu- 
j^l-e . aptifque fignificabitur chara<^ribu$ . vt Fonna ofB- 
Hes quintupla? bitcrtiae', FO,^Airiz ^¥oimz omoesbi- 
prim^fiibtripls, FO,Air(^i): &F6rmaomnes qoadruplar 
triquartiefubfepmlie, FO,^a^r^(j), &ficddacef8* 

51. Sibafis diui(a <ueri> ihparccs ^equalesjKiui^apque 
fuerintperextremaSimedia diuifionum punda parallelx 
ordinata? in formaj & fuper partibusbafis a^uakbus, mtcr 
paraltelas cotnpteta fucrint paraltetogramma maxima in- 
tra formam iacenria tfigura ex paraQelogrammis compo- 
tit3,dicetur,Infcripta forma:. 

^2*QuO(l 
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31. QuodficomplecafaerintpaRiUeiogranitna mini- 
va» ^srnwi inctudemia: %ura ex paraUel ogrammis co(n-< 
pefic^t^ceturjCkcMifcripta fonnx, 

. 33. F%tira.veioeTtoE paridlelogramoiis, qiiQtlunc 
er^iflat$perp<w^diuirionuili,82 ad iplas ordjnatasia< 
centibus C0B^)<^ua, dicctur, Adferiptafbrme. 

34. Specio&,6tFofm«ratat>uliscongruentibus,M3(^ 
fx, &ForiGs, quarum in vtnfqpe liint e^emappeUatio- 
nes , Se ijdem charai^eres, dicentur inuicem Homonym;. 

3 5 . Item Homonymarum xqucmultipliccs, diccntur 
Homonyma:. 

3 6. Ideoqueetiam in duabus rubquadratricum,& fub- 
quadraMraiunr, autquadrkricuai , 8t quadraturarum u- 
bulis>MafliE, 8{Fonmr,dicenturHomonyni^ 



Aaa 1 Thtd. 
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The(fr,i.*Trop*i. 

TAbuk {otmofx pritnf lateris, in tcrtia, quarta > & re> 
liquis deinceps fortnis , in fingulisoixlinatje , pro 
fnaioribus abfciffis, funt n)a!ores^& p^omaxioia abfcii&> 
tum, eft ma^dma, & ipfi bafi acquatis : item vltimi lateris m 
&>rmis, pro maioribusrefiduis, fiintmaiores^ &pro cna^ 
xima lefiduarum^ eft maxima^ & ipfi bafi arqualis. 

JEfypcth^ 




£fto bafis .(^: in qua &is ab{aflarum>^i fiois refidiu^ 
rQm> R, &fintabrcifi^> AS minor> AC maior> .'^msb» 
xima$&refidua?> K^ minor> A^B maior> i^ maxima: & 
efto in primo latere tabuls fbrmofa!> tcrtia FOjn^ & iiu 
vlQmo>tertia FOjti, 

Dico in FO;42>ordinatampcr C> maTorem efleoixif' 
oataper S.^&per i?> maximam efle ordinatarum> Se gqu»> 
!em ipfi c/^ 

Item in Far2> ordinatamper Ify maioremefle ordi> 
nata per C: 3c per ^> maximam efle jordinatanun^i & 
«qualemipfii^» 

Demmftr. 

IBafis ^> ad ordinaeam per ^S'^ dupITcataiiu 
habeerationemeni^qi^mikbctad ^.*&ador> 
, . dinatampcr C^ dupbcaum eiut^ QukDhabet ad 
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ACi St ad ordinacam per ^ duplicatam asquali- 

tatis,qu^mhabetad AR, Sed JRA ^ AS, ma* 

ioreft,qaam vt ad AC: Sc ad ACy maior> qudnt 

4* I* I vt aequalis ad AJ(. Ergo ad ordinatam per. 9,ma<* 

ioreft>qudmvtad ordibatamper C: & ad ordi-- 

natamp^r Cy maior,quim vtad ordinatam per 

R, Ergo ordinat!! per 9> miaoreft» quici} qua: 

per C: &vtralibet per S, fiiper C> minor,qi&ai 

quse per J^ 6: ordinata per R, [dSt maxima;ad 

qu^m RA duplicatam habet rationem xqualita- 

ti% nempeeamdcm habetxqaalitatis rationejiLr: 

ergo per R ordinata,eft ipH ./jt2(^£qualis. Q^ 8(c 

Simili prorfiis dcmonftratione Q^endetur, qu6d ia^ 

FO»r2i ordinata per 3, maioreft,quimquatper C: S£ 

vtratibccper 2^ & per Cy minor, qoaUD qua; per Ai Sc 

pervlordinatacftmazim^dcipli^ii s^ialis* Q09&C. 
Quare &c. 



IM 



Thm» 2. Prop» i. 

IN nngatfsfbrmo(ietabulc,nonpriroi>nec vkimt late- 
ris formis, ordioatarum aiazima > mlnor eft, qu^m to- 
ta:Stracitab(ci(Iaiii, Sc refiduam , proportionales, vt nu- 
mert , ^ qoibus ipfa fbrma denominatur : refiquarum ver6 
ez vtralibct partc^propior mazim^ remotiore maior eft. 



^ 



^74 



ELEMEKTVM 







C l> ^ 
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Eftobafis <L^Bi m qu^ fiaisabfcii&iiuB) yj; fiais re/i- 
duarutn jR: S&eAointaJbuIa^Dcmoi^noQifi primQ^ncc in 
tkimo tacere> &rai3 dmaes bitertiat, qo^m deQominanc 
numeri a, 5>. auiiy&charat^, FOa^xI. &diutdatur AK 
m % vtabfdfii^^) ad refidnam Sii^iit proponionafts^ 
ftcut 2 ad.5': fumantm-quealisabfcifls miiiotesjquamj 
^Ay nempe ZX^ C^ 8caliaercfid0£minore9>qifi^m 9i?, 
nempe £i^> /"A 

V>\Q,Q^ in FQ,A2riy ordioatatnper S miooremeflk^ 
qu^m ABi fifordroatarumctfemazimam: 88 ordinatanu 
per D, roaioreme(ifevqii^[mqiJ!£e per Ci&ordinajCampef 
£y maiorem, qu^m qua; per F. 

'Demonjir, 

6, f. l RatioaaIis%ad<itr5).rationemhabetcQmpo» 
defs.p» fitam ex ratiDAfbus>M ^ diyOi u ad ry. ideft 
compoiiramex^duplicaca uiadoi&ex triplkati 
H ad r. .Eftaniem ^i^ ad ilS, n».sdai&^A^ 
ad 9J^, n» ad n &addrdinatam per 9> cft vc 
u id axr^. Ergo JR. ad ordinatam per % ha- 
bet rationem compofitamez ratiooibus> dnplica- 
ra AR ad a:b, atque triplicata ARidB^.Scd 
AR ad ^9> & AR ad i^^, fuoc maioris inequa- 

litans 
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litatis rationes^quaetiini aiultfpIicata?>tiitiicompofita?j fa- 
ciuntmaiorisinxqualicatisranooeni. Qiiare ^^maior 
eft >^^of(li(UQzfcr Sr Qiiod^. 

Sitnili prorrusdcmondratione odendetur^quod 

orditiaca per Dad cx^y habet ratiofieiii com* 

pb(ttam ejpduplfcata AD ad ^^» &cx triplicatia. 

r- f' \ 'DR4i AR. Ergo ez asquaH , oiidinifta per 27 od 

I ordialtam per % rationeni habec compoficanL» 

I ex duplicata DA ad A% & ex triplicaca pR ad 

*f-J-T- j KB, Suntaatem DAy AB, »1^, RD^ quatuor 

aritlimericjb difpote» qiUrtmi fecunda AB ad 

M5' 5' f tertiani 9R eft vt 2 ad: ^. £rgo. di^Iicata ratio 

\DA ad ^? mitior eft^ qiKUiitiiplicata 1BR ad 

3> f . I ^. Habct autem (ecundapotcftas D^ad fecun* 

I dam \^ dupiicatamTationem eius«quim ha- 

' b&tDA^Mi &'teTtiapaKeftas ^R tid certiam 

Jlp trfplicatam SR ad J^ . Ergo" fecunda po- 

ceiias T>A ad fecundam AS minoreft> quamvc 

pi. 5. tcrtia pot)cftas 3R ad terciam i^tergoprodu- 

dttsrubfccundapoteftace ADy Ssfub tertia Dl^ 

minor eft produ«^o»fiib (ccunda ABy & fub tertia 

8. 5. |§?^* Sed produ(^siub fecundapotciftate cx^D, 

1 6eiubcerria D^zd produ^umfub fecanda A!Bt 

1 & iiib tertia 'RRy compotitam habec ex rationi- 

busfecundJ^pocelhcis AD ad fecundam ABy 6c 

tertise DB, adtertiam Si^: nempc compofiram^ 

-ex duplicata c^D ^ AB^ ic criplicata D^ad 
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^z nenpe eamdero qo^ai ordinata per Z> ad ordmatam 
pctS • ErgOfOrdioata per D, miooreftqdbi ordidataji 
per ?. Sin!iiliteiu>ftendetur,qu6d&ordinat£per ^, per 
C, per F, (ingulx funt minores>quamordinata'per 9. 
Ergo ordinata per S cft maxima. Quod &c. 

f Simili proriiis demonftratione oftendetor, qaod 

Iordinataper C adordinatamper !>, eft vtpro- 
du^usiub fecunda poteftatc AC, 6t fub terda» 
, C^, ad produdum fub fecunda AD, diCvb tertia 
J DR: & quod rationem habet compofitam ex ra- 
I tionibus,duplicata CA ad AV, & triplicata C^ 

^sdRD. Suntaocem DAy ACy Cj^» :^,quatuor 
arithmetic^ dilpofit^ quarum T>A maior eft» 
I qu^ AC} & funtduonumeri 2 ad 5, vt ^9 aJ 
j 9^> m^orem fdlicet radoncm habentes > qu^ 
107. 5. 1 <y4D ad Pi^ Eigo maior eft Z>^ ad ^C dupli- 
X, j. 1 cataditio>qu^m CR ad KD triplicAta:&^con- 
uerfb minor eft CA ad \AD duplicata > qu^nu 
DJ^ad ^ triplicatai&minoreft fecundapotc^ 
ftas CA ad fecuodam iJ/^> qu^mvtpoteftas ter- 
tia Z>i^ad tcrtiam ^: &miaoreftprodu<^usftib 
iecunda poteftate AC, & fub tertia CR^ qu^nL» 
rubrecoadapoteftace o^Z>> 62 fubcerda />2^: 6< 

minor 



j. p. 
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miaor cft ordinau per C, quim ordinata pcr Z). Simi- 
liter oftcndetur, qu6d ordmatapcr /*, minor eft,qu4m or- 
dinataper£. Quod&c. T 



Quare &c. 



1» 




ProkluIrofLS^ 

Otmx propofitae , in d^ta ba(i, pei^datum puo<^um» 
ordinatam inucnire • 



< » t 



j • 



»^ 



. » . s 



A 



^ I 



t t 






1*-^ 



* /. 



• \ 



< « < 



'^r^ 



;.J^ 



^ 



f» 



^ 



Efto propoHta FOAoairs, fupcr data bia(i AR, itL, 
quadatuinpuni^um.3., ... 
Oportet pcr ? ordipatam iAuchire . 

• Confr, . 

Data ^^ datifque ^, S2^, inueniatur re^f^a SC, ad 
quam AR, rationcm habct compofitam cx datis rationi- 
bus,-*^;?^^ ^y.duplicata, -45 ad^2(_triplicata,&exra- 
tionefubdccupla : &collocccur ^C perpendicularitcr ad 
AK. 

> 

Dico SC, dTc ordinatam per 2^, in FO, 1 04 2 r 5 . 

Bbb De- 



c 
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J ' 



K 







1 



r:i. •*4] • • ii;- 1 . •gp • •:; • %3'.i'.' ^ /: - -A.- "^t 
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Ratio iJi^ ad 3C| caniponitur ez rationibiis AK ad 
AB duplicata» c^R ad Si^ triplicata > 6i ex rubdecupla: 
fcd AR, eft iQ ^, cft i^ ^^ dk r: Ergo wi2? ad »C 
ratioycooiponiturexrationibus <» ad 4 duplicata> « ad r 
tripticata,8ccxfubdecupla: (ed ex ij(dem componitur » 
ad 1 042^5 ,:ergo.<li^ ad^eft^vf# -«idi i o^ir^: Sed AR 
eft »: ei^o 9C> eft loair^z ergo 9C d(t ordinataper ?> 
in/^C.iotfirj. Quod&c. 

Quarcajc;' .'• .•.(..-. . ' -J - ;• 
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SVper data bafi propofita? fbrm« primi vel vltimi late- 
ris, per datum mimcrum diui(a<n (]iSrtes'a(quaIes,tres 
figuras ex parallelogrammis defcribett, infcnptam , cir- 
cumrcnptani) &adrcripiam:& oftendere , <)u6d ktfaij^ 
&adrcr)pta(tiDC£ec|uaIes; &qa6d'ck'cUmrct>ipfa ^xtedic 
infcriptam quantitate re<^anguli fub maxima ordinatjT^^Sc 
liibvnaxqualiumbanspartiutn.'» ' • . ' 



' 
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ffjffcth^ 



m 




r i^ 
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Eftopropofitxfbrmas data bafis ^> diuiiam datas 
paites acquiics uJC, CD, Z2S> 
' -Oporiec dcrcnbereiflror^ptaiiiyaircunirai^^ 5l ad-> 
ic'rij>tacB.- ' • • i- rr: • •' ' 

"•■'•••- • Confr. ■ :>•'• :• 

/>. /^. I Aflumaturaltcnimextremonini A,S, nempe 
;. b, I 9, perquodordmataeft maifima: &imicniantur 
j ordinata; per data puo<^a C^ D, 3, te6tx CE, 
iDiFi ^: &complcantur paraUclogramma £P, 
F^yAEyCFyDG, 
-' Dico infcf iptain cflc ex DE, 'BF: circumrcriptam , ex 
AE, CFy 'DGx adfcriptam, ex AE, CF, vcl ex DE, ^Fi 
&adrcriptaminrcript£a*qualem efle:& circumfcriptam 
cxccdere infcriptam quaniitate redanguli DG, 



Bbb 



Vc 



i$Q nLWxf5ftt»tPU 



.^V,o'\'fW 



f, h. 



f. b, 




« t. 



ief.iib 



t Ordlnarafum per omnia ?Z> pun^a > maxima 
eft.pe&'2v CMi]ihKr{»r'2>:.ergopar2i]eIpgram- 
morumincer ordinjftaa p^£}>:& 7> mt^jpfiom 
poritalirfMiajiiia(XQtinm)!Oi^xiivuim.^ft sp/^; ^ 
indudentium fbrmam > minimum eft £>(7: czc$^ 
dic aucem /)C7j ipfiim.V^^i fpatio FG. Similiter 

|,'dl)endocur y parall^agraiximwil iAter otdipataf 
perC>6s Oyinfrapropoficam formam iacentium^ 
ma^imnm eflc D£;6£includcncfum formam^mi- 
nimum eife Cf : excedfc aucen?, Cf , 4prum OEy 
fpacio EF. itcmquoiiiam Cfi.j msxima eft or-> 
dinacarumper.(ymflia AC punda; per A ver6'nul> 
la efl ordinata ; ergo paridlek>gammorum>imer 
ordtnatamper d &eiusparallelamper itf> inclo^ 
dcqtium fbrmam, mininHim eft AE'y nullum ver6 
eft)intraf6rmam iacentium . Ergo infcripta e(t> 



ex 



i^,ilh] ^ My^F ^mporita:&c]'rcumrcripta,ex AEy 

IEF^JDG compofira:^.^xccdit circumfcripta in- 
fcnptafn rpatio cr Aiy EF} -FG parallelogram- 
narfs coinpofifd . Sed ex JE, ^EF, FG compo- 
^ fitumipatiumparallelogrammo Z)G eH a?qualc. 
crgo excedit circumfcripta infcriptara quantita- 
te ZX/. £t quoniam C£, DF, funt ordinatf per 
! ^ f r :|f .diiiifioomh>p^(fta|C?,1[> iqoibds tdtldem^diadent 
paralletogramma , vel AE, CF, vel . D£, 2(F< 
Ergo adfcripta cft ex Di;, »/^,,vcl ei AE, CF, 
{utstmn&n> AE^ CFf ipCis DEyBF.xquaMsiyCx 
quibnscompoottur ihfcripta. Ergo adfcriptacil 
|ae()ualisinfcrq>tae. Qux&c 
QuarB&c. 



ief.iih 
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'■ ■■ \ . PrM, 3. Pfop, f, 

SVperdatabanproppfira? formitnon primt oequc v!- 
_ ttmi lateris,per datum nomerum diuifa in partes ^qua- 
les; tres figuras ex parailelogrammisdefcribcre, in^ri- 
ptaro, ctrcumfcriptatii, &adfcriptam: Sc oftendere , quod 
rcfrqimfcrjpta excedic adfcriptam, quantitatc rcwtanguh 
.fub,tiuximaordinatarofn,&fub vnasqualfuti) bafis par« 
-tiomr&quod adlcripta exce^ic iq^criptaiii , ndomaiori 
-^oantitatc 

Efto propodta; forma^data bafis ^, diui/a in datas 
partes ajquaWs AC^ CDt D£, EF,F^: &efto y^,tinisab- 
fciilarum j& S, finis refiduarum. Opor- 



» 

I 



jS* 
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Oportet de(cnbere loicriptainydncaailcdlpeaiii) Bi 

adrcriptam. ' ' ' !> :; j 

Coitflr, . i , ) ; ;-. 

Affiisiantur numeri ifcoomiflaiites fdrmanb 

propofitam, (ecundum qnos diuidatur j£B in par- 

tesproporcionalesin G^ vc abfcifla AG, ad refi- 

duam GSf dc Ce habeat , ficut denominantiunL» 

%.b. numerorum prior ad pofteriorem . Conilat per 

3*b. ]g pundum t cflc maximam ordinatam . Inue- 

I niantur per C> D> £, G, F, ocdioatz Cff, DJ^ 

i EK, GL, FM', & efto MF, aiinoryquAm EK: 

I 8i compleantur parallelQgramma AH, CI, 'DK^ 

I ELF, MB, HD, lE^EM, KF, .. 

Dico infcripram QfkczHDy/E, EM. circum^ptam 

ex Af/, CJ,T>K, ELF, /1/2: adfcriptam cx AH, C/,DK, 

EM, vel ex fW, lE, KF, MfBi & circumfcriptan» cjc- 

cedereadfcriptam, quantitate rcAanguIi ELFi & ad/crt- 

ptani exccdere rnfcriptam non maiori^ qoim redanguli 

..^XFquantitate. 



Lk^ 



J 
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..i : Vtrimftr,. 

•^ k' 1 Qrc^Qatariiinperbinnia SlF pUQ^ maxima 
cikpcxft ouUaper S: ergointcr ordioaiam per 
/*> & parallelam per 9>niinimum parallelogram- 
morumincludentiumformam eft MS, ideoque 
ad circumfcriptam pcrtioensfigurafn: nullum ve- 
ro ^(luicra fbrmaro iaceodum. item ordinatarum 
perofloima £/^ :pun4fh maximaeftper G; Sepir 
F., minor,qu^mqaa»per £> eft mihima.- &intcr 
ordinatas £Ky FM minimum parallelogratnmo- 
rum includeatium . formam » eft ELFy ^ incra^ 
formam iacentium maximum EM-, ideo(|uc ad 
circMmfcriptam perttnet ELF', ad infcnptam ve« 
r6 EM^ Siiniliter.of^Qodetur, quod DK^ QI) AH 
pcrtiiReiitadctrcttmfcripcam; & HDy lE ad in^ 
fcriptam , Quare inicripta eft cx HDy lEy EMi 
&cifcumfcripta AHy C/, DK^ ELF^ MB, Ec 
quoniam CHy DJ, EKy FM funt ordinarae , cjui- 
bU3 agliaoenr paraUelc^ramma AHy CI,DK,EMy 
vd Ha^ IB^ KFyMBi maniftftum eftadlcn- 
ptamex AHy^CIy DK, EM, vel ex HD, lE, KF, 
M^B compofitam dte . Bxcedit autcm eircum- 
(cf ipta adfcriptam fpatijs, AH, HI, IK, & excel- 
fu ELFf fupra KF', vel fpati js KLM, MB: quas 
I vtralibet funtzqualiavni retStanguIo ELF .'Cxcc- 

Iditergo ciccumfcripca adlcriptam, quantitacc rc- 
CtanguIi£Z^. Adicriptavero exceditinfcrrpcam 

fpa- 
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rpatijs AhyHI^ IK'y vel {pztijsK^M^: quae ytralibet aoa 
fnaiorafunt re<fhngulo jELF: excedit ergoaHdfcdpt» io* 
rcriptam) ndn maionquantitate^qu^ (it ^l<fSQia^Sic, 

Quare&c. 



•••MMa«*MM«»MW^*H#«l^___^HMa«|HaMai*MMrt««i 



ProhL /^ Prop,6, 

INueoire oumerum , pcr quem prbpofiue' ibrma: data^ 
bafis diuidatur, vc circumlcripca > & mfcnpta fmt pro- 
pionesa^qualicati, qudm in data ratione ioiKqualicatis • 

ffjfpbtk 
, < fiftodatabafis 9> dataqueratio maioris: iOiequalitatis 

/ Oporcet nuraerum inuenire, per quctii cum diuifafue- 
>ric ?> 6i figursecircumfcriptadirinfcripta defcrfptdb fiie- 
rint> circumfcripta ad inrcriptam^mioor nt,qu^ vteadeL 

Conflr, 

I Aifiimatur quilibet numerus, per quem diui- 
5. h. I datur S: & iofcripta defaibatur figura £: &in- 
( u^niatur quantitas F^ ad quam E, maior eft> 
1. h, I qudm vc c ad e — d, Afligneturetiam, io ip(a9, 
, ^^.h, puntf^um.pcrquod ma^ima ordioatarum inuC' 
niacur <7: &ad (7 applicecurquantitasF> vtfiat 
I latitudo //: & fumatur ipiius h multiplex Ly ma- 
iorqudmdupla Ti &quotuplex eft L ad HyX.9' 
tus numerusefto Af. 
Dico Aiy ede nunierum , perquem , cumdiuiCa fuerit 
. ^'y &figtir2ecircumrcripta>&infcripta>ftierint defcripta;: 

cir- 



$»h. 



a. p. 



f,f. 



yb. 
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circumfcripta ad infcnpcatn mihor efli^quam vt c ad ^, 

Prapar, 
Qgotus cft M, tota parsipfius ? accfpiatur 
97'. & diuifabafi pernumerum ^, ntinfcripriu 
€gura S^ circumfcripta ^ adfcripta S, 

'Demonfir, 

Quoniam !B ad 9^$^ eft vt Af ad vniratem, vcl 

vt £/ ad ^ permutando S ad L, eft vc ^ ad 

/^ & a» ad Z^ vt aW ad ff. Sed 22?, minor 

.di,qfikm Li ergo ^^jTy minor eO-^quam H: er- 

go 26^97 re£);angulum,minus eft re<^angu!o C?^ 

ied retd:aagulum (?£^,eftxqualeip{i ipatio F: cr- 

go 2GN, minuseft,qu^m F, Eteft ^ ad iGfi^, 

ratio maior, qu^m £ id F. Sed £ zdF ratio> 

j maioreft,qudm f ad c — </: crgo £ ad aC72^ 

* ratio,maiorcft,qu^cadc — ^.Eftaucem Ry ma- 

ior,qu^m £:ergo;^ad 2(?^ ratio, maior eft, 

qu^ c^dc^- d. £ft autem R — S, gqualis ipH 

C7W: & »y— j$, Donmaioreft,quam 2(72^: er- 

go jR ad i^— ^ maior eft, quam c ad £ — d: 

ergo, per conuerfionem rationis , R ad ^ mi- 

noreii,qu£|m vt c ad </. Et^o M eil numerus 

per quem ^c. Quod 8tc. 

QBarcfio:, 



■* 



A 



Theor. 3 . Trop. 7. 

Dicripta; & forma^ funt quaii ^equales. 

Ccc De- 
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Demonfir^ 

Natn data qualibec insequalitatis ratione^ pof- 

funt inueniri , circumfcripta foniis , 3e inlcripta^ 

propiores9qualitati:efl:autem vtraltbet adrcripca> 

. & forma, minor , qu^ni circumfcripta» 8( maior, 

I quam infcripta: ergo poteft inueniri adfcripta ad 

formani propior fqualitati^quam in data qualibet 

inxqualitatis ratione . QjuaFd adfcripta, & fonna» 

) fiintquaiiasquales. 



6.h, 
$.h. 



mm 



immm^ 



Thtor, 4. Prof, 8. " 

ADfcripta cuiufque formse>ad formatti in vertice £or- 
mof£ tabi^ke,eft vtil radice numer6partiumbaiis« 
maiia homonyma> ad totam vnitate plusordiaata^qudm 
(it bafis tabula: fpeciofx^ ad quam peninecniafla . 

ffjfpod?. : 

I Sunto duae forma?, vna la verticc formofae 

defjiih, iFOm, quxcflqaadratum/JSjiaIteraF(?.iOi^r5> 

I iuper eadem bafi A2{: in quafinis abfc^iiruai ^i 

j finis refiduarum R, EteGto AR diuifa^n partes 

a?quales,mediacibus pfidis D^ByFtGiHifi per qua: 

ordijnatasfintsin altera forma^re^ DKfELtFMy 

G^y H0> IPi 81 inquadratojjftnt 2>^ ^R, FS, 

GTy HXy JT. &fint C^, Dl^ EAdyF^iGOy 

' HP paralIe!ogramma,exqu»bu6 compeairar ad- 
1 fcripta,qu«vocetUr S\ &i4$, Ojk, ESy JffT^ 
\ GX, HT^tB paralielogrammaa?qualia>inlqMl^d^ 

uiditur 
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tiidicDr quadratum AS, Afluiuatur edam tmaaiistx par- 
tium a^ualium ipfius Al^ ^^radice t, mafla OAoair^^ 
au£ ad quiotam bafim perciner ipecio^ tabul^: fumatur- 
^e ab eaaeni radice t^ tota iexta t6, 

Dit<y JS ad S, eile ytt€ 3id0.ioair$^k radice /. 

Defnonjk» 

Quomam «^i^ ad DK, ratiouera habet compontam> 
cx duplicata t^R ad AD, St ex triplicata AR ad RD, & 
cxfubdecnpia.: yidclicet pro abfcifla vnitate a, compoii- 
tamcx rx ad 42^ Scex t^ ad rs, & ex fubdecupb : ide(f> 

Ccc 2 camdcm. 
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camdem,qu^m r5 ad 1042^3, proabrcifTavnitate. (ed 
^^ad AKy eft vt i^R ad T>K: eigo ^^ ad AK^ eft vt 
(5 ad io42f3}proabrcifl[avnitate.Similiter 'D^ad DL, 
eft vt f5 ad 1 042^3 pro abfciftb binario : necnon Gmilitcr 
pTO reliquis abfciflis numeris. Sunt autemtot parallelo- 
gramma componentia afcriptam S, quot ordinatx per 
pun<^a DfEyfy Gyh, ly totidemque , quot ipfa punda^; 
& vnitate pauciores , quimnumerus partium ipfius AR^ 
nempe cotidem, quot func ciufdcm numcri t abfci(Iiones> 
Ss abfciftje. Ergo per homologiam, a;quemultipkcato 
vtrimque antecedentc per ty coHed^irqueconfequentibu^ 
quadratum c/^j ad adfcriptam ^, eft vt r,ad O.ioairi, 
Quod &c. 

Quarc &c. 



Theor.y Prop.p, 

I^ Orma omnes multiplx , ad formam omnes (implas 
' eaf dem proportionales, iliper eadem^ bafi iicentcai, 
ert «quemultipla . 

' ■ ' • - . ', /jfypoth, • f i . 

Efto A forma onine^ dupla:; i &6fto^ffbrnia broaes 
iimpl^ ededetn proportionales , fuper . communibafi ia- 
ccnies. 

Dico A ad^ duplam cfie . 

Dentonfir, 
I Diuifa enim communi baft , per quemlibet tiXh 
ief.io h I nr.cium)iDpartcsa?quales,ordioat^jperpundadf- 

uifio- 
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uifionutn ioii^, dupla? fiint &rdinatarum per ea> 

.dcni pundain 9> fingulseiingularumi&adiacen- 

;; tia paralidogramoiay qux ad^tiptas componunt> 

I di^la.fi]Dt fingula finguloruoi; St fimul omniaG* 

def.33b | mul omnium: & adfcripta J, adfcriptx Seftdu^ 

jlb. pla : fedadfcfipta ^ quafi eft ^ualis ad fuam for- 

31. ). mani ?; ergo adfcripta ^> quafi eftdupla for> 

' j*b; :. tnx "S: redforoia A quafi eft a^qualis adfcript^e 

I A: & iuot fbrma; A, ^, ^antitates determinac^. 

35.' j^ |Ergoc^ad9cftdupla.Quod&c. Quare&c. 



«te« 



o 
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Theor, 6. Propi i o. 

Mnes quadraturs fuper eadeai ba(i con(b'tut%,funt 
inter^squalcs, :< 

:. . .Denmfir, 
Nam adfcdpta cuiuslibet quidriiturse , ad for- 
mam in vecticeformofie tabulastacentem ,eft vc 
y quadracrixhomonyma,adtotamvnitate pIusor> 
'. dinatam>qudm in quabaii eft quadratrix in fiia ta> 
18. >' tboIa:fed quailratrix ad huiufmodi totam, quaG 
eft:squalis: tr^o adicripta quadraturae> ad for- 
mamin vertiee formoff iacentem,qt)afi eft gqua- 
^. j^ lis : fcd & ad fiiam quadraturam quaii eft xqualis: 
)3* 3* crgo quadratura adformam in verticeformofje 
iacentem) eft ^ualis. Quareomnes quadratu- 
ra?> cumeidem dctcrminatae formaefint £equa!es> 
inter fe funt asquales • 



'*M^« 



def.i9h 

p. h. 
10. b^ 
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Theok.y,Prop,iii 

IN vna quafquebafi tabuke rubquadracnraniin > fiibqtu^ 
draturx fuat aequales: 6c fimul omQes^ coaiponanc 
quaQCitaceoi formary in vercice hmoik tabulae iaceDCis. 

Demonfit^ 
Nam in vnaquaque bafi tabufae {iibquadratiH 
rarum^uadracurse func a^quemul ciplae. Sed aeqoa- 
les , i^x func tncer fe quadracurse : eigo acquaks 
ed aai nmc mcer (e fubquadraturx . 

Defnde in vnaquaquebafi cabuUe {ubquadra* 

I turarum , quotupla eft quad^acura vna wius , tot 

* I (unc fubquadratursratque totupla efl: fumma om- 

nium fiibquadracurarum, ad vnam caDtito « qoare 

fumma omnium fubquadratura^am » vni qubdri- 

lo. h, i\xx2t eft a*qualis .* fed . vDaquaelibet quadratura^ 

' ^qualis efl form^inverticc formofas cabulacia- 

centi . Quarc invnaquaque bafi iabula^ fubqua- 

draturarum , fumma omnium,a3qualis efl vniforo 

m^, in vertice formof^ tabute iacenti. 



•mm4h»' 
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Forro inTahida^in^mofaTinipfMsf^rmi^^ ^fuin 

efiJiolaadExcellefaifiiMimCii^sinum commernmu^ ex meo 
libello ^ouarufH ^adrdturatum altdmuint di§o ,<jua Ijh fro 
coronide recenfebo : aLdspnblicarida cum demonjkatione > JiDe* 
us otium, (^ ^lteriorcm fortmam cincejfera # 

Vftum demi*tilineisangutis »^ decattnibusfirmarumy^ 
de cin^ulorum quantitatibus 7 n^idehcet . 
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Secandx hafis fecuoda S£ penulciaia forma , e(l binaa- 

gula, cuius angulorum Haus redus duplus verH . tcrtis vc- 

tb, & quartg^ac reliqaarum deinceps omnium balium for- 

itias,pnma & vkima >(ccunda & penukima , (lint vnicor^ 

ncs, & vnangub? ;jqDaruiii iinus redus angulorum,ad ver- 

fum toauplus cd, quotus «ei^ ordo bafis : io tertia , tripliK; 

in quarta , quadniphis ; in quinta quintuptus, &ncdeiQ- 

ceps . reliquar demum forma? pmnes, funt bicornes . <^ 

jilterii decefUris^atutatumbi^artitum,cmus frimApars efi, 

Cuioique fomiaf in tabula foroiofa, rcdia linca pcr 

centrum grauitatis: ordinata , facit partes bafis reclproce 

proportionales,ahfciflam ad renduam^Hcuteius ordinum 

numeri in iiiaban ^ prima , & ab vltima . Exempli gratia. 

FoTmac in quarta bafi , iccundse trirukimac per centrum^ 

ordmata,facit pariesba(is,abfciiram adrefiduam propor- 

donales , vt 3 ad 2, ordo tr^ukimx ad ordinem fecunda:. 

Secunda pars efl, In voaquaque forma , linea ex ccn- 

tro grauitatis duda ordinat^ ad bafim , a bafi , & ccntro 

finita,dicetur ,Akitudo centralis. Itaque formarum in 

' tabula formofa, centrales akitudtnes habent reciprocanL* 

rationem compofitam ex rationibusnumerorum,qui qua- 

draturas ex formis producunt ; exdire^^aiacentiuminijf^ 

dem bafibus, & latenbus tabulx quadraturarum,& ex con- 

uerfa iacentiumin bafibus duplordinatis, & inlatenbus 

vnitate minus, qudm duplordmatis . Exempli gratia. Cen- 

tralis akitudo FO^a^i» forma? in fcxta bafi tcrtis quincul- 

tima?> ad ccntralem akitudiocm FO*a$ r6f foTtnx m nona 

bafi 
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bafi/eptitnx quartulciniz , rationem habec'compoficani 
ex racionibus oumerorutn jquadracuras producencium ex 
formis; ex ratione, inquam^i o 5 yteitij quinculnmi in iexta 
bafijad 84o,{epcimum quarcultimum in iionaba(i»&ex t^ 
tione 5 5 27 1 d, trededmi rcpdnciulnmi in decimot oStWi* 
biCt, ad (^4 5 5 , quincuoi nonultimum in duodecima bafi . 
Felditer, Altitudines centr^es formarum in tabuUf 
^ormofaiacentium» rationem habent compoiicam/um cs 
ratione earumdem formarum conuerra^tiim etiam ezdire* 
da aliarum in eadbn tabula in bafibus duplordinatis;!!; io 
bteribbs vnitate mintis quam duplorjinatts. Exempii 
. gratia. Ceotralis jdcicUdo,/'0.44>'2^ ad ccntraleai 
F0.a$r6y rationem habet compolitami ex 
rationibus, F0.45rtf, ad FO^^rz*yS£ , 
F0*4Br^t std FOagriz, 

V V 'V 

DEO GRATIAS. 
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